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ADVERTISEMENT 



TO THE SECOND EDITION 



The former edition of this little work was given to 
the public in the shape of Lectures, as delivered, in 
compliance with the regulations of the Chair which 
the author then occupied, and without any expecta- 
tion that its use would extend much beyond the circle 
of his immediate hearers. It has, however, found its 
way elsewhere ; and the author has been urged, by 
some of his fellow-labourers in other Universities, to 
reprint it. 

With this request he could not but comply ; and 
he trusts that the delay in acceding to it may be ex- 
cused to those who made it, by the desire of the 
author to render the work more deserving of their 
favourable estimation. 

In the present edition some account is given of 
the more important discoveries in Physical Optics, 
which have been made since the publication of the for- 
mer. In preparing these additions, the author has 
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VI ADVERTISEMENT. 

derived much aid from the B^pertoire d'Optique Mo- 
derm of the Abb6 Moigno, — a work which contains a 
full analysis, and critical discussion, of most of the 
recent researches in Optics. He has also to acknow- 
ledge his obligations to M. Moigno, for the favourable 
introduction of the former edition of the present work, 
in the pages of the " Eepertoire,'' to the notice of Con- 
tinental readers. 

The form of Lectures has been abandoned ; but 
the author fears that the style still retains more of the 
traces of the lecture-room than is consistent with a 
formal scientific treatise. His only aim has been to 
present, to those who were conversant with the ele- 
ments of Mathematics, a clear and connected view of 
his attractive subject ; and he has been compelled, by 
this limitation, to confine himself in many cases (as in 
all that relates to the Dynamics of Light) to a general 
account of methods, and of their results. Those who 
desire a more exact acquaintance with the science will, 
of course, study it in Sir John Herschers Essay on 
Lightj and in Mr. Airy's Tract on the Undulaiory 
Theory of Optics. 



Tetnitt College, Btjblin, 
March ISth, 1857. 
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THE WAVE-THEORY OF LIGHT. 



CHAPTER I. 

PROPAGATION OF LIGHT. 

(1) Natural bodies may be divided into two classes in 
relation to Light. Some possess, in themselves^ the power of 
exciting the sense of vision, and of producing the sensation of 
light ; while others are devoid of that property. Bodies of 
the former class are said to be luminous ; those of the latter, 
non-luminous. The Sun and the fixed stars are all luminous 
bodies ; terrestrial bodies are luminous, in the states of incan- 
descence ^ combustion^ ov phosphorescence. 

Non-luminous bodies acquire the power of exciting the 
sensation of light in the presence of a luminous body. Thus, 
a lamp or candle illuminates all the objects in a room, and 
renders them visible ; and the light of the Sun illuminates the 
Earth and the planets. This property of bodies is due to 
their capacity of reflecting light, and belongs to them in dif- 
ferent degrees. 

(2) The foregoing distinction of bodies, obvious as it seems, 
was not fully comprehended by the ancients. According to 
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them, vision was performed by something which emanated 
from the eye to the object ; and the sense of Sight was explained 
by the analogy of that of Touch. In this view, then, the sen- 
sation was represented as independent of the nature of the 
body seen ; and all objects should be visible, whether in the 
presence of a luminous body or not. This strange hypothe- 
sis held its ground for many centuries. The Arabian astro- 
nomer, Alhazen, who lived in the latter part of the eleventh 
century, seems to have been the first to refute it, and to prove 
that the rays which constituted vision came from the object 
to the eye. 

(3) The light of a luminous body emanates from it in all 
directions. Thus, the light of a lamp or candle is seen in all 
parts of a room, if nothing intervenes to intercept it ; and the 
light of the Sun illuminates the Earth, the Planets, and their 
satellites, in whatever position they may be placed respect- 
ing it. 

Each physical point of a luminous body is an independent 
source of light, and is called a luminotis point, 

(4) Non-luminous bodies are distinguished into two classes, 
according as they allow the light which falls upon them to pass 
freely through their substance, or intercept it. Bodies of the 
former kind are said to be transparent ; those of the latter, 
opaque. 

There are no bodies in nature actually corresponding to 
these extremes. The most transparent bodies, as air and water ^ 
intercept a sensible quantity of light, when of sufficient 
thickness ; and, on the other hand, the most opaque bodies, 
such as the metals^ allow a portion of light to pass through 
their substance, when reduced to laminae of exceeding tenuity. 

(5) In the same homogeneous medium, light is propagated 
in right linesy whether it emanates directly from luminous 
bodies, or is reflected from such as are non-luminous. 
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This is proved by the fact that when an opaque body is 
interposed in the right Kne connecting the eye and the lumi- 
nous source, the light of the latter is intercepted, and it ceases 
to be visible. The same thing is proved also by the shadows of 
bodies, which, when received upon plane surfaces perpendi- 
cular to the path of the light, are observed to be similar to the 
section of the body which produces them. 

This property of light was recognised by the ancients ; and 
by means of it the few optical laws which were known to 
them became capable of mathematical expression and reason- 
ing. Any one of these lines, proceeding from a luminous 
point, is called in optics a ray. 

(6) In a perfectly transparent medium, the intensity of 
the light proceeding from a luminous point varies inversely as 
the square of the distance. 

This is easily proved, if light be supposed to be a material 
emanation of any kind. For the intensity of the light, received 
upon any spherical surface whose centre is the luminous point, 
is as the quantity of the light directly, and inversely as the 
space over which it is diffused. But none of the light being lost, 
the quantity of light received upon any spherical surface is the 
same as that emitted, and is therefore constant ; and the space 
of diffusion, or the area of the spherical surface, is as the square 
of its radius. Hence the intensity of the light is inversely as 
the square of the radius, i. e. inversely as the square of the 
distance. 

Let the light be supposed to emanate from the points of 
an uniformly luminous surface, which we shall suppose to be 
a small portion of a sphere. Then the quantity of light 
emitted is proportional to the quantity emitted by a single 
point, and the number of points (or area) conjointly. Hence 
if a denote the area of the luminous surface, and i the quan- 
tity emitted from a single point, which is a measure of the 
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absolute brightness^ the intensity of the illuimnation, at any 

distance d^ is 

ai 
^' 

(7) A plane surface, whose dimensions are small in com- 
parison with the distance, and which is perpendicular to the 
incident light, may, without sensible error, be considered as a 
portion of a spherical surface concentric with the luminary. 
The intensity of the illumination, therefore, or the quantity of 
light received upon a given portion of such a plane, is expressed 
by the formula of the preceding Article. 

When the surface is inclhied to the incident light, the 
quantity of the light received by any given portion is dimi- 
nished in the ratio of unity to the sine of the angle of inclination. 
The intensity of the illumination is, therefore, diminished in 
the same proportion, and is expressed by the formula 

ai sin 
~d^' 

being the inclination of the surface to the incident light. 

(8) Experience proves that the eye is incapable of com- 
paring directly two lights, so as to determine their relative 
intensity. But, although unable to estimate degrees, the eye 
can detect differences of intensity with much precision ; and 
vdth this power it is enabled (by the help of the principles 
just established) to compare the intensities of two lights indi- 
rectly. 

Let two portions of the same paper (or any similar reflect- 
ing surface) be so disposed, that one of them shall be illumi- 
nated by one of the lights to be compared, and the other by 
the other, the light being incident upon each at the same 
angle. Then let the distance of one of the lights be altered, 
until there is no longer any appreciable difference in the inten- 
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sities of the illuminated portions. The illuminating powers of 

the two lights will then be as the squares of their respective 

distances ; and their absolute brightnesses as the illuminating 

powers directly, and as their luminous surfaces inversely. For, 

if i and i' denote the absolute brightnesses of the two lights, 

a and a' the areas of the luminous surfaces, and d and d' their 

distances from the paper, the intensities of illumination are 

ai sin , at sin 6 ^. , j xi_ i. • j j 

— -j^ — and — -^ — , respectively ; and these bemg rendered 

equal in the experiment, we have 

ai d^ 



at 



Z^" 



The following simple and convenient mode of practising this 
method was suggested by Coimt Rumford. A small opaque 
cylinder is interposed between the lights to be compared and 
a screen ; in this case it is obvious that each of the lights 
will cast a shadow, which is illuminated by the other light, 
while the remainder of the screen is illuminated by both lights 
conjointly. If, then, one of the lights be moved, imtil the sha- 
dows appear of equal intensity, their illuminations are equal, 
and, therefore, the illuminating powers of the two lights are 
to one another as the squares of their distances from the 
screen. 

(9) Light is propagated with a finite velocity. 

This important discovery was made in the year 1676, by 
the Danish astronomer, Olaus Soemer. Koemer observed that 
when Jupiter was in opposition, and therefore nearest to the 
Earth, the eclipses happened earlier than they should according 
to the astronomical tables ; while, when Jupiter was in conjunc- 
tion, and therefore farthest, they happened later. He thence 
inferred that light was propagated with a finite velocity, and 
that the difference between the computed and observed times 
was due to the change of distance. This difference is found 
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to be 8*° 13'; and accordingly the velocity of light is such, 
that it traverses 192,500 miles in a second of time. 

(10) The velocity of light, combined with that of the 
Earth in its orbit, was afterwards applied by Bradley to explain 
the phenomenon of the aberration of the fixed stars. From the 
theory of aberration so explained, it followed that the velocity 
of the light of the fixed stars is to the velocity of the Earth in 
its orbit, as radius to the sine of the maximum aberration. 
This latter quantity — the constant of aberration, as it is called 
— is now found to be 20"* 36 ; and the Earth's velocity being 
known, the velocity of the light of the fixed stars is deduced. 
The value so obtained is 191,500 miles in a second, which dif- 
fers &om that inferred from the eclipses of Jupiter's satellites, 
by only the g^^th part of the whole. 

From this it follows, that the direct light of the fixed stars, 
and the reflected light of the satellites, travel with the same 
velocity. 

(11) The velocity of light, emanating from a terrestrial 
source, has been recently measured by M. Fizeau, by direct 
experiment. The first idea of this experiment was communi- 
cated to M. Arago, by the Abbe Laborde, a few years before ; 
its principle will be understood from the following description. 

Let the light of a lamp be reflected nearly perpendicularly 
by a mirror placed at a considerable distance ; let a toothed 
wheel, the breadth of whose teeth is equal to that of the interval 
between them, be interposed near the luminous source ; and let 
the mirror be so adjusted that the light passing through one 
of these intervals is reflected to that diametrically opposite. If 
the eye be placed behind the latter interval, the wheel being 
at rest, it will perceive the reflected ray, which has traversed 
a space equal to double the distance of the mirror from the 
wheel. But if, on the other hand, the wheel be made to re- 
volve rapidly, its velocity may be such that the light trans- 
mitted through the opening at one extremity of the diameter 
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shall not pass through the opposite aperture on its return, but 
be intercepted by the adjacent tooth ; and it will be conti- 
nually invisible to the eye, so long as the wheel revolves with 
the same velocity. If the velocity of the wheel be doubled, 
the light will be transmitted, on its return, through the suc- 
ceeding opening, and will reappear to the eye. If the velo- 
city be trebled, the light will be intercepted by the next tooth, 
and there will be a second eclipse ; and so on. 

It is plain that if the velocity of the wheel, correspond- 
ing to the 1st, 2nd, 3rd, or m'* eclipse, be known, the ve- 
locity of the light may be calculated. Thus, if the wheel 
makes n revolutions in a second, and has p teeth, the time 

of passage of one tooth across the same point of space = — 

of a second. Consequently, the first eclipse will correspond 

to - — of a second. But in the same time the light has twice 
Inp 

traversed the distance between the wheel and the mirror. If, 

therefore, that distance be denoted by a, the velocity of light 

will be 

F= 2a X 2np. 

If 71 be the number of revolutions in a second correspond- 
ing to the m'* eclipse, the velocity of light will be given by 

the formula, 

2np 



V=2ax 



2m -1 



The apparatus devised by M. Fizeau for this experiment 
is ingenious and effective. It consists of two telescopes, di- 
rected towards each other, and so adjusted that an image of 
the object-glass of each is formed in the focus of the other. 
The light from the source is introduced laterally into the first 
telescope, through an aperture near the eye-piece. It is then 
received on a transparent plate, placed between the focus and 
the eye-glass, and inclined at an angle of 45^ to the axis of the 
instrument. It is thus reflected along the axis of the first 
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telescope, having passed through one of the apertures in the 
revolving wheel, and is received perpendicularly on the mirror 
in the focus of the second. It then returns by the same route, 
and is received by the eye at the eye-glass of the first tele- 
scope. The distance of the two telescopes in M. Fizeau's ex- 
periments was 9440 yards. The revolving disc had 720 teeth, 
and was connected with a counting apparatus which measured 
its velocity of rotation. The first eclipse took place when the 
wheel made 1 2*6 revolutions in a second. With double the ve- 
locity, the light was again visible; with treble the velocity, there 
was a second eclipse, and so on. The mean result of the experi- 
ments gave 196,000 miles, nearly, for the velocity of light. 

(12) Let us now proceed to the physical explanation of 
the foregoing facts. 

We have seen that light travels from one point of space 
to another in time^ and with a prodigious velocity. Now, 
there are two distinct and intelligible ways of conceiving such 
a propagated movement. Either it is the same individual body 
which is found in different times in distant parts of space; — or 
there are a multitude of moving bodies, occupying the entire 
interval, each of which vibrates continually within certain 
limits, while the vibratory motion itself is communicated in 
succession from one to another, and so advances uniformly. 
These two . modes of propagated movement may be distin- 
guished by the names of the motion oi translation and the mo- 
tion of vibration. The former is more familiar to our thoughts, 
and is that which we observe, when with the eye we follow 
the path of a projectile in the air ; or about which we reason, 
when we determine the course of a planet in its orbit. Mo- 
tions of the latter kind, too, are everywhere taking place 
around us. When the surface of stagnant water is agitated 
by any external cause, the particles of the fluid next the origin 
of the disturbance are set vibrating up and down, and this 
vibratory motion is communicated to the adjacent particles. 
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and from them onwards, to the boundaries of the fluid surface. 
All the particles which are elevated at the same instant con- 
stitute what is called a wave; and that this wave does not 
consist of the same particles in two successive instants may be 
seen in the movements of any floating body, which will be 
observed to rise and fall as it is reached and passed by the 
wave, but not to advance, as it must necessarily do if the par- 
ticles of the fluid on which it rested had a progressive motion. 
The phenomena of sound afford another well-known instance 
of the motion of vibration. The vibratory motion is com- 
municated from the sounding body to the ear, through all 
the intervening particles of the air, though each of the aerial 
particles moves back and forwards through a very narrow 
space. 

Each of these modes of propagated motion has been ap- 
plied to explain the phenomena of light ; and hence the two 
rival theories — the theory of emission and the wave-theory. 
In the former the luminous body is supposed to send forth, 
or emity continually, material particles of extreme minuteness, 
in all directions. In the latter, the same body is supposed 
to eoccite the vibrations of an elastic ether, which are commu- 
nicated from particle to particle, to its remotest bounds. This 
ethereal medium is supposed to pervade all space, and to be 
of such extreme tenuity as to afford no appreciable resistance 
to the motions of the planets. 

Such are the two systems, some traces of which may 
be found even in the recorded opinions of the ancients. 
It is only within a period comparatively recent, however, 
that either of them has been stated formally, or supported 
by any show of reasoning. Descartes put forward, very 
distinctly, the hypothesis that light consisted of small par- 
ticles emitted by the luminous body, and he even endea- 
voured to explain the laws of reflexion and refraction on that 
supposition. But as Newton was the first to deduce the 
mathematical consequences of the theory of emission, he has 
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been usually' regarded as its author. The wave-theory was 
propounded by Hooke, in the year 1664 ; and was developed 
mto several of its consequences, a few years later, by Huy- 
gens. Let us examine each of these theories by the only test 
to which a physical theory can be subjected, — ^namely, the 
accordance of its consequences with phenomena. 

(13) The fundamental assumption of the theory of emis- 
sion — the hypothesis that light consists of bodies moving with 
an immense velocity — would appear to be easily submitted 
to the test of experiment. If the weight of a molecule of 
light amoimted to but one grain^ its momentum would equal 
that of a cannon-ball, 150 pounds in weight, moving with 
the velocity of 1000 feet in a second. The weight of a 
single molecule may be assumed to be many millions of times 
less than what has been here supposed ; but, on the other 
hand, many millions of such molecules may be made to act to- 
gether, by concentrating them in the foci of lenses or mirrojs, 
and the effects of their impulse might be expected in this 
manner to be rendered evident. 

This apparently easy test of the materiality of light was 
appealed to by many experimental philosophers of the last 
century, and with various results. The effects observed have 
been traced, with much probability, to extraneous causes (such 
as aerial currents produced by unequal temperature) ; and it is 
now universally conceded that no sensible effect of the impulse 
of light has been ever perceived. The experiments of Mr. Ben- 
net seem to be decisive on this point. In these experiments a 
slender straw was suspended horizontally by means of a single 
fibre of the spider's thread. To one end of this delicately sus- 
pended lever was attached a small piece of white paper, and 
the whole was inclosed in a glass vessel, from which the air 
was withdrawn by the air-pump. The sun's rays were then 
concentrated by means of a large lens, and suffered to fall upon 
the paper, but without any perceptible* effect. 
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(14) But the actual velocity of light is not the only diffi- 
culty which the theory of emission has to encounter at the 
very outset. It has been further proved that this velocity is 
one and the same, whether the light is directly emitted from 
the sun or a fixed star, or reflected from a planet or its satel- 
lite ; that it is, in short, independent of the luminous source, 
as well as of the subsequent modifications which it under- 
goes in the celestial spaces. It is not easy to account for 
these facts in the theory of emission. The emissive force, 
required to produce the known velocity, is calculated to be 
more than a million of million times greater than the force 
of gi'avity at the earth's surface; and it can hardly be sup- 
posed that this prodigious force is the same for all the various 
and independent bodies of the universe, and that it acts 
equally on all the particles of light, so as to generate in them 
the same velocity. Yet even this assumption will not avail. 
Laplace has shown, that if the diameter of a fixed star were 
250 times as great as that of our sun, its density being the 
same, its attraction would be sufficient to destroy the whole 
momentum of the emitted molecules, and the star would be 
invisible at great distances. With a smaller mass there will 
be a proportionate retardation, so that the final velocities will 
be difierent, whatever be the initial ones. The suggestion of 
M. Arago seems to offer the only way of escaping the force 
of this objection. It may be supposed that the molecules of 
light are originally projected with different velocities, but 
that among these velocities there is but one which is adapted 
to our organs of vision, and which produces the sensation of 
light. 

The imiform velocity of light is, on the other hand, an 
immediate consequence of the principles of the wave-theory. 
It follows from these principles, that the velocity with which 
vibratory movement is propagated in an elastic medium de- 
pends in no degree on the exciting cause, but varies solely 
with the elasticity of the medium and its density. If these 
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then be supposed to be uniform in the vast spaces which in- 
tervene between the material bodies of the universe, the ve- 
locity will be the same, whatever be the luminous origin. 

(15) The rectilinear motion of light has long been urged 
in favour of the theory of emission, and against the wave- 
theory. If light consists in the undulations of an ethereal 
medium (it has been said), as sound consists in the undulations 
of the air, it should be propagated in all directions from every 
new centre, and so bend round interposed obstacles. Thus 
luminous objects should be visible, even when an obstacle is 
between them and the eye, just as sounding bodies are heard, 
though a dense body may be interposed between them and 
the ear, and shadows could not exist. 

To this objection, which was that chiefly urged by New- 
ton himself, it might be enough to reply, that though vibra- 
tory motion in an elastic medium is propagated in all direc- 
tions from every new centre, yet there is no reason to conclude 
that it is propagated with the same intensity in every direc- 
tion, however inclined to that of the original wave. In fact, 
analogy furnishes grounds for an opposite conclusion; for 
there are a multitude of facts which prove that sound is not 
propagated with the same intensity in all directions, however 
inclined to the direction of the original motion. Now, if 
there be any difference between the intensity of the direct and 
lateral propagation, this difference may be ever so great ; i. e. 
the ethereal medium may^be so constituted that the intensity 
of the laterally-propagated vibration shall be insensible. 

But the solution of the difficulty rests upon more solid 
grounds than analogy. A more minute examination of 
the nature and laws of vibratory motion has, in fact, shown 
this to be the case, as respects the luminiferous waves. It 
has been proved, that whatever be the intensity of the partial 
waves of the ether, which are propagated laterally round any 
interposed obstacle, the total light resulting from their joint 
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action must degrade rapidly ; and the luminous fringes which 
have been observed within the shadows of bodies do, in fact, 
represent the intensities resulting from these lateral waves, 
when submitted to the most rigid mathematical calculation. 

(16) Let us now proceed to consider, somewhat more 
minutely, the nature of a wave and its mode of propagation. 

Let us conceive, then, a cord stretched in a horizontal 
position, one end being attached to a fixed point, and the 
other held in the hand. If the latter extremity be agitated, 
by the motion of the hand up and down, a series of waves 
will be propagated along the cord, each of which will advance 
uniformly. Here it is evident that each particle of the cord 
has merely a vibratory motion in a vertical direction. But 
as this vibratory motion is communicated from each particle 
to the next, along the whole length of the cord, — it will 
follow that some of the particles reach their highest posi- 
tion, when others are in the lowest ; while other particles, 
intermediate to these, are neither in their highest nor their 
lowest position, but in some intermediate state of their vibra- 
tion. Thus, while each particle moves only to and fro verti- 
cally, an undulation or wave is propagated horizontally along 
the string ; and there will be a succession of similar undula- 
tions as long as the original disturbance continues. The 
particles a, a\ a'\ or the par- 
ticles 6, b\ b"f &c., are said 

to be in similar phases of •vi- * *' *' 

bration. The wave^ or undulation, consists of all the par- 
ticles between two which are in similar phases, — as between 
a and a', or between b and b' ; and the length of a wave is the 
distance between them, estimated in the direction in which 
the motion is propagated. It is evident from this description 
that a wave, or undulation, comprises particles in every phase 
of their vibration. 

Now, instead of a single string, let us suppose an infinite 
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number, aU diverging from the same centre; and let na sup- 
pose that they are each made to undulate by a disturbing 
action at that centre, acting in a similar manner, and in the 
same degree, on all. It is obvious, then, that an undulation 
will be propagated along all the strings ; and that these undu- 
lations will be equal in magnitude, and will be propagated 
with the same velocity, provided the strings be equal in ten- 
sion, elasticity, and other respects. In this case, then, simi- 
lar waves will be propagated to points equally distant from 
the origin of disturbance in the same time ; and all the points 
which are in a similar phase of vibration will be situated on 
the surface of a sphere, of which that origin is the centre. 

In the place of the actual strings we have been consi- 
dering, let us imagine rows of ethereal particles connected 
by their mutual actions, and all that has been said will 
apply to the propagation of light, the luminous body being 
the source of disturbance. The length of the wave is the 
distance, estimated in any direction from the centre, of two 
particles which are in similar phases of vibration ; and it is 
therefore the space through which the vibratory movement 
is propagated in the time of a single vibration. Accordingly, 
if X denote the length of the wave, r the time of vibration, 
and V the velocity of wave-propagation, 

A = vr. 

(17) We have hitherto considered the propagation of 
vibratory movement widiout reference to any diversity in 
its natiure. It is obvious, however, that vibrations may differ 
from one another in two particulars, — namely, in the space of 
vibration, and in the time. In the aerial pulses the amplitude 
of the vibration determines the loudness of the sound; and 
the frequency of the pulses, or the time of vibration, deter- 
mines its note. In like manner, the amplitude of the ethereal 
vibrations determines the intensity of the light ; and their 
frequency, or the period of vibration, determines the colour. 
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Thus, two lights may differ from one another in intensity and 
colour, the former depending (according to the wave-theory) 
on the space of vibration, and the latter on the time. 

But though the intensity of the light is obviously depen- 
dent on the amplitude of the vibration, yet it does not appear, 
d priori^ by what power of the amplitude it is to be represented. 
In fact, we must define what we mean by a double^ triple^ &c. 
quantity qf light, before we can know how that quantity is to 
be mathematically measured. If then we say that a double 
light is the sum of the lights produced by two luminous ori- 
gins of equal intensity, placed close together, it is easy to 
prove that the quantity of light, in general, is measured by 
the square of the amplitude of the vibration. From this it 
follows that the intensity of the light diverging from any lumi- 
nous origin must decrease inversely as the square of the dis- 
tance ; for, from the laws of wave propagation it appears that 
the space of vibration diminishes in the inverse simple ratio of 
the distance. Thus the known law of the variation of the in- 
tensity of light is deduced from the principles of imdulatpry 
propagation. 

(18) The colour of the light (it has been said) depends 
on the number of impulses which the nerves of the eye receive, 
in a given time, from the vibrating particles of the ether, — 
the sensation of violet being produced by the most frequent 
vibrations, and that of red by the least frequent. But the 
number of vibrations performed in a gjven time varies inversely 
as the time of a single vibration ; the colour of the light, 
therefore, varies with the time of vibration, or with the length 
of the wave in a given medium. By experiments, which will 
be described hereafter, it has been found that the length of a 
wave, in air, corresponding to the extreme red of the spectrum, 
is 266 ten-million ths of an inch, and that corresponding to the 
extreme violet 167 ten-millionths. The length of the wave 
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corresponding to the ray of mean refrangibility Is nearly 200 
ten-millionths, or y^^^^th of an inch. 

It appears, then, that the sensibility of the eye is confined 
within much narrower limits than that of the ear ; the ratio 
of the times of the extreme vibrations which affect the eye 
being only that of 1*58 to 1, which is less than the ratio of the 
times of vibration of a fundamental note and its octave. There 
is no reason for supposing, however, that the vibrations them- 
selves are confined within these limits. In fact, we know that 
there are invisible rays beyond the two extremities of the spec- 
trum, whose periods of vibration (and lengths of wave) must 
fall without the limits now stated to belong to the visible 
rays. 

(19) The aberration of light, it has been said, results from 
the movement of the Earth in its orbit, combined with the 
movement of light. Nothing can be simpler than its expla- 
nation in the theory of emission. In fact, we have only to 
combine the two coexisting motions according to the known 
mechanical law, and the apparent direction of the star is that 
of their resultant. The angle between this direction, and that 
of the principal component, is called the aberration. 

In order to explain this phenomenon, in accordance with 
the principles of the wave-theory, it seemed necessary to sup- 
pose that the ether which encompasses the Earth does not par- 
ticipate in its motion, so that the ethereal current produced by 
their relative motion pervades the solid mass of the Earth 
" as freely," to use the words of Young, " as the wind passes 
through a grove of trees." Fresnel has developed this hypo- 
thesis, and has shown that it suffices to explain other pheno- 
mena also, in which the Earth's motion is concerned. Profes- 
sor Stokes has lately shown that the same results may be 
deduced from a more plausible hypothesis relative to the 
mutual dependence of the ether and the Earth. 
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CHAPTER II. 



REFLEXION AND REFRACTION. 



(20) When light meets the surface of a new medium, a 
portion of it is always turned back, or reflected. 

The reflexion of light is twofold. Thus, when a beam of 
solar light is admitted into a darkened chamber through an 
aperture in the window, and is allowed to fall upon a metallic 
mirror, a reflected beam is seen pursuing a determinate direc- 
tion after leaving the mirror ; and if the eye be placed in this 
direction, it will perceive a brilliant image of the sun. This 
beam is said to be regularly reflected^ and its intensity increases 
with the polish of the mirror. But it is observed also, that 
in whatever part of the room the eye is placed, it can always 
distinguish the portion of the mirror which reflects the light ; 
some of the rays, consequently, are reflected in all directions. 
This portion of the light is said to be irregularly reflected^ and 
its intensity decreases with the polish of the mirror. 

Irregular reflexion is due, mainly, to the inequalities of the 
reflecting surface, which is composed of an indefinite number 
of reflecting surfaces in various positions, and which therefore 
reflect the light in various directions. 

(21) The angles of incidence and reflexion (or the angles 
which the incident and reflected rays make with the perpen- 
dicular to the reflecting surface at the point of incidence) 
are m the same plane, and are equal. This law « uniyereaUj 
true, whatever be the nature of the light itself, or that of the 
body which reflects it. 

(22) The intensity of the reflected light, on the other hand. 
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is found to vary greatly with the medium. The following lead- 
ing facts have been established experimentally. 

I. The quantity of light regularly reflected increases with 
the angle of incidence, the increase being very slow at mo- 
derate incidences, and becoming very rapid at great ones. 
Thus, water at a perpendicular incidence, according to the 
experiments of Bouguer, reflects only 18 rays out of 1000; 
at an incidence of 40° it reflects 22 rays ; at 60®, 65 rays ; 
at 80°, 333 rays; and at 89i°, 721 rays. 

II. The quantity of light reflected at the same incidence 
varies both with the medium upon which the light falls, and 
with that from which it is incident. Thus, at a perpendicu- 
lar incidence, the number of rays reflected by water, glass, 
and mercury, are 18, 25, and 666, respectively, the number 
of incident rays being 1 000. The dependence of the quantity 
of the reflected light upon the medium ^om which it is in- 
cident is easily shown by immersmg a plate of glass in water 
or oil. 

III. The differences in the reflective powers of different 
substances are much more marked at small, than at great 
incidences. Thus, water and mercury — the first of which 
reflects but the one-fiftieth part of the incident light at a 
perpendicular incidence, while the latter reflects two-thirds 
— are equally reflective at an incidence of 89i°, the number 
of rays reflected at this angle being, in both cases, 721 out of 
1000. 

(23) When light is incident upon the surface of a trans- 
parent medium, a portion enters the medium, pursuing there 
an altered direction. This portion is said to be reacted. 

When the ray passes from a rarer into a denser medium, 
the angle of incidence is, in general, greater than the angle of 
refraction, and the deviation takes place towards ike perpendi- 
cular to the bounding surface. On the contrary, when the 
ray passes firom a denser into a rarer medium, the angle of 
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ittoidence id less than the angle of refraction, and the devia- 
tion \afrom the perpendicular. 

(24) The angles of incidence and refraction are in the same 
plane ; and their sines are in an invariable ratio, 

IxK order to verify this law experimentally, it is only neces- 
sary to measure several angles of incidence at the surface of 
the same mediimi, and the corresponding angles of refraction^ 
This was done by Ptolemy in the second century, and sub- 
sequently by Vitello in the thirteenth ; but both of these ob- 
servers failed in discovering the connecting law. The law of 
re&action, just stated, was discovered by Willebrord Snell, 
about the year 1621. 

If and ^ be employed to denote the angles which the 
portions of the ray in the rarer and denser medium, respec- 
tively, make with the perpendicular to the conmion surface, 
the second part of the law of refiraction is expressed by the 

equation, 

sin ^ = ^ sin xp^ 

II being a constant quantity. This constant is termed the 
index of refraction ; and since > ;//, it is always greater than 
unity. 

When a ray of light passes into any medium from a va- 
cuum, the index of refraction is in that case termed the abso- 
lute index of the medium. For air, and the gases, it exceeds 
unity by a very small fruction; for water, ^ = 1*336 ; for 
crown glass, ^ = 1*535; for diamond, ^ = 2*487 ; and, for 
chromate of lead, /li = 3. 

(25) When light traverses a prism, — that is, a medium 
bounded by two inclined plane surfaces, — the total deviation of 
the refracted ray is the sum of the deviations at incidence and 
emergence. Let and 0' denote the angles which the inci- 
dent and emergent rays make with the perpendiculars to the 
faces at the points of incidence and emergence, ^ and yf/ the 

c 2 
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angles which the portion of the ray within the prism forms 
with the same, then the deviations at incidence and emergence 
are, respectively, <^ - yp^ and 0' - ^' ; and the total deviation 
8 = + 0'- (i^ + yp'). Now, it is easily shown that the alge- 
braic sum of the angles, which the portion of the ray within 
the prism makes with the two perpendiculars, is equal to the 
vertical angle of the prism ; or, denoting this angle by a, 
that 

wherefore 

8 = + 0' - a. 

(26) When a ray of light is incident nearly perpendi- 
cularly upon a thin prism, the total deviation is constant, and 
bears an invariable ratio to the angle of the prism. 

For in this case the angles of incidence and refitu^tion, being 
small, are proportional to their sines, so that 

= /u^j 0' = iiyif ; and + ^' = /u (;// + ;//') = ^a. 

Hence 

S = (/u- l)a. 

(27) The deviation produced by a prism is easily deter- 
mined when the angles of incidence and emergence are equal. 

For we have seen that, generally, 

+ 0' = a + 8, yp + \f/ = a> 

But since, in this case, = 0', there is also xp^xf/ ; and con- 
sequently 

= i (a + 8), ^ = ia. 

Hence we have 

sin i (a + 8) = /Lt sin ^a ; 

from which + 89 and therefore 8, is determined. 

It may be shown that the angle of deviation, in this case, 
is the least possible ; and accordingly, if the prism be turned 
slowly round its axis, the inclination of the emergent to the 
incident ray will first decrease, and afterwards increase, ap- 
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pearing for a moment to be stationary between the opposite 
changes. By this principle it is easy to place a prism, experi- 
mentaUy, in the position in which the refractions are equal 
at both sides. 

(28) We are now enabled to determine the refractive 
index of a transparent solid experimentally. 

The first step of this process is to polish two plane faces, 
inclined to one another at a sufficient angle, and to. measure 
that angle by a goniometer. This being done, the prism is to 
be placed, with its refnwjting edge vertical, before the object- 
glass of the telescope of a theodolite, so as to refract to the 
cross wires in its focus the rays proceeding from a distant mark. 
The prism is then to be turned slowly round its axis, and the 
telescope moved, imtil the deviation is a minimum. The ho- 
rizontal circle being read, and the prism removed, the tele- 
scope is to be turned directly to the distant mark, and the 
reading repeated ; the difference of the two readings is the 
deviation. The angle of the prism and the deviation being 
obtained, the refractive index is given by the formula, 

sin i (a + 8) 

il = ; — 5 • 

^ sm i^o 

To determine the refiractive index of a fluid, we have only 
to inclose it in a hollow prism, whose sides are formed of glass 
plates with parallel surfaces. For the course of the ray will 
be the same as if it had been incident directly from the air into 
the fluid, and had emerged similarly, without passing through 
the glass. 

(29) Let us now proceed to the physical explanation of 
the phenomena. 

To accotmt for the phenomena of reflexion and refraction, 
it is supposed, in the theory of emission, that the particles of 
bodies and those of light exert a mutual action; — that, when 
they are nearly in contact, this action is attractive ; — that, at 
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a distance a little greater, the attractive force is changed into 
a repulsive one ; — and that these attractive and repulsive forces 
succeed one another for many alternations. Nothing can be 
more reasonable than this hypothesis, granting that light is 
material ; for the succession of attractive and repulsive forces, 
here assumed, is altogether similar to that to which the 
known phenomena of molecular action are ascribed. 

On these suppositions Newton has rigorously deduced the 
laws of reflexion and refraction. In the case of reflexion, it is 
shown that the whole perpendicular velocity of the molecule is 
restored to it in an opposite direction, by the operation of the 
supposed repulsive force ; and, therefore, that the angles which 
its path makes with the perpendicular to the surface, before and 
after reflexion, are equal. In the case of refiraction, it is proved 
that the effect of the attractive force is to increase the square 
of the perpendicular velocity of the molecule, by an amount 
which is constant for the same medium ; from which it follows, 
that the sines of the angles which its course makes with the 
perpendicular to the surface, before and after refraction, are 
in the inverse ratio of the velocities in the two media. This 
problem was the first in which the effects of molecular forces 
were submitted to calculation ; and its solution is justly re- 
garded as forming an era in the history of science. 

(30) But although the theory of emission is successful 
in explaining the laws of reflexion and refraction, considered 
as distinct phenomena, it is by no means equally so in ac- 
counting for their connexion and mutual dependence. When 
a beam of light is incident on the surface of any transparent 
medium, part is in all cases transmitted, and part reflected ; 
the intensity of the reflexion being less, the less the difference 
of the refitw^tive indices of the two media, and the reflexion 
ceasing altogether when tWs difference vanishes. How is it, 
then, that some of the molecules obey the influence of the re- 
pulsive force, and are reflected, while others yield to the 
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attractive force, and are refracted ? To account for this, New- 
ton was obliged to have recourse to a new hypothesis. The 
molecules of light, in their progress through space, are sup- 
posed to pass continuaUy into two alternate states, or fits, 
which recur periodically and at equal intervals. While in one 
of these states, called the^^ of easy reflexion^ they are disposed 
to obey the repulsive or reflective forces of any body which 
they meet ; and, on the other hand, they yield more readily 
to the attractive or refiractive forces, when in the alternate 
state, or Jit of easy transmission. Now, the molecules com- 
posing a beam of common light are supposed to be in every 
possible stage of these fits, when they reach the surface ; — 
some in a fit of reflexion, and others in a fit of transmission. 
Some of them, consequently, will be reflected, and others re- 
fracted, and the proportion of the former to the latter will in- 
crease with the incidence. 

To accoimt for the fits themselves, Newton assumed the 
existence of an ethereal medium, analogous to that of Huy- 
gens, although he did not assign to it the same oflice. The 
molecules of light were supposed to excite the vibrations of 
this ether, just as a stone flung into water raises waves on its 
surface. This vibratory motion was supposed to be propa- 
gated with a velocity greater than that of the molecules ; so 
as to overtake them, and impress upon them the disposition 
in question, by conspiring with or opposing their progressive 
motion. In one of his queries Newton has even calculated 
the elastic force of this ether, as compared with that of air, 
in order that the velocity of propagation should exceed that 
of light. 

(31) The hjrpothesis of the fits has lost much of its credit, 
since the phenomena of the colours of thin plates (phenomena 
which first suggested it to the mind of Newton) have been 
shown to be irreconcilable with it. The explanation which 
it yields of the facts now imder consideration is alike un* 
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satisfactory. In fact, the molecules which are transmitted 
are not all in the maximum of the fit of transmission ; but are 
supposed to reach the surface in every possible phase of this, 
which may be called the positive fit. But as a change of the 
fit from positive to negative is, in general, sufficient to over- 
come altogether the effect of the attractive force, and subject 
the molecule to the repulsive one, it is obvious that the phase 
of the fit must modify the effects of these forces in every inter- 
mediate degree ; and that the molecules which do obey the 
attractive force must have their velocities augmented in diffe^ 
rent degrees, depending on their phase. Hence, as the direc- 
tion of the refracted ray depends on its velocity, the transmitted 
beam should consist of rays refi:w5ted in widely different angles, 
and should be scattered and irregular. 

(32) Let us now turn to the account which the other 
theory gives of the same phenomena, and of their laws. 

The velocity of propagation, in the wave-theory of Light, 
depends on the elasticity of the vibrating medium as compared 
with its density. In the same homogeneous medium the ve- 
locity will be therefore constant, and the wave propagated 
from any centre of disturbance spherical. But when a wave 
reaches the surface of a new medium whose elasticity is diffe- 
rent, it will give rise to two waves, one in each medium, and 
both differing in position from the original wave. For it is 
obvious that, in general, the several portions of the incident 
wave will reach the botmding surface at different moments of 
time. Each of these portions will be the centre of two new 
waves, one of which will be propagated in the first medium 
with the original velocity, while the other will be propagated 
in the new medium, and with the velocity which belongs to 
it ; so that there will be an infinite number oi partial waves in 
both media, diverging from the several points of the bounding 
surface. But, by the principle of the coexistence qf small 
motions, the agitation of any particle of either medium is the 
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sum of the agitations sent there at the same instant from these 
several centres of disturbance. The surfaces on which these 
are accumulated will be the reflected and refracted waves, and 
they are obyiously those which touch all the small spherical 
waves at any instant. 

Thus, let mn be the front of 
tL plane wave, meeting the reflect- 
ing surface at m. Each portion 
of this wave, as it reaches the sur- 
face, becomes the centre of a di- 
verging spherical wave in the 

first medium, which will be propagated with the velocity of 
the original wave. Accordingly, when the portion n reaches 
the siuface at A, the portion m will have diverged into the 
spherical wave, whose radius, mo, is equal to nk. And, in like 
maimer, if jwV be drawn parallel to m«, the wave diverging 
from m' will in the same time have reached the spherical sur- 
face whose radius, m'o'y is equal to nk. The siuface which 
touches all these spheres at any instant is that of the re- 
flected wave. But, as mo and mV are proportioned to mk 
and m'k, it is obvious that this tangent siuface is plane ; and 
since mo = nk, and the angles at n and o are right, it follows 
that the angles nmk and okm are equal, — or that the incident 
and reflected waves are equally inclined to the reflecting sur- 
face. 



(33) The proof of the law 
of refraction is in all respects 
analogous to the preceding. 
Let mn be the position of the 
incident plane wave at any mo- 
ment. In an interval of time 
proportional to nk, the por- 
tion n of this wave will have 
reached the surface at k, and the portions m and m' will have 
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become the centres of diverging spherical waves in the 
second medium, — the radii of these spheres, mo and m'o\ 
being to the intercepts, nk and n!k^ in the constant ratio 
of the velocities of propagation in the two media. The 
surface which touches these spheres is that of the refracted 
wave. It is obvious, as before, that it is plane ; and, since 
sin nmk : sin mko iinki moj we learn that the sines of the 
angles which the incident and refracted waves make with 
the refracting surface are in the constant ratio of the veloci- 
ties of propagation. 

(34) Such is the demonstration of the laws of reflexion 
and refraction given by Huygens. The composition of the 
grand or primary wave, by the union of the several secon- 
dary or partial waves, in this demonstration, has been deno- 
minated ihe principle of Huygena ; and it is obviously a case 
of the more general principle of the co-existence of small mo- 
tions. It easily follows from this mode of composition, that 
the surface of the primary wave marks the extreme limits to 
which the vibratory movement is propagated in any given 
time ; so that light is propagated from any one point to another 
in the least possible time. This is the well-known law of 
Fermat, — the law of swiftest propagation ; and it will ap- 
pear from what has been stated, that it holds, whatever be 
the modifications which the course of the light may undergo 
by reflexion or refraction. 

This law may be thus enunciated : — " The course pursued 
by any reflected or refracted ray is that which would be de- 
scribed in the least possible time, by a body moving from 
any point on the incident to any point on the reflected or 
refiticted ray." If I therefore denote the length of the path 
described by the incident light, between any assumed point 
and the point of incidence, Tthe corresponding length of the 
path described by the refracted light, and v and v the velo- 
cities of propagation in the two media, the sum of the times, 
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II. 

- + -,, is a minimum ; or, multiplying by r, and denoting the 



ratio - by/u, 



i -\- fit = minimum. 



The constant &ctor, /u, is the refractive index of the medium. 
In the case of reflexion, /u = 1, and /+ /' is a minimum. 
The course pursued by a reflected ray is therefore such, that 
the sum of the paths described between any two points and 
the reflecting surface is the least possible. 

(35) The intensity of the light, in the reflected and re- 
fracted waves, will depend on the relative densities of the ether 
in the two media. For we may compare the contiguous strata 
of ether in these media to two elastic bodies of different 
masses, one of which moves the other by impact ; and it is 
easy to deduce, on this principle, the intensities of the re- 
flected and refracted lights in the case of perpendicular in- 
cidence. 

(36) On reviewing what has been said, we cannot but be 
struck by the remarkable fact, that theories so widely op- 
posed as the theory of emission, and that of waves, should 
lead mathematically to the same result. According to both, 
we have seen, the ratio of the sines of incidence and refrac- 
tion is equal to the ratio of the velocities of light in the two 
media, and is therefore constant. But there is this important 
difference between them : in the wave-theory, the sines of 
these angles are in the direct ratio of the velocities, while, 
according to the theory of emission, they are in the inverse. 
In other words, the velocity of light in the denser medium 
is less according to the former theory ; while, according to the 
latter, it is greater. Here, then, the two theories are directly 
at issue upon a point of fact, and we have only to ascertain 
how this fact stands, in order to be able to decide between 
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them. The important experiment bj which this was first ac- 
complished was made by Arago ; and the result, as will be 
shown hereafter, is conclusive in favour of the wave-theory. 

(37) The conclusion deduced from the experiment here re- 
ferred to presupposes the laws of Interference of Light — laws 
which, in themselves, are intimately connected with the prin- 
ciples of the wave-theory. It was desirable, therefore, to de- 
duce the same conclusion, if possible, by direct means. The 
experiment by which this is effected has been recently made 
by M. Fizeau, upon a method devised by Arago ; its principle 
will be understood from the following description. 

Let a ray of light, reflected by a heliostat, be admitted into 
a darkened chamber in a horizontal direction, and fall upon a 
mirror which revolves about a vertical axis situated in its own 
plane. It is manifest that, as the mirror revolves, the reflected 
ray will move, in the horizontal plane passing through the 
point of incidence, with an angular velocity double of that of 
the mirror itself. Now, in this plane let a second mirror be 
placed, perpendicular to the right line joining the centres of 
the two mirrors. Then, when the ray reflected by the re- 
volving mirror meets the fixed mirror, in the course of its 
angular movement, it will be turned back on its course, and, 
after a second reflexion by the revolving mirror, return to- 
wards the aperture. 

It is plain that if the revolving mirror were for a moment 
to rest in this position, the ray, after a second reflexion by it, 
would return precisely by the path by which it came. But, 
owing to the progressive movement of light, the mirror de- 
scribes a certain small angle round its axis, in the interval be- 
tween the two appulses of the ray ; and the ray, after the 
second reflexion, will deviate from its first position, by an angle 
which is double of that described by the mirror in the interval. 
Hence, if this angle can be observed, the velocity of light 
is known. 
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YoTj if f be tlie time taken by the light to timTerse the 
interval of the two mirrors, fivwaids and backwards, the 
angle described bv the mirror in that time wiD be = «^ w de- 
noting the angle described hj the mint^ in the unit of time. 
Hence, the angle described by the reflected ray in the time #, 
or thedcTiation, =: 2W. Let this angle be denoted by «, and 
there is 

But the corresponding space is doable the distance between 
the two mirrors, or 2a. Consequendy , the Telocity of the 
li^tis 

r= 4a X -. 

a 

M. Fizean has been enabled to observe an sq)preciable devia- 
tion of the reflected ray, when the distance of the two mirrors 
was 4 metres, and the revolving mirror made only 25 turns in 
a second. And as sach a mirror has been made to revolve 1000 
time9 in a second, it was obvious that the time taken by light 
to traverse even this short distance was capable of bdng mea- 
sured with predaon. It only remained to interpose acolumn 
of water between the mirrors, to observe the deviation, and 
to calculate the Telocity. By these means M. Fizeau has 
established the fibct, that the velocity of light is less in tcaier 
tikan in aivj in the inverse proportion of the refiactive indices. 
The result is, therefore, decisive in &vour of the wave-theory. 

(38) The refiiactive index being equal to the ratio of the 
velocities of light in the two media (direct or inverse) it follows, 
whidisoever theory we adopt, that any change in the velocity 
of the incident ray must cause a variation in the amount of 
refiaction, unless the velocity of the refracted ray be altered 
proportionally. Now the relative velocity of the light of a 
star is altered by the Earth's motion ; and the amount of the 
change is obviously the resolved part of the Earth's velocity in 
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the direction of the star. It was, therefore, a matter of much 
interest to determine how, and in what degree, this change 
affected the refraction. The experiment was undertaken by 
Arago, at the request of Laplace. An achromatic prism was 
attached in front of the object-glass of the telescope of a re- 
peating circle, so as to cover only a portion of the lens. The 
star being then observed, directly through the uncovered part 
of the lens, and afterwards in the direction in which its light 
was deviated by the prism, the difference of the angles read 
off gave the deviation. The stars selected for observation 
were those in the ecliptic, which passed the meridian nearly 
at 6 a.m. and 6 p.m., the velocity of the Earth being added 
to that of the star in the former case, and subtracted from it 
in the latter. No difference whatever was observed in the 
deviations. 

This remarkable and unexpected result can be reconciled 
to the theory of emission, as Arago has observed, only by the 
hypothesis already adverted to,* — namely, that the molecules 
are emitted from the luminous body with various velocities ; 
but that among these velocities there is but one which is 
adapted to our organs of vision, and which produces the 
sensation of light. It is explained, in accordance with the prin- 
ciples of the wave-theory, on the same hypotheses which have 
been already made to explain the aberration of light ;t and it 
is shown, on these suppositions, that both the laws, and the 
amount of refraction, are independent of the Earth's motion. 

• Art. (14). t Art. (19). 
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DISPERSION. 



(39) Wb have hitherto supposed light to be simple or Ao- 
mogeneous. The light of the Sun, however, and most of the 
lights, natural or artificial, with which we are acquainted, are 
compound^ each raj consisting of an infinite number of rays 
differing in colour and refrangihility. This important disco- 
very we owe to Newton. We shall briefly describe the prin- 
cipal experiments by which it is established. 

(40) When a beam of solar light is admitted into a dark- 
ened room through a small circular aperture, and received on 
a screen at a distance, a circular image of the Sun will be de- 
picted there, whose diameter will correspond to that of the hole. 
If now the light be intercepted by a prism, having its refracting 
edge horizontal and perpendicular to the incident beam, the 
image of the Sun will be thrown upwards by the refraction of the 
prism, and will be no longer white and circular, but coloured 
and oUong ; the sides which are perpendicular to the axis of 
the prism being rectilinear and parallel, and the extremities 
semicircular. The breadth of this image, or spectrum (as it is 
called), is equal to the diameter of the unrefi^cted image of the 
Sun, but its length is much greater. 

Now if the solar beam consisted of rays having all the same 
refrangibility, the refracted image should be circular, and of the 
same dimensions as the unrefracted image, from which it should 
differ only in position. For the rays composing the beam, being 
parallel at their incidence on the prism, must (on this suppo- 
sition) be equally refracted by it, and therefore continue paral- 
lel after refraction. This not being the case, we conclude 
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that the rays composing the incident beam are of different 
degrees of refrangibility^ the more refrangible rays going to 
form the upper part of the spectrum, and the less refrangible 
the lower ; and that the elongation of the solar image, and the 
variety of its colouring, arise from the separation of these rays 
in their refraction through the prism. 

It further appears that the rays, which differ in refran- 
gibility^ likewise differ in colour; the spectrum being red at its 
lowest or least refracted extremity, violet at its most refiticted 
extremity, and yellow, green, and blue, in the intermediate 
spaces, these colours passing into one another by imperceptible 
gradations. Sir Isaac Newton distinguished the spectrum, or 
coloured image of the Sun, into seven principal colours, and 
measured the spaces occupied by each. These colours, ar- 
ranged in the order of their refrangibility, are red^ orange^ 
yellow^ green^ hlue^ indigo^ violet ;* of which the yellow and 
orange are the most luminous, the red and green next in 
order, and the indigo and violet weakest. 

Any one of these rays may be separated from the rest by 
transmitting it through a small aperture in a screen which in- 
tercepts the remainder of the light. The ray thus separated 
may be examined apart from the rest, and will be found 
to undergo no dilatation, or change of colour, by any subse- 
quent refractions or reflexions. We are, therefore, warranted 
in concluding that the solar light is compound^ and consists of 
an infinite number of simple rays, which are permanent in 
their own nature, but differ from one another both in their 
colour and refrangibility. 

* The imperfection of Newton's classification of colours has been pointed 
out by Professor Forbes and others. The indigo ought not to have been dis- 
tinguished from the hluct the difference to the eye being much Iess» in kind, 
than between any other two adjacent colours of the scale. We may, there- 
fore, better distribute the colours of the spectrum into six, viz., red, orange, 
yellow, green, blue, and violet, — of which the red, yellow, and blue, may be re- 
garded as primary colours, and the orange, green, and violet, as secondary. 
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(41) The fbllo¥riDg experiment may be considered as 
remoTing all doubt on this subject. Close behind the prism 
is placed a board, perforated with a small aperture, through 
which the refracted light is permitted to pass. This light is 
then received on a second board, similarly perforated, at a 
considerable distance from the first ; so that a small portion 
of the light of the spectrum is suffered to pass through the 
aperture in the second board, the rest being intercepted. 
Close behind this aperture a second prism is fixed, having its 
axis parallel to that of the first. The first prism being then 
turned slowly round its axis, the light of the spectrum will 
move up and down on the second board, and the differently- 
coloured rays will be successively transmitted through the se- 
cond aperture, and be refracted by the prism behind it. If 
then the places of these twice-refiracted rays on the screen be 
noted, the red will be found to be lowest, the violet highest, 
and the intermediate colours in the same order as they are in 
the spectrum. Here, on account of the unchanged position of 
the two apertures, all the rays are necessarily incident upon 
the second prism at the same angle ; and yet some of them are 
more refiracted, and others less, in the same proportion as by 
the first prism. 

From the foregoing we conclude, then, that the peculia): 
colour and refirangibility belon^ng to each kind of homoge- 
neous light, are permanent* and original affections, and are not 
generated by the changes which that light undergoes in refirac- 
tions or reflexions. 

(42) In the experiments hitherto described, the analysis 



* Professor Stokes has recently discorered that the refrangibility of light 
does undergo alteration in certain cases, some bodies possessing the pro- 
•perty of lowering the refrangihility of the incident light — that is, of emitting 
rays of a lower refrangihility, when excited by those of a higher. This pro- 
perty belongs to the solntion of snlphate of qninine, and to certain coloured 

glasses. Professor Stokes has denominated it fluorescence, 

D 
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of solar light, or its resolution into its simple components, is 
far from being complete, inasmuch as there is a considerable 
mixture of the different species of simple light in the spectrum. 
This will be evident, if we consider that, as the several pencils 
oi homogeneous light suffer no dilatation by the prism, each will 
depict on the screen a circular image, equal in magnitude to the 
unrefracted image of the Sun at the same distance ; so that the 
spectrum consists of innumerable circles of homogeneous light, 
whose centres are disposed along the same right line, and whose 
common diameter is that of the Sun*s unrefracted image. 
Wherefore the number of such circles mixed together in the 
spectrum, is to the corresponding number in the unrefracted 
image of the Sun, as the interval between the centres of two 
contingent circles (or the breadth of the spectrum), to the in- 
terval between the centres of the extreme circles, which is the 
length of the rectilinear sides. The mixture in the spectrum, 
therefore, varies as the breadth of the spectrum divided by 
its length \ and if the breadth can be diminished, the length 
remaining the same, the mixture will be diminished in pro- 
portion. 

There are various ways of diminishing the breadth of the 
spectrum, or the diameter of the Sun's unrefracted image, 
amongst which that of Newton seems as convenient in prac- 
tice as any. The solar beam, admitted through a small circular 
aperture, is received upon a lens of long focus, at the distance 
of double its focal length from the aperture ; and at the same 
distance beyond the lens will be formed a distinct image of 
the hole, equal to it in magnitude. A prism being then placed 
immediately behind the lens, this image will be dilated in 
length, its breadth remaining unaltered, and thus a spectrum 
will be formed whose breadth is the diameter of the hole ; 
whereas, without this contrivance, the breadth would be equal 
to that diameter, together with a line which (at the distance 
of the screen from the hole) subtends an angle equal to the 
apparent diameter of the Sun. Thus, by diminishing the 
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diameter of the aperture, the breadth of the spectrum, and 
therefore the mixture, may be reduced at pleasure. 

If the diameter of the aperture be very small, the spectrum 
is reduced to a narrow line, and is unfit for examination. To 
remedy this, Newton employed a narrow rectangular aper- 
ture, whose length, parallel to the axis of the prism, may be 
as great as we please, while its breadth is very small. In this 
manner we obtain a spectrum as broad as we wish, and whose 
light is as simple as before. 

(43) In order to determine the laws of dispersion^ it is 
necessary to find experimentally the indices of refraction of 
the several species of simple light, of which solar light is 
composed. 

Newton's method was to determine the refi*active indices 
of the extreme red and .violet rays directly by means of the 
formula of (28), and to deduce those of the other rays by a 
simple proportion. 

When the refiracting prism was of crown-glass, the indices 

77 78 
of refiraction of the extreme rays were found to be — , — , re- 
spectively. To determine the refractive indices of the in- 
termediate rays, it was necessary to measure the spaces which 
they occupied in the spectrum. For this purpose Newton 
delineated on paper the spectrum AHAa, and distinguished 
it by the cross lines Aa, ^ g ^ ^ d c h a 
Bft, Co, &c., drawn at /• 
the confines of the seve- \ 
ral colours; so that the " 
space ABba is that occupied by the red light, BCcft that by 
the orange, CUdc the yellow, DEee? the green, EF/J? the blue, 
FGjr/the indigo, and GYihg the violet. He then found that^ 
if the whole length of the rectilinear side, AH, be taken as 
unit, the distances to the confines of the several colours, 
AB, AC, AD, &c., will be denoted by the numbers J, ^, 

d2 
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h h h i' Now the intervals AB, BC, CD, &c,, occu- 
pied by the several colours in the spectrum, or the differences 
of the deviations which they subtend, are to one another 
as the corresponding variations of the index of refraction. 
If, therefore, the whole variation of /u, or 3*5, be divided as the 
line AH is in the points B, C, D, &c., the refractive indices 
of the rays at the confines of the several colours will be as 
follow: — 

7777J77J77J77J77|77|78 
60' 60' 60' 60' 60' 60' 60' 60* 

The mean refractive index is --7^, or 1-55; and it appears 

0(1 

from the preceding that it belongs to the rays at the con- 
fines of the green and blue. 

(44) The intensity of the light is- very different in the dif- 
ferent parts of the spectrum. According to the experiments 
of Fraunhofer, the following numbers represent the intensi- 
ties of the light in each of the coloured spaces, the maximum 
intensity (which occurs at the confines of the yellow and 
orange) being represented by 1000; viz., red, 94; orange, 
640 ; green, 480 ; blue, 168 ; indigo, 31 ; violet, 6. 

(45) On a minute examination of the solar spectrum, when 
every care has been taken in making the experiment, it is 
found that it is not, as Newton supposed, a continuous band 
of colomred light, whose intensity is greatest about the con- 
fines of the yellow and orange, and diminishes regularly to the 
two extremities ; but that, on the contrary, there are at cer- 
tain points abrupt deficiencies of lights total or partial, indicated 
by the existence of numerous dark lines or bands, crossing 
the spectrum in the direction of its breadth; while in the in- 
termediate spaces the intensity of the light does not increase 
or decrease continually, but varies irregularly, or according to 
some very complex law. Solar light, then, does not consist 
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(as has been hitherto supposed) of rays of every possible re- 
frangibility, within certain limits, for it is found that many 
rays corresponding to certain degrees of refrangibility are 
wanting in the spectrum. . 

Some of these lines are wholly black ; others dark, of va- 
rious degrees of illumination. Again, some of them are well 
defined and single; others are clustered together, so as to 
present the appearance of dark bands. They are irregularly 
disposed throughout the length of the spectrum. They are 
not, however, the result of any accidental cause ; for, when 
solar light is used, and the refracting substance is the same, 
it is found that they preserve the same relative position^ both 
with respect to one another and to the colours of the spectrum. 
On the other hand, when the refracting substance is varied, 
their relative positions with respect to one another are altered : 
but their positions as referred to the colours of the spectrum, 
as also their relative breadth and intensity, remain un- 
changed. 

(46) If other kinds of light — as that of the Jixed stars^ 
JlameSf the electric spark — are examined in the same way, 
similar bands are discovered, but differing in each species of 
light in their position, &c. ; so that each species of flame, and 
the light of each fixed star, has its own system of bands, which 
remains unalterable under all circumstances, and which, there- 
fore, is a distinct physical characteristic of the species of light 
to which it belongs. Thus the light of the electric spark has 
bright bands, instead of dark ones. The flames of oil^ hydro- 
gen^ and alcohol^ have each a brilliant line between the red and 
the yellow. The red flames coloured by nitrate ofstrontian ex- 
hibit a brilliant blue line, which is detached from the rest of 
the spectrum ; and the salts of potash give rise to a remarkable 
red ray, beyond the limits of the ordinary red of the spec- 
trum, and separated from it by a dark interval. On the other 
hand, the spectrum of the flame of cyanogen exhibits great re- 
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gularity, as well in the distribution of the dark bands, as in 
the intensity of the intervening luminous spaces. 

These bands depend on the rapidity of the combustion. 
Thus sulphur, when burning slowly, exhibits blue and green 
bands in the spectrum ; in rapid combustion, its light is nearly 
homogeneous. 

(47) These Jixed lines^ as they are called, were first noticed 
by Wollaston, in the year 1802. They have since been much 
more fully examined by Fraunhofer, who distinguished 590 
in the solar spectrum, of which he has delineated 354. Of 
these he has selected seven principal ones, to serve as stan- 
dards of comparison, and has designated them by the letters 
B, C, D, E, F, G and H. Of these, B and C are single lines 
in the red portion of the spectrum, the former near to its ex- 
tremity ; D is a double line, at the confines of the orange 
and yellow ; £ is a group of fine lines in the green ; F is a 
strongly marked black line in the blue ; G is a group of fine 
lines in the indigo ; and H is a similar group in the violet, 
clustered round one much stronger line. They are of the ut- 
most importance in optical investigations. On account of the 
accuracy of their delineation, their position may be observed 
with an accuracy equal to that of astronomical measurements, 
and the refractive indices of the rays, to which they correspond, 
thus determined with the utmost exactness. 

(48) The dispersion of a ray which passes nearly perpen- 
dicularly through a thin prism is easily expressed. 

If Si and S3 denote the deviations of the red and violet 
rays, /m and /is the refractive indices of the prism for those 
rays, and a its refracting angle, we have 

81 «= (jUi - 1) a, 8a = (/ia - 1) a ; 

whence 

8a - Si = (/ia - /Hi) a. 
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Accordingly the dispersion, in this case, is equal to the angle 
of the prism multiplied by the difference of the refractive 
indices. 

(49) The dispersive power of a substance is measured, — 

not by the absolute dispersion, which varies in general with 

the angle of refraction, — but by the ratio which that quantity 

8-8 
bears to the total deviation, or by -^ — ■\ But, in the case of 

a ray which passes nearly perpendicularly through a thin 
prism, this ratio is constant; for, dividing the third of the 
equations of the preceding article by the first, 

81 fCi - 1 ' 

The dispersive power, therefore, is measured by the difference 
of the refiractive indices of the red and violet rays, divided by 
the refractive index of the former minus unity. 

(50) Newton supposed that the dispersive powers of all 
substances were the same. He was led to this erroneous con- 
clusion, by observing that when a prism of glass was inclosed 
in a prism of water with a variable angle, their refracting an- 
gles being turned in opposite directions, the emergent ray v^as 
coloured when it was inclined to its original direction ; while, 
on the other hand, it was colourless whenever, by varying the 
angle of the water prism, the refractions of the two prisms 
were made to compensate each other, or the ray to emerge 
parallel to the incident ray. Hence he concluded that the dis- 
persion was always proportional to the total deviation ; and 
that refraction could never take place vnthout a separation of 
the refracted ray into its coloured elements. 

When Newton's experiment vnth the two prisms was re- 
peated a long time after, by DoUond, he found that the re- 
sults were exactly the opposite to those stated by Newton ; — 
that, in fact, the emergent ray was coloured^ when the devia- 
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tion was nothing, or the raj parallel to its original direction ; 
and that, on the other hand, when the disi^ersions of the two 
prisms were made to correct each other by varying the angle, 
so that the ray emerged colourless^ their refractions were no 
longer equal, and the ray was iucKned to its original direction. 
This important discovery led to the construction of the achro- 
matic telescope. 

(51) It is easy to determine the condition of achromatism, 
when a ray of light passes nearly perpendicularly through two 
prisms, whose refracting angles are small. 

The dispersions produced by the two prisms are (/i, - /ii) o, 
and (jAt - ft/) a', respectively (48) ; and, therefore, when the 
total dispersion is nothing, we must have 

a fit -fM\ 

The negative sign, in the second member, indicates that the 
angles of the two prisms must be turned in opposite ways. 

(52) In order to ascertain the relative dispersive powers 
of different substances^ they must be separately compared with 
some standard substance, such, e.g.^ as water. For this 
purpose a vessel must be constructed, whose opposite sides, 
formed of parallel glass, are moveable on hinges, and may be 
inclined to one another at any angle. It is closed on the other 
two sides by metallic cheeks, to which the moveable sides are 
accurately fitted. The vessel being filled with vrater, it is 
evident that the transmitted ray will be refracted in the same 
manner as by the inclosed water prism, the parallel plates of 
glass producing no change in the direction of the refiracted 
ray. The substance whose dispersive power is sought being 
formed into a thin prism, a beam of light is to be transmitted 
nearly perpendicularly through the two prisms, with their re- 
fracting angles turned in opposite directions ; and the angle 
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«f* ihe wMU,i prism k to be TuietL untfl the beun emergOB 
fidkaden. TWesii^;leofilieiivter prism being dienxDeasored, 
lhe]alio«ftlie£ffaeDoesaftherefi*ctive iDdioe5(aDdtlieDoe 
4Ht «f die dbpenare powers) idll be given br the fermuhi 



(53) We now prooeed to the phTsial exphamtion of the 
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To apcooiit for dispenion, the modem ndvocate? of the 
limary of emisaon fajire been ibi^oed to a^imie thu the mo- 
lenks of Egfat sre htbropmecm^ sod thit the mttnctioiis 
anted on them by bodies tstv with their mtsre. being in 
ds respect mmlogons to chemical afSnities. This sdj^io- 
atdoB, ns Toong has jnsthr observed, is bm veiling our in- 
nHElj to asagn m ««*«iai7 cwise for the phenomenon. 

Aoooon£ng to the principles of ihe waTe-theorr, the oolovr 
fif fight is detenxuned by the fi^nency of the ethereal vibnH 
tnis^ or by the length of the wave: — ^ihe longest waves pro- 
dncing the sensation of red^ and the shortest that of violet, 
Xow obserradon proves that the re&acdve index ( or the ratio 
of the vekicziaes of projogaxian in the two media) is dif- 
ftrent iar the fight of different cc»lonrs. The velc^ciiy of propa- 
gxticmin a refiscting medium, therefoEre, varief viiJt tht Impt.h 
^tke wane. Here. then, we encoxmter a difSculty in this 
tkeorr, which was long regarded as the niost formidable ob- 
stede to its reeeption. Anahras seemed to indicate that the 
Tckcity of wave-piropagatic»n depended solely on the elasticity 
of the noedinm as cconparcd with its density, and shonld 
therefore be the same for fight of all colom^ as it is far sound 
of aD notes: so that all rays shonld lie equally re&acrad. It 
iriQ be necessarv to enter, in some detaiL into the eonsidera- 
tiOD of this diScoltv. 



(M) The ooBidnaon of analysis to which we have just ad- 



42 DISPBR8ION. 

verted, — namely, that the velocity of wave-propagation is con- 
stant in the same homogeneous medium, — is deduced on the 
particular supposition, that the sphere of action of the molecules 
of a vibrating medium is indefinitely small compared with the 
length of a wave. If this restriction be removed, we have no 
longer any ground for concluding that the waves of different 
lengths will be propagated with the same velocity ; and the 
conclusion hitherto acquiesced in must be regarded but as 
an approximate result. It was in this point of view that the 
question presented itself to M. Cauchy. Kesuming the prob- 
lem of wave-propagation with the more general equations, he has 
proved that there exists, generally, a relation between the ve- 
lodty of propagation (or the refractive index in vacuo) and the 
length of the wave ; and, therefore, that the rays of different 
colours will be differently refracted. 

(66) Let us make, for abridgment, 

, 2jr _ 27r 

K =s "Y", s , 

A T 

in which A and r denote, as before, the wave-length and time 
of vibration. M. Cauchy has proved that k and s are con- 
nected by an equation of the form 

in which the coefiicients ai, ^2, 03, &c., vary with the medium. 
Now the velocity of wave-propagation is 

r V 
consequently. 

Accordingly, the velocity of propagation is s, Junction of the 
wave-length^ and varies with the colour. 

(56) In a vacuum, and in media (such as atmospheric air) 
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which do not disperse the light, the coefficients a,, a,, &c.y are 
insensible, and we have 

that is, the velocity of propagation is independent of the wave- 
length, and the same for light of all colours. 

In other media we may, as a first approximation, neglect 
the third and following terms of the series, and we have 

Hence, if Fi, F, denote the velodties of propagation for two 
definite rays of the spectrum, and ki^ ^, the corresponding 
values ofky 

Fi»-F,« = a,(Ai«-Aj»). 

The truth of this formula has been verified by M. Cauchy, by 
introducing in it the values of the refractive indices and wave- 
lengths, as determined by Fraunhofer for the seven definite 
rays in certain media. 

(57) The general formula, above ^ven, is unsuited to a 
comparison with observation in its present form, inasmuch as 

the variable A ( = -t- ) is not independent of F. This diffi- 
culty is overcome by M. Cauchy by inverting the first series. 
The result is of the form 

i»= Ais"^ + At^ + A^ + &c. 

M. Cauchy has shown that this series, as well as the former, 
is convergent, and that all the terms afler the third may be 
neglected. Hence, since 

the velocity in vacuo being unity, we have 
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an equation expressing the refractive index in terms of the 
time of vibration, or of the wave-length in vacuo. 

(58) The constants in this formula, -4i, A 29 -^3, will be 
determined, when we know three values of /£, with the cor- 
responding values of *, or of the wave-length in vacuo ; and 
the formula may be then applied to calculate the values of ^ 
corresponding to any other values of «, which may be thus 
compared with the results of observation. The comparison 
has been made by Professor Powell, and by M. Cauchy him- 
self, by means of the observations of Fraunhofer on the refrac- 
tive indices of water and several kinds of glass, and the 
agreement of the calculated and observed results is within the 
limits of the errors of observation. 

But the truth of a formula, expressing the relation be- 
tween the refractive index and the wave-length in vacuo, can 
only be satisfactorily tested in the case of highly-dispersive 
media ; and for such media no observations of sufficient accu- 
racy hitherto existed. To supply this want. Professor Powell 
undertook the laborious task of determining the refractive in- 
dices corresponding to the seven definite rays of Fraunhofer, 
for a great number of media, including those of a highly dis- 
persive power, and of comparing them with the theory of 
M. Cauchy. The result of the comparison is, on the whole, 
satisfactory. 

(59) It is an interesting consequence of the preceding for- 
mula, pointed out by Professor Powell, that as s diminishes, 
or the wave-length in vacuo increases, the value of fx approxi- 
mates to 9k fixed limits given by the equation 

which, therefore, defines the limit of the spectrum on the side 
of the less refrangible rays. This limiting index corresponds 
to a point not greatly below the red extremity of the visible 
spectrum. 
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CHAPTER IV. 



DOUBLE REFRACTION. 



(60) It has hitherto been assumed that, when a ray of 
light is incident upon the surface of a transparent medium, 
the intromitted portion pursues, in all cases, a single determi- 
nate direction. This is, however, very far from the fact. In 
many, — ^indeed in most cases, — the refracted ray is divided 
into two distinct pencils^ each of which pursues a separate 
course, determined by a distinct law. 

This property is called double refaction. It was first dis- 
covered by Erasmus Bartholinus, in the well-known mineral 
called Iceland spar. After a long series of observations, he 
found that one of the rays within the crystal followed the 
known law of refraction, while the other was bent according 
to a new and extraordinary law not hitherto noticed. An 
account of these experiments was published at Copenhagen, in 
the year 1669, under the title " Eocperimenta Crystalli Islan- 
did diS'-diaclastici^ quihus mira et insolita refractio detegiturr 

A few years after the date of this publication, the sub- 
ject was taken up by Huygens. This distinguished philo- 
sopher had already unfolded the theory which supposes light 
to consist in the undulations of an ethereal fiuid ; and from 
that theory had derived, in the most lucid and elegant 
manner, the laws of ordinary refraction (33). He was, there- 
fore, naturally anxious to examine whether the new properties 
of light, discovered by Bartholinus, could be reconciled to the 
same theory ; and, in his desire to assimilate the two classes 
of phenomena, he was happily led to assign the true law of 
extraordinary refraction. The important researches ofHuy- 
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gens on this subject are contained in the fifth chapter of his 
" Traiti de la Lumiere" 

(61) The property of double refraction is possessed by all 
crystallized minerals, excepting those belonging to the tessular 
system^ i. e. those whose fundamental form is the cube. It 
belongs likewise to all animal and vegetable substances, in 
which there is a regular arrangement of parts ; and, in fine, 
to all bodies whatever, whose parts are in a state of unequal 
compression or dilatation. The separation of the two refracted 
pencils is in some cases considerable, and the course of each 
easily ascertained by observation ; but it is generally too mi- 
nute to be directly observed, and its existence is only proved 
by the appearance of certain phenomena, which are known to 
arise from the mutual action of two pencils. In Iceland spar, 
the substance in which the property was first discovered, the 
separation of the pencils is very striking : and, as this mineral 
is found in considerable masses, and in a state of great purity 
and transparency, it is well fitted for the exhibition of the 
phenomena. 

(62) Carbonate of lime, of which Iceland spar is a variety, 
crystallizes in more than 300 different forms, all of which may 
be reduced by cleavage to the rhombohedro% which is accord- 
ingly the primitive form. The angles of the 

bounding paraUelograms, CAB and ABD, in / \^ ;' \ ^ 
the rhombohedron of Iceland spar, are 101® / / \/ / 

65' and 78** 6'. Two of the soUd angles, at \7 Kj 

A and O, are contained by three obtuse an- 
gles ; while the remaining four are boimded by one obtuse 
and two acute angles. The line AO, joining the summits of 
the obtuse solid angles, is called the axis of the rhombohedron, 
and is equally inclined to the three fiices which meet there^ 
The angles at which the faces themselves are mutually in- 
cUned are 105^5' and 74 55'. 
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(63) If a transparent piece of this substance be laid upon 
a sheet of i/vhite paper, on which a small black spot is marked 
with ink, we see two images of the spot instead of one, on 
looking through the crystal ; and if the eye be held perpen- 
dicularly above the surface, and the crystal turned round in 
its plane, one of these images will appear to describe a circle 
round the other, which is immoveable, the line connecting 
them being in the direction of the shorter diagonal of the 
rhombic face. We may vary this experiment, by substituting 
for the dark spot on the paper a luminous point on a dark 
ground, — as, for example, the light of the sky seen through a 
small aperture ; but the most direct mode of performing the 
experiment is to transmit a ray of the Sun's light through the 
crystal, and receive the emergent pencils on a screen. 

If now we examine the course of the two rays within the 
crystal, we shall find that, at a perpendicular incidence, the 
deviation of one of them is nothing ; that, at any other inci- 
dence, the ray is bent towards the perpendicular, the sines 
of the angles of incidence and refraction being in the constant 
ratio of 1*654 to 1 ; and that these angles are always in the 
same plane. This ray, therefore, is refracted according to 
the known law, and is called the ordinary ray. On examin- 
ing the other ray, however, we find that, at a perpendicular 
incidence, the deviation, instead of vanishing, is 6° 12' ; that^ 
at other incidences, the refracted ray does not follow the law 
of the sines ; and that, moreover, the angles of incidence and 
refraction are in different plams. This ray, therefore, is re- 
fracted according to a new and different law, and is called the 
extraordinary ray* 

(64) In proceeding to the consideration of this law, we 
must observe, in the first place, that there is a certain direction 
in every double-refracting crystal, along which if a ray be 
transmitted, it is no longer divided. This line is called the 
optic axiSf and all the phenomena of double refraction are 
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related to it. There are, properly speaking, an infinite num> 
ber of such lines within the crystal, all parallel to one another ; 
so that the optic axis is fixed, not in position, but in direction 
only. It has been already mentioned that the line connecting 
the obtuse solid angles of the rhombohedron of Iceland spar 
is the axis of the crystal. Now if we conceive a crystallized 
mass of this substance to be subdivided into its elementary 
molecules, which are of this form, the axis of each of these 
molecules will be an optic axis. The optic axis of the crystal- 
lized mass, therefore, is a direction in space parallel to the axes 
of the elementary molecules, or equally inclined to the three 
faces containing the obtuse solid angle. 

(65) All the phenomena of double refraction are symme- 
trical round this line. To see this, we have only to polish an 
artificial face on the crystal, perpendicular to the optic axis, 
and to mark the course of the refracted rays. We shall then 
observe, that when the ray is incident perpendicularly on this 
face, or in the direction of the axis, it undergoes no deviation 
by refiraction, and the ordinary and extraordinary rays coin- 
cide ; that for every other incidence the ray is divided, the 
refi'acted rays being both' in the plane of incidence, and the 
deviation of the extraordinary ray being less than that of the 
ordinary. This deviation of the extraordinary ray (and there- 
fore the ratio of the sines) is the same for all rays equally in- 
clined to the axis, whatever be the azimuth of the plane of 
incidence. But it is found, that the ratio of the sines of inci- 
dence and refraction of the extraordinary ray is not constant, 
but diminishes as the inclination of the incident ray to the 
optic axis increases ; being least of all when the ray is per- 
pendicular to the axis. This least value of the ratio is called 
the extraordinary index ; in Iceland spar it is 1*483. 

In the preceding cases, the plane of incidence contains 
the optic axisj and the extraordinary ray continues in that 
plane. This is generally true under the same circumstances. 
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wbateirer be the refracting surface. To see it, we have only 
to look obliquely through a rhomb of Iceland spar at a point 
on a sheet of paper : the extraordinary image will be seen to 
reyolye round the other, as the rhomb is turned, and will 
twice arrive in the plane of incidence, — ^namely, when that 
plane contains the optic axis. The same coincidence of the 
two planes occurs also when the plane of incidence iBperpenn 
dictdar to the optic axis ; but in this case, the ratio of the sines 
of incidence and refraction of the extraordinary ray is constant^ 
80 that this ray then satisfies both the laws of ordinary refrac- 
tion. This constant ratio is the extraordinary index already 
referred to ; it is best determined by means of a prism of 
the crystal, having its refracting edge parallel to the optic 
axis. 

(66) The directions of the two refracted rays are given by 
the following construction. 

Let AC be the incident ray, 
and CF the section of the sur- 
face of the crystal made by the 
plane of incidence. Let the 
incident ray be produced any- 
where to B, and let BF be 
drawn perpendicular to it, 
meeting the sur&ce in F. 

Let CD : CB : : sine of refiraction : sine of incidence of the 
ordinary ray ; and from the centre C, and with the radius CD, 
let the sphere DOG be described. Let the spheroid of revo- 
lution GE be described with the same centre, its axis of revo- 
lution being in the direction of the optic axis of the crystal, and 
equal to the diameter of the sphere, while the other axis is 
greater in the ratio of the ordinary to the extraordinary index. 
Now, if through F a line be drawn perpendicular to the plane 
of the diagram, and through that line there be drawn tangent 
planes, FO and FE, to the sphere and spheroid, the lines CO 
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and CE, drawn from the centre to the points of contact, will 
be the durections of the ordinary and extraordinary rays. 
This elegant construction was given by Huygens. 

For this construction Newton substituted another, without 
stating the theoretical grounds on which he formed it, or even 
advancing a single experiment in its confirmation. In this 
unsatisfactory position the problem of double refraction was 
suffered to rest for nearly a century ; and it was not until the 
period of the revival of physical optics, in the hands of Young, 
that any new light was thrown upon the question. Young 
was led by the theory of waves to assume the truth of the law 
of Huygens ; and, at his instigation, WoUaston undertook the 
experimental examination, which recalled to it the attention 
of the scientific world, and ended in its universal admission. 
The French Institute soon after proposed the question of 
double refraction as the subject of their prize essay, and the 
successful memoir of Malus left no doubt remaining as to the 
accuracy of the Huygenian law. 

(67) We have seen that in Iceland spar the extraordinary 
index is less than the ordinary, and that consequently the 
extraordinary ray is refracted from the axis. This, how- 
ever, is not universally true of all double-refracting crystals. 
Biot discovered that there were many crystals in which the 
extraordinary index was yr^afcr than the ordinary, and in which, 
therefore, the extraordinary ray is refracted towards the axis. 
Crystals of this kind he called attractive, while those of the 
former were denominated repulsive. Among the attractive, 
or (as they are sometimes called) positive crystals, are quartz, 
ice J zircon; the repulsive or negative class is far more nume- 
rous, and includes, among others, Iceland spar, sapphire, ruby, 
emerald, beryl, and tourmaline. 

The Huygenian law applies to attractive as well as to re- 
pulsive crystals, it/being observed, that in the former case the 
axis of revolution of the ellipsoid must be the ffreater ayiis of 
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the generatiiig ellipse ; or, in other words, that the spheroid 
is prolate instead of oblate. 

(68) It has been hitherto assumed that there is but one 
optio axis in every crystal, or one direction only along which 
a ray will pass without division. It was reserved for Sir 
David Brewster to discover that the greater number of crystals 
possessed two optic axes. Among the most remarkable of the 
crystals with two axes may be mentioned arraffonite, mica, sul. 
phate qfbarytes^ sulphate of lime ^ topaz^ B,nd felspar. The 
angles range in magnitude through the entire quadrant ; and 
tibey accordingly afford a new and important criterion for the 
distinction of mineral substances. 

(69) It appears from the foregoing, that crystalline bodies 
may be divided into three classes, with respect to their action 
upon light, namely — 

I. Single^refracting crystals, 

II. Uniaxal crystals^ or those which have one axis of 
double refraction. 

III. Biaxal crystals^ or those which have two such 

axes. 

Sir David Brewster has established a connexion between 
these diversities of optical character and the varieties of crys- 
talline form. He has shown that all the crystals of the first 
class, i. e. all single-refracHng crystals, belong to the tessular 
system of Mohs ; that all uniaxal crystals belong either to the 
rhombohedral or to the pyramidal system ; and that crystals of 
the third class, or biaaal crystals, belong to one or other of the 
prismatic systems. 

These important relations bear, in a very close and defi- 
nite manner, upon the proximate cause of double refraction. 
It has been just mentioned, that the only crystals which do 
not possess the property of double refraction are those belong- 
ing to the tessular system, i. e. those whose fundamental form 

R 2 
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is the cube. Now in this, and its derived forms, we can assign 
three lines at right angles to one another, round which the 
whole^gure is symmetrical ; and we may, therefore, reasonably 
conclude that the density and elasticity of the crystal is the 
same in each of these directions, and consequently the same 
tliroughout. Again, crystals Mrith one axis of double refrac- 
tion belong either to the rhombohedral^ or to the pt/ramidal sjo- 
tem, — syst'Cms whose fundamental forms are the rhombohedran 
and the straight pyramid. In each of these forms there is one 
axis of figure^ or one line round which the whole is symmetri- 
cal : and we may, therefore, assume that the density of the 
crystal is either greater or less in this direction than in others, 
while it is equal in all directions at right angles to it. The 
axis of form is, in this case, the axis of double re&action. 
Finally, in the oblique pyramid^ which is the fundamental form 
of the prismatic systems, there is no one line, or axis of figure, 
round which the whole is symmetrical; and it is therefore 
probable that the density of the crystal is unequal in all the 
three directions. Such crystals are found to have two optic 
axes. 

It has been stated, that in uniaxal crystals the optic axis 
is also the axis of form. In biaxal crystals, it did not at first 
appear that the optic axes were in any manner related to the 
lines which bound the elementary crystal. Sir David Brew- 
ster, however, ascertained that if two lines be taken, one bi- 
secting the acute, and the other the obtuse angle contained 
by the optic axes, these (together with a third line at right 
angles to both) are closely connected with the primitive form. 

These relations between the optical properties of crystals 
and their external forms are so close and intimate, that any 
change (however produced) in one of them, is found to be 
accompanied by a corresponding change in the other. Thus, 
if the form of a crystal be altered by mechanical compression, 
or change of temperature, its refracting properties undergo a 
corresponding change. 
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(70) It was long supposed that one of the refracted rays, 
in every crystal, followed the ordinary law of the sines, while 
the other was refracted according to the Huygenian law. But 
Fresnel has proved, both from theory and by experiment, that 
this is not the case, and that in biaxal crystals, both rays are 
refracted in an extraordinary manner, and according to a new 
law. It is, in fact, a consequence of his beautiful theory of 
double refraction, that the form of the wave, which is propa- 
gated in the interior of such a crystal, is neither a sphere nor 
spheroid, as in uniaxal crystals, but a curved surface of the 
fourth order. This surface is composed of two sheets ; and if 
tangent planes be drawn to these, after the same manner as to 
the sphere and spheroid in the Huygenian law, the points of 
contact determine the directions of the two refracted rays. 
These more general laws of double refraction will be more 
fully considered hereafter. 

(71) We may now proceed to illustrate some of the more 
remarkable effects of double refraction. 

If a rhomboid of Iceland spar, or any other double-refract- 
ing crystal, be placed close to a small object, — as, for example, 
a black spot on a sheet of paper, — it will be observed that one 
of the images is sensibly nearer than the other ; and that the 
difference of their apparent distances changes Mrith the thick- 
ness of the crystal, and with the obliquity of the ray. 

This effect is easily accoimted for. It is a well-known 
principle of optics, that when an object is viewed through 
a denser medium bounded by parallel planes, — as, for example, 
a cube of glass, — the image is nearer to the surface than the 
object ; the difference of their distances being to the thickness 
of the medium, as the difference of the sines of incidence and 
refraction to the sine of incidence. This interval, through 
which the image is made to approach, increases therefore with 
the refractive power of the medium ; thus in water it is one^ 
fourth of the thickness, in glass one-third, and so for oth^r 
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media. Now as double-refracting crystals have two refractive 
indices, of different magnitudes, there will be two images, at 
different distances from the surface. In Iceland spar, the 
ordinary index is greater than the extraordinary, and therefore 
the ordinary image is nearer than the other. The reverse is 
the case in positive crystals, such as quartz, in which the extra- 
ordinary index is the greater. 

(72) The refractions being equal at the two parallel sur- 
faces of the rhomb, whether the refraction be ordinary or exr 
traordinary, the two rays will emerge parallel to the incident 
ray, and therefore parallel to one another ; and the distance 
between them will be proportional to the thickness of the 
crystal. But if the surfaces be inclined, so as to form a prism, 
the deviation of the two rays will be different, and they will 
emerge inclined to one another ; consequently the separation 
will increase with the distance. 

Such a separation is of use in many experiments. In order 
to render the divergence of the emergent pencils greatest, the 
prism should be cut with its edge parallel to the optic axis ; 
so that the refraction may take place in a plane perpendicular 
to the axis. In this case the ordinary and extraordinary re- 
fractions differ by the greatest amount, and therefore the dif- 
ference of the deviations of the two pencils is greatest. A 
double-refracting prism, so cut, is usually achromatized by a 
prism of glass, with its refracting angle turned in the opposite 
way. 

A better arrangement has been suggested by Wollas- 
ton. Two prisms of the same substance, and of equal refract- 
ing angles, are cut in such a manner, that in one the refracting 
edge is parallel to the optic axis, and in the other perpendicu- 
lar to it. They are then united, with their refracting angles 
turned in opposite directions, so as to form a parallelopiped ; 
and the effect of this arrangement is to double the separation 
of the images produced by either singly. By this duplication 
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m 

the weak double refraction of rock crystal is rendered very 
sensible. 



(73) An achromatic prism of this kind is employed in the 
double image micrometer^ an ingenious and valuable instrument 
invented by JRochon. It consists of a telescope, in which a 
prism, such as we have described, is introduced between the 
object-glass and its principal focus ; and thus two images are 




formed in the principal focus, whose interval is greater or less, 
according to the distance of the prism from that point. When 
the instrument is used, the prism is moved until the two images 
appear in contact, and its distance from the focus is then read 
on a graduated scale. The two angles in this case having 
the same subtense, the visual angle of the object is to the de- 
viation produced by the prism, as the distance of the prism 
from the focus is to the focal length. Now the divergence of 
the two rays is constant for a given prism, and may be deter- 
mined either by calculation or experiment ; consequently, the 
visual angle is deduced from the preceding proportion. By 
this instrument Arago has determined the apparent diameters 
of the planets with great precision. 

The same instrument has been also employed in war, to 
determine the distance of an inapproachable object. Thus, if 
it be required to ascertain the distance of the walls of a be- 
sieged town, in order to know whether they are within the 
range of shot, it is only necessary to measure by this instru- 
ment the angle subtended by a man, or any other object whose 
height is known approximately. The height of the object, 
divided by the tangent of the angle, is the distance required. 
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CHAPTER V. 



INTBRFERBNCB OF LIGHT. 



(74) Having considered the mode of propagation of a 
luminous wave, and the modifications which it undergoes on 
encountering the surface of a new medium, we may now pro- 
ceed to inquire what will be the effect, when two series of 
waves are propagated simultaneously from two near luminous 
origins. 

It is obvious that when two waves — one proceeding from 
each source — arrive at any instant at the same point of space, 
the particle of ether there will be thrown into vibration by 
both ; and we are to consider what will be the result of this 
compound vibration. Now, it is demonstrated by analysis, 
that when two small vibrations are communicated at the same 
time to a material point, each of them will subsist independently 
of the other; and the motion of the point will, in consequence, 
be the resultant of the motions due to each vibration considered 
separately. This principle is denominated the superposition 
of small motions. Its nature may be made clear by a simple 
instance. 

Let a pendulous body receive an impulse in any plane 
passing through the point of suspension : it will then, of 
course, vibrate in that plane. Now, at the lowest point of 
the arc of vibration, let a second impulse be given to the mov- 
ing body, in a direction perpendicular to the plane in which it 
already vibrates. This impulse, if communicated to the body 
at rest, would cause it to vibrate in a plane at right angles to 
the former, and through an arc depending on the magnitude 
of the impulse. Now it will be found, on trial, that the distance 
of the body from the vertical, measured in either of these 
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planes, is the same at any instant as if the other vibration did 
not exist ; so that each vibration subsists independently of the 
other, and the result will be a compound elliptical vibration. 
We have here supposed the coexisting vibrations to take 
place in separate planes, in order that their independence may 
be more distinctly recognised. When the two vibrations are 
in the same plane^ it is obvious that the resulting vibration 
-will be also in that plane ; and that its amplitude will be the 
sum of the amplitudes of the component vibrations when their 
directions conspire, and their difference when they are opposed. 

(76) Let us transfer this to the case of Light: — Let us 
suppose that two sets of waves start at the same time from two 
near luminous origins (which, for simplicity, we shall assume 
to be of equal intensity), and that a distant particle of ether 
is thrown into vibration by both at the same time. Then, 
supposing that these two vibrations are performed in the same 
plane, it follows from what has been said, that, when their 
directions conspire, they will be added together, and the re- 
sulting space of vibration will be dvtd)le of either ; and that, 
on the contrary, they will counteract one another, and the re- 
sulting vibration will be reduced to nothing^ when their direc- 
tions are opposed. 

It is evident, further, that the directions of the vibrations 
will conspire J and therefore the space of vibration be doubled, 
when the two waves arrive in the same phase ; and that, on 
the contrary, their directions will be opposed, and the result- 
ing vibration reduced to no- 
thing, when they arrive in 
opposite phases. Let the 
waving lines AB and A'B', 
or AB and A"B", represent 
the two undulations, the dis- 
tance of any particle from its 
state of rest being represented by the ordinate, or perpendicu- 
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lar, at the corresponding point of the horizontal or mean line. 
Then, if the undulation A'B' be superposed upon AB, the 
corresponding points of each being in the same phase^ it is 
evident that the distances by which the particle at any point 
is removed from its state of rest by each, mn and wiV, will be 
added together, and the space of vibration doubled. Whereas, 
if the undulations A"B" and AB, whose corresponding points 
are in opposite phases^ be superposed, the distances from the 
position of rest, mn and m'V, lie on opposite sides of the mean 
line, and when added together destroy one another. Thus the 
space of vibration is doubled, when the waves arrive at the same 
point in the same phase : it is annihilated, when they arrive 
in opposite phases. Now the intensity of the light is as the 
square of the amplitude of vibration ; the intensity, there- 
fore, is quadrupled in the former case, and destroyed in the 
latter. 

We have here taken, for the sake of illustration, two of 
the most important cases, — those, namely, in which the co- 
existing undulations are in complete accordance^ or complete 
discordance. When this is not the case, and the waves 
meet in some intermediate stage of the vibratory movement, 
the position of the maximum will be altered, as well as its 
magnitude ; and the rules for the composition of the coexist- 
ing vibrations bear a close analogy to the well-known rule 
for the composition offerees. 

(76) We learn, then, as a result of the wave-theory, that 
two lights may either augment each other's effects ; or they 
may partially, or even wholly, destroy one another, and thus, 
by their union, produce complete darkness. 

Before we proceed to examine more particularly this in- 
dication of theory, we may observe that it is altogether ana- 
logous to what is known to take place in other cases of vibra- 
tory motion. If two waves of water arrive at the same point 
at the same instant, in such a manner that the crest of one 



INTBRFBRENCE OF LIGHT. 59 

wave coincides with that of the other, their effects will be added 
together, and the water at that point will be raised into a wave, 
whose height is the sum of the heights of the conspiring waves. 
If, on the other hand, the crest of one wave coincides with 
the sinusy or depression of the other, the height of the re- 
sultant wave will be the difference of the components ; and, 
when these are equal, the resultant wave will entirely 
disappear. 

We have a magnificent example of these effects in the 
well-known phenomena of the spring and neap tides ; the tidal 
wave in the former case being the sum of the waves caused 
by the action of the Sun and Moon, and in the latter, their 
difference. 

The peculiarity of the tides in the port of Batsha furnishes 
a still more striking instance of the principle of interference. 
The tidal wave reaches this port by two distinct channels, 
which are so unequal in length, that the time of arrival by one 
passage is exactly six hours longer than by the other. It fol- 
lows from this that when the crest of the tidal wave, or the 
high water, reaches the port by one channel, it is met by the 
low water coming through the other ; and when these oppo- 
site effects are also equal, they completely neutralize each 
other. At particular seasons, therefore, when the morning 
and evening tides are equal, there is no tide whatever in the 
port of Batsha ; while at other seasons there is but one tide in 
the dag, whose height is the difference of the heights of the 
ordinary morning and evening tides. 

Analogous phenomena take place in sound, and produce 
the coincidences or beats in music. These effects occur when 
the condensed part of the aerial pulse, arising from one origin 
of sound, coincides with the rarified part of that proceeding 
from the other. They are often heard during the playing of 
a large organ, and give rise to the swelling and falling sounds 
which are heard, especially among the lower notes of the in- 
strument. 
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(77) The interference of the aerial pulses may be exhibited 
to the eje. Let a compound tube be taken, consisting of two 
equal and similar branches terminating in a common trunk. 
It is evident, then, that if the air be thrown into the same 
state of vibration at the extremities of the two branches, — the 
particles going and returning simultaneously in both, — a 
double vibration will be propagated to the extremity of the 
main trunk, and may be rendered sensible by the agitation of 
the particles of sand on a stretched membrane. If, on the 
other hand, the air be in opposite states of vibration at the ex- 
tremities of the branches, these will neutralize one another in 
the trunk, and the membrane, and the sand, will be quiescent. 
The conditions here described are attained, by bringing the 
ends of the branches over the parts of a vibrating plate which 
are in similar, or in opposite states of vibration. When the 
length of the tube is such that it is in unison with the vibrat- 
ing plate, it will utter a distinct sound in the one case, while 
in the other it will be silent. 

The alternate augmentation and intermission of sound ob- 
served by Young, when a tuning-fork is turned round its 
axis at a short distance from the ear, are easily referred to the 
same principles. 

(78) That two lights^ then, should produce darkness^ is a 
result of the same kind as that two sounds should cause silence ^ 
or that two waves should make a dead level. But we are not 
left to analogy alone for the proof of this remarkable conse- 
quence of the wave-theory of light. The phenomenon itself 
has been established by the most direct and convincing ex- 
])eriments; and we shall soon see that it is observed in a 
multitude of cases where its existence was at first little sus- 
pected. 

This important law — now known under the name of the 
interference of light — was for the first time distinctly stated 
and established by Young, although some facts connected 
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with it were known to Grimaldi. The latter writer had 
even explicitly asserted that " an illuminated body may be 
rendered darker by the addition of lights'' and adduced a sim- 
ple experiment in proof of it. Grimaldi's experiment was as 
follows. Let the Sun's light be admitted into a darkened 
chamber through two small and equal apertures of a circular 
form. Two diverging cones of light will be thus produced ; 
and each of these cones will be surrounded by a penumbra in 
which the illumination is only partial. Now let these two 
beams be received on a screen at some distance, where the pen- 
umbras of the two cones overlap. It will be then observed, 
that although the greater part of this doubly illuminated space 
is brighter than the penumbra of one cone alone, yet the boun- 
daries of the overlapping portions are much darker than the 
other parts of the penumbras which do not overlap ; and if one 
of the beams be intercepted by an obstacle, this dark part 
will recover the brightness of the rest. Thus darkness may 
be produced by adding light; and, on the other hand, by 
withdrawing a portion of the light we may augment the 
illumination. 

(79) This interesting experiment assumed a more distinct 
and decisive character in the hands of Young. If the two 
apertures be reduced to a very small size, and brought close to- 
gether, and if the original light be homogeneous, we shall ob- 
serve a series of alternate bright and dark bands, formed at 
those points where the waves proceeding from the two origins 
conspire, or are opi)Osed. That these alternations of light and 
darkness are caused by the mutual action of the two beams, 
is proved by the fiw5t, that if one of the beams be intercepted, 
the whole system of bands will disappear, and the light which 
remains become of uniform intensity. By withdrawing one of 
the lights, then, the dark intervals recover their brightness ; so 
that darkness, in this case, must have been produced by the 
action of one light on the other. 
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(80) We ahM best underBtand the circumsttincea of this 
phenomeBOQ, by coDeidering what takes place in another more 
Jamiliar case of interference. If two stones be flung at the 
same instant into a pool of Btagnant water, a series of circular 
waves will be propagated from each of the two centres of dis- 
turbance ; and where these two sets of waves erois, they will 
produce effects airoilnr to those we have been describing in the 
case of light. Where the erett of one wave falls upon the crest 
of another, they will be added together, and form a higher 
crest, or ridffe, on the surface. And, on the contrary, where 
the orest oi'one wave meets the hollow, or iinwf, of another, 
they will counteract one another's effects, and the water will 
stand at that point at its original level, ns if undisturbed. 

It is obvious that there will be several sets of consecutive 
points of each class, or several lines of double disturbance and 
no disturbance. One line of double disturbance, A A, will be 
produced by the meeting of waves 
equidistant Jrom the two centres; 
—w the first of one with the first 
of the other, the second of one 
with the second of the other, &c. ( 
This line is necessarily straight. 
On either side of this there will 
be a line, BB, B'B', consisting of 
those points where the first wave - b a b >- 

from one origin encounters the second from the other, the 
second from one the third from the other, — of all those points, 
in short, whose distances from the two centres differ by the 
length of a sttigtewave. The next pair of lines, CO, C'C, con- 
sist of those points whose distances from the two centres differ 
by the length qfttoo waves ; and so on. All these lines are 
hyperbolas, and on all of them the disturbance is doubled, and 
an elevated ridge raised on the surface. But there are like- 
wise intermediate lines, composed of those pmnts whose di(^ 
tances from the two centres differ by half a *Bave, by a war>e 
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and halfi by tioo waves and halfy &c. On all these lines, the 
crest of the wave from one origin meets the sintis of a wave 
from the other ; and these, therefore, are the lines of no dis- 
turbance. They are evidently hyperbolas like the former. 

All that has been now said applies strictly to the phe- 
nomena of light, in the aspect under which they are pre- 
sented by the wave-theory. In the same medium the waves of 
any given length are propagated with a constant velocity. 
When therefore two series of waves of equal length diverge 
at the same time from two centres, they will arrive at the 
same point in the same phase, provided that the lengths of 
the patlis traversed are equals or differ by any whole number 
of undulations. They meet in opposite phases^ on the other 
hand, when the lengths of their paths differ by half a wave^ 
or by any odd multiple of half a wave. The central bright 
band, then, is formed at those points where the distances tra- 
versed are equal. The next bright band on either side is pro- 
duced where the distances traversed differ by the length of one 
entire wave ; the succeeding pair where the distances differ 
by two whole waves ; and so on. In the same manner, the 
first dark band is produced on either side of the central bright 
one, and at points for which the distances traversed differ by 
the length of half a wave ; the second pair of dark bands 
where these distances differ by one wave and half; and soon. 

(81) In Young's experiment, if the light diverging from 
the two apertures O and C, 
be received on a screen, AD, 
it is found that the central 
bright band is formed at the 
point A, where the screen is 
intersected by the line PA, 
which bisects the line 00' and is perpendicular to it. The 
central band, therefore, is formed where the paths traversed by 
the two pencils are equal. There will be a dark band on either 
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side of the central bright one, and, beyond these, a pair of 
bright bands. If we measure the distances of one of these 
from the two apertures, we shall find that their difference, 
BO'- BO, is a constant quantity, whatever be the position of 
the screen ; this difference is the length of a wave. Beyond 
these is a second pair of bright bands, the difference of whose 
distances from the two centres, CO' - CO, is double of the 
preceding, or equal to two whole waves ; and in like manner, 
the difference of the lengths of the paths, at the place of each 
succeeding bright band, is found to be some exact multiple of 
the first difference, or of the length of a wave. 

Performing the same measurements for the intermediate 
dark bands, we find that the difference in the lengths of the 
paths, where the first pair is formed, is half the difference, 
BO' - BO, or half the length of a wave. The differences of the 
paths, at the place of each succeeding pair of dark bands, are 
found in like manner to be intermediate to the corresponding 
differences for the bright bands on either side, or to be odd 
multiples of half a wave. 

The difference of the distances from the two apertures 
being constant for the successive points of the same band, it 
follows that these points must form an hyperbola, whose foci 
coincide with the two apertures. It will be easily seen that 
the curvature of these hyperbolic lines is very small, except 
close to their vertices ; and that we may, without sensible 
error, consider them as coincident with their asymptots. 

It is easy to determine the positions of the bands, as de- 
pendent on the interval of the apertures, and on the distance 
of the screen. 

The place of any bright or 
dark band, m, is determined 
by the condition that the dif- 
ference of its distances from 
the two apertures, mO' - mO, 
is an integer multiple of the length of half a wave. Now, 
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drawing the lines On, OV, parallel to PA, and denoting the 
distance AP by b, the interval of the apertures 00' by c, and 
the distance Am by a?, the right-angled triangles Owin, 0'mn\ 
give 

Om= v^A^T'(i"31^2=,j+ (^_zM^ 

am = Vn^+ix-^ ^cy = b + i^-ti^'; 

the distance b being very great in comparison with x and c. 
Hence 

Om- Om = ^^ ^,^ ^=-^ = — . 

But this difference is equal to w -, X being the length of a 
wave ; we have, therefore, 



X = 



2?' 



in which the even values of n correspond to the places of the 
bright bands, and the odd values to those of the dark ones. 

The preceding formula enables us to compute the length 
of a wave of light, when the distances b, c, and x have been 
determined by accurate measurement. It has been found in 
this manner that the length of a wave is '0000266 of an inch 
for the extreme red rays; '0000167 for the extreme violet ; 
and '0000203, or about the j^^^^ of an inch, for the mean 
rays of the spectrum. 

(82) But though the principle of Interference seemed to 
be established by the experiments and reasonings of Young, 
it was not freed from all question. It might be supposed 
that the light passing by the edges of the apertures, in the 
experiment last described, underwent modifications of some 
kind or other which produced the observed effects. It was, 
therefore, of importance to show that these effects were 
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wholly independent of apertures or edges; and that any two 
rays proceeding from the same luminous origin, and meeting 
under a small obliquity, will interfere in the manner already 
described, whatever be the attending circumstances. This 
has been done by Fresnel ; and the experiment, which he de- 
vised for the purpose, has been justly ranked among the 
most important and instructive in the whole range of Physical 
Optics. 

Two plane mirrors are placed so as to meet at a very ob- 
tuse angle. A beam of light diverging from the focus of a 
lens is suffered to fall upon them ; and there will be there- 
fore two reflected beams, whose du^ections are inclined at 
a very small angle. Here, then, are two beams diverging 
from the same luminous origin, separated simply by reflexion 
at plane surfaces, without the intervention of edges, or of 
anything accidental which can be regarded as contributing to 
the result. These beams, however, still interfere, and pro- 
duce a succession of alternate bright and dark bands, in the 
manner already explained. In order to satisfy ourselves that 
these bands are in fact produced by the mutual action of 
the two beams, we have only to intercept one of them, by 
covering one of the mirrors, and the whole system instantly 
vanishes. 

Let Qn and Qn' 
represent the sec- 
tions of the two mir- 
rors, which we shall 

suppose to be per- "■--.•' T'-^^^ 

pendicular to the / ^^^^^^^^" ---^ 

plane of the dia- 
gram ; and let k be the luminous origin, or the focus of the 
lens in which the Sun's rays are concentered. Then taking 
the points O and O at equal distances on opposite sides of the 
mirrors, these points will be the foci of the two reflected pen- 
cils, or the points of divergence of the two beams. Now it 
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is found, in the first place, that the bands are parallel to the 
line of intersection of the two mirrors; secondly, that they 
are symmetrically placed on either side of a plane passing 
through this intersection, and through the point P, which 
bisects the interval between the two foci O and O'; and 
thirdly, that in proceeding from the mirrors, they are propa- 
gated in hyperbolas, whose foci are O and O', and whose com- 
mon centre is P. 

(83) These results are in exact accordance with theory. 
In fact, since On = nk^ and OV = w'A, the difference of the 
paths traversed by the reflected rays, knm and kn'm, when they 
meet at m, is the same as if they had reached that point di- 
verging directly from the points O and O'. All, then, that 
has been said respecting the interference of the pencils di- 
verging from two near luminous origins, will apply to this 
case. Since kQ = OQ = O'Q, the line QP, which bisects the 
line OC, is also perpendicular to it, and any point of it, as 
A, is equidistant from O and O'. The bands, therefore, are 
symmetrically situated with respect to this line ; and the dis- 
tance, Aw, of the band of any order from the central band, is 

.. nXAF 
equal to -qq7 • 

This distance is easily expressed in terms of given quan- 
tities. For PQ = OQ X cos OQP = AQ x cos OQP ; and 
Oa = 20P = 2AQ X sm OQP. But since the angles AQO, 
AQO', are bisected by the lines Qn and Q« , it is easy to see 
that the angle OQP (or the half of the angle OQO') is equal to 
the inclination of the mirrors. If then this inclination be de- 
noted by €, and the distances kQ and Q A by a and ft, we have 

00' = 2a sin c, AP = a cos € + ft = a + 6 ; q.p, ; 

and therefore the distance of the band of the w** order from 
the centre is expressed by the formula 

(a + h) n\ 

2a sin € 

f2 
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(84) The phenomenon of interference is displayed in a 
striking manner by the mutual action of direct and reflected 
light ; and the experiment in this form is more manageable 
than that of Fresnel. We have only to take a piece of plate 
glass, or a metallic reflector, and to place it in such a posi- 
tion that the rays diverging from the luminous origin shall be 
reflected at an angle of nearly 90°. A screen placed on the 
other side of the mirror will receive both the direct and re- 
flected pencils ; and as they meet under a small angle, and 
have traversed paths differing by a small amount, they are in 
a condition to interfere. It will be readily seen that the sys- 
tem of bands, formed in this manner, is but half of that pro- 
duced in Fresnel's experiment. 

(85) There is yet another mode of studying the funda- 
mental phenomenon of interference, which is in some respects 
more convenient than any of the former. It is obvious that 
the original beam may be separated by refraction^ as well as 
reflexion ; and if the inclination of the two refracted pencils 
be small, similar results will take place. For this purpose it 
is only necessary to procure a prism with a very obtuse angle, 
and to allow the beam of light to fall perpendicularly on the 
opposite face. It is evident that this beam will be differ- 
ently refracted, at emergence, by the two faces which con- 
tain the obtuse angle ; and that it will be thus divided into 
two beams, which will be slightly inclined. These beams then 
proceed from one common origin, and meet under a small 
obliquity, and therefore fulfil all the conditions necessary for 
their interference. It is found, accordingly, that a series of 
alternate bright and dark bands is formed parallel to the edge 
of the prism. 

(86) It will be evident, from what has been said, that the 
central fringe produced by the interference of two pencils is 
the locus of those points at which they arrive in the same time ; 
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and, accordingly, when neither of the pencils has experienced 
any interruption in its progress, the points of that fiinge will 
be equally distant from the two luminous origins. The case 
is altered, however, if we interpose a thin plate of a denser 
medium in the path of one of the interfering rays. If the 
light is retarded in the denser medium, it is obvious that the 
points reached in the same time will no longer be equally dis- 
tant from the two centres, but will be nearer to that whose 
light has undergone the retardation. The reverse will be the 
case if the light is accelerated in the interposed plate ; so that 
the central fringe, and the whole system, will be shifted to- 
wards the side of the interposed plate in the former case, and 
from it in the latter. Here then we have a complete expert-^ 
mentum crucis^ by which to decide between the theory of 
emission and that of waves ; and its result, as we have already 
stated, is conclusive in favour of the wave-theory. 

The amount of the displacement of the fringes, in this 
important experiment, depends on the thickness of the in- 
terposed plate, and on its refractive index ; so that any one 
of these quantities will be determined when the other two are 
known. Accordingly, by observing the displacement of the 
fringes produced by a plate of known thickness, the refractive 
index of the plate is found. Arago and Fresnel have em- 
ployed this method to determine the refractive powers of the 
gases. The method is susceptible of very great precision. By 
observing the position of the fringes formed by two rays, one 
of which has passed through air, and the other through a va- 
cuum, Arago has shown that the minutest changes in the 
refractive power of the air may be observed — such, for exam- 
ple, as would arise from a variation of temperature amount- 
ing to ^th of a degree centigrade. By the same method it 
was ascertained that dry air was more refractive than air satu- 
rated with moisture, the difference amounting, very nearly, to 
the millionth of the refractive index. 
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In connexion M^ith these results, Arago has shown, that 
the scintillation of the stars is a phenomenon of interference, 
due to changes in the refractive powers of portions of the 
atmosphere, through which different portions of light reach 
the eye. 



(87) The principle of interference furnishes the complete 
answer to the diflSculty suggested by Newton, and shows in 
what manner the rectilinear propagation of light is reconciled 
to the wave-theory. It had been objected, that if light con- 
sisted in the undulations of an elastic fluid, it should diverge 
in every direction from each new centre, and so bendj round 
interposed obstacles, and obliterate all shadow. To this we 
reply, that light does diverge in every direction from each new 
centre, — that it does bend round interposed obstacles ; but that 
shadows notwithstanding exists because the several portions of 
this laterally-diverging light destroy one another by interfer- 
ence, and no effect is produced, except by those parts of the 
wave which are in the right line joining the luminous origin 
and the eye. 

To see this, let abed represent a portion of a spherical wave; 
and lei O be the place 
of the eye, and Oa the 
line drawn from it to 
the luminous centre. 
Commencing from the 
point a, let portions 
aft, Ac, cd, &c., be 
taken, such that the 
differences of the dis- 
tances of their extremities from the point O shall be the same 
for all, and equal to half a wave. Now we may suppose all 
these portions of the grand wave to be so many centres of 
disturbance ; and it is obvious that the secondary waves, sent 
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by each pair of consecutive portions to the eye, are in com- 
plete discordance, and should wholly destroy one another if 
their intensities were equal. It is easy to see that this is the 
case with respect to portions, as^, gh^ which are remote from 
the point a. For the magnitudes of the waves sent by the 
several portions to any point depend — first, on the magni" 
tudes of these portions themselves, and secondly, on the angles 
which the line drawn from them to that point makes with 
the front of the wave. As respects the former, it is evident 
that ah is greater than 6c, he than cd^ and so.on ; but these 
differences continually diminish, and the magnitudes of the 
consecutive portions approach indefinitely to equality, as they 
recede from the point a. The same is true of the ohliquities. 
Hence, the portions of the wave, fg^ gh^ remote from the 
point fl, destroy one another's effects, and the effect on the 
eye, or on a screen at O, will be entirely due to those parts of 
the grand wave which are in the neighbourhood of the line 
connecting that point with the luminous origin. 

Of these parts ah produces the greatest effect being 
both the largest and the least oblique. The effect of the 
neighbouring portions is, however, very sensible, and we 
shall have occasion hereafter to study some important pheno- 
mena to which they give rise. In the meantime, one remark- 
able consequence of this explanation is obvious — namely, that 
if the alternate portions 6c, de^ &c., whose effects are negative^ 
be stopped, the total effect will be augmented^ and the re- 
sulting light increased by intercepting a portion of the wave. 
We shall see hereafter that this startling conclusion is con- 
firmed by experiment. 
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CHAPTER VI. 



DIFFRACTION. 



(88) It has been shown to be a result of the wave-theory, 
that the intensity of the light which encounters an obstacle 
must diminish rapidly within the edge of the geometric shadow. 
It now remains to consider the other phenomena which arise 
under these circumstances; and it will be found that the 
same theory affords the most complete account, not only of 
their general characters, but even of their most minute details. 

In order to understand the theory of shadows^ it is neces- 
sary to investigate their laws in the simple case in which 
the magnitude of the luminous body is reduced to a point. 
The effects thus presented were first observed, and in some 
degree explained, by Grimaldi; and they have been since 
studied, as a separate branch of Optical Science, under the 
title of diffraction or inflexion, 

Grrimaldi found, that when a small opaque body was 
placed in the cone of light, admitted into a dark chamber 
through a very small aperture, its shadow was much larger 
than its geometric projection; so that the light suffered 
some deviation from the rectilinear course in passing by the 
edge. On observing these shadows more attentively, he 
found that they were bordered with three iris-coloured 
fringes, which decreased in breadth and intensity in the 
order of their distances from the shadow, and which preserved 
the same distance from the edge throughout its entire extent, 
imless where the body terminated in a sharp angle. Similar 
fringes were observed, under favourable circumstances, within 
the shadows of narrow bodies. 
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The phenomena of diffraction were subsequently examined 
by Hooke and by Newton ; and, lastly, in the hands of Young 
and Fresnel, they have been forced to furnish evidence in 
favour of the wave-theory, which few who impartially ex- 
amine it can continue to withstand. We shall first describe 
the most important of these phenomena, and afterwards ex- 
amine them in their bearing upon the two theories. 

(89) The most obvious of these phenomena are the modi- 
fications which light undergoes in passing by the edge of an 
obstacle of any kind. 

Let a beam of homogeneous light, entering a dark cham- 
ber, fall on a lens of short focal length, MN, by which it is 




brought to a focus at O, and thence diverges. Let an ob- 
stacle, PP', be placed in the diverging beam, and let the sha- 
dow which it casts be received upon a sheet of white paper at 
Q, or on a piece of roughened glass. We shall then observe 
the following phenomena : 

I. The line OPQ, which is the boundary of the ffeometric 
shadow^ is not the actual boimdary of light and shade. 

II. The space below this line, QS, is not absolutely dark, 
but is enlightened by a faint light, which extends to a sensible 
distance within the geometric shadow, and gradually fades 
away as it recedes from the edge of this shadow at Q. 

III. On the other side of the boimdary of the geometric 
shadow, at QR, the paper is not uniformly illuminated by the 
diverging beam, but is observed to be covered with a series 
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of alternate bright and dark bands, which are parallel to the 
edge of the shadow. The distances of these fringes inter se^ 
and from the edge of the shadow, vary with the position of 
the screen, and diminish indefinitely as the screen is brought 
near the obstacle. These fringes succeed one another for 
many alternations, becoming, however, less marked as the 
distance from the edge of the geometric shadow increases, 
until at length they are wholly obliterated and lost. They 
preserve the same distances from the shadow in all parts, 
except only where the edge of the body forms a sharp 
angle.* 

IV. The dimensions of the fringes vary with the colour 
of the light ; being broadest in red light, narrowest in violet 
light, and of intermediate magnitude in the light of mean re- 
frangibility. Hence, when white or compound light is em- 
ployed, the fringes of different colours will not be accurately 
superposed ; and there will be formed a succession of iris^o- 
loured fringes, the colours following the order which they have 
in the spectrum. 

(90) If we follow the course of the fringes from their 
origin, we shall observe that they are propagated in lines sen- 
sibly curved, whose concave side is turned towards the sha- 
dow. In order to obtain accurate measures of the distances 
of the fringes from the edge of the shadow, at different dis- 
tances from the obstacle, Fresnel viewed them directly with 
an eye-piece, furnished with a micrometer. He thus ascer- 
tained that the curved path of each fringe was an hyperbola^ 
whose summit coincided with the edge of the obstacle, and 
whose centre was the middle point of the line connecting that 
edge with the luminous origin. 



* If this angle be saKentj the fringes, instead of forming a similar angle, 
are observed to curve round the shadow. When the angle is re-entrant^ they 
cross, and enter on the shadow at each side, without interfering with one 
another. 
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If we. consider these hyperbolas as coincident with their 
asymptots (which may be done without sensible error, unless 
near the edge of the obstacle), and if we then determine the 
angles which they make with one another, and with the edge 
of the geometric shadow, we shall find that these angles in- 
crease rapidly as the distance of the obstacle from the lumi- 
nous point diminishes. When this distance is about 40 inches, 
the fringes are very close together, the fringes of the first 
and second order making an angle with one another of less 
than 2' in red light. At the distance of 4 inches this angle is 
increased to more than 5' ; and at -f^ of an inch it exceeds 
16'. Thus the fringes dilate, as the edge of the obstacle ap- 
proaches the luminous origin. 

(91) In this experiment the incident light is supposed to 
diverge from a luminous point. If the dimensions of the 
luminous origin had been considerable, it will be easily 
understood that each line in it, parallel to the edge of the 
obstacle, would give rise to a different system of fringes ; and, 
as the dark bands of some of these systems must coincide with 
the bright bands of others, every trace of the phenomenon 
would be obliterated. 

(92) The preceding experiments exhibit the effect of a 
sinffle edge. When the light diverging from the luminous 
point is suffered to pass by two near edges^ the phenomena will 
be varied in a very interesting manner. 

Let ^Jlne wire be placed in the pencil of light diverging 
from a luminous point, and let its shadow be received on a 
screen, or plate of roughened glass, as before. We then ob- 
serve, outside the geometric shadow, a set of parallel bands, 
or fringes, analogous to those produced by the single edge 
in the former experiment. These are the exterior fringes. 
But we observe further that the whole space of the geometric 
shadow itself is also occupied by parallel stripes, alternately 
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bright and dark. These are the interior fringes ; and they 
are in general closer, and more finely marked than the ex- 
terior. When the breadth of the obstacle is considerable, 
the interior fringes disappear, and the phenomena fall under 
the class already examined. 

The interior fringes are propagated, like the exterior, in 
hyperbolic curves ; but their curvature is less considerable, 
and the deviation from a right-lined course is scarcely per- 
ceptible within the limits at which they are commonly ob- 
served. They are also, like the exterior fringes, broader in 
red than in violet light, and of intermediate breadths in the 
light of intermediate refrangibility. Accordingly, in com- 
pound or white light, the fringes of different dimensions are 
superposed ; and the bands are no longer alternately bright 
and black, but coloured with different tints, in the order of 
the colours of the spectrum. 

(93) It still remains to examine the effects produced by 
two edges turned inwards^ so as to form an aperture of any 
dimensions. 

For this purpose Fresnel employed an instrument consist- 
ing of two metallic plates, one of which is fixed in the frame of 
the apparatus, while the other is moveable by means of a fine 
screw. The edges of these plates are right-lined and parallel, 
so that they form always a rectangular aperture; and, by means 
of the adjusting screw, the magnitude of this aperture may be 
varied at pleasure. 

When a narrow rectangular aperture, thus formed, is sub- 
stituted for the wire in the last experiment, the resulting phe- 
nomena are very remarkable. In the first place, the luminous 
beam diverges considerably after passing the aperture, so that 
the space which it occupies on the screen, or roughened glass, 
is much wider than the geometric projection of the aperture. 
Secondly, the entire of this space is covered with parallel bands, 
or fringes, alternately bright and dark, distributed symmetri- 
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cally on either side of the line passing through the luminous 
point and the centre of the aperture. 

If we trace these fringes, from their origin at the aper- 
ture to any distance, we shall find that they are propagated 
in hyperbolas, like the former. The curvature of these 
hyperbolic branches, and their inclination to one another, 
depend on the breadth of the aperture, and on its distance 
from the luminous point. Fraunhofer, who observed this 
class of phenomena with great attention and care, found that 
the angular distances of the successive bands of any given 
colour from the central line formed an arithmetical progress- 
sioUy whose common difference was equal to its first term ; 
and that, when different apertures were used, the distances 
of one and the same band from the central line were inversely 
as the breadths of the apertures. These fringes are broadest 
and most widely separated in red light ; they are narrowest 
and closest in violet light, and of intermediate magnitudes in 
the intermediate rays of the spectrum. In white light, there- 
fore, they present the succession of colours observed in other 
cases. 

When the aperture is formed by two straight edges 
slightly inclined^ Newton observed that the fringes were not 
accumtely parallel to the edges, but became broader as they 
approached ; and that they finally crossed, and formed two 
hyperbolic branches, one of whose asymptots is perpendicular 
to the line bisecting the angle of the edges, while the others 
are parallel to the edges themselves. 

(94) It is scarcely necessary to observe that thephenomena 
of diffraction may be endlessly varied, by varying the form of 
the diffracting edge. The preceding cases have been se- 
lected as the most elementary. They are abundantly sufficient, 
when pursued into numerical details, to test the truth of 
any theory which may be applied to this class of pheno- 
mena ; and such a theory being once established, the laws of 
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the more complex appearances are best sought for in its de- 
ductions. We shall proceed, therefore, to consider the preced- 
ing phenomena in their relation to the two theories of light. 

(95) Newton conceived the rays of light to be inflected m 
passing by the edges of bodies, by the operation of the at- 
tractive and repulsive forces, which the molecules of bodies 
were supposed to exert upon those of light before they ar- 
rived in actual contact. By the operation of such forces, 
Newton was enabled to explain the laws of reflexion and re- 
fraction; and it was reasonable to suppose that the same 
fcrces played an important part in the phenomena now under 
consideration. 

Thus, the rays passing by the edges of a narrow opaque 
body, such as a hair or fine wire, are supposed to be turned 
aside by its repulsion ; and, as this force decreases rapidly as 
the distance increases, it follows that the rays which pass at a 
distance from the body will be less deflected than those which 
pass close to it, as is shown 
in the annexed diagram. 
The catistic formed by the 
intersection of these de- 
flected rays will be con- 
cave inwards ; and afi none 
of the rays pass within it, 
it will form the boundary 

otthe visible shadow. Thus this supposition explains satisfac- 
torily the curvilinear termination of the visible shadow, and 
its excess above the geometric one. 

To account for the fringes which are parallel to the edge 
of this shadow, Newton appears to have supposed the at- 
tractive and repulsive forces to succeed one another for some 
alternations ; and the molecules composing each ray, in their 
passage by the body, to be bent to and fro by these forces, 
in a serpentine, course, and to be finally thrown off" at one or 
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other of the points of contrary flexure. The intersection of 
the rays thus thrown off at different points of the same ser- 
pentine course will form a caustic or fringe ; so that each suc- 
ceeding fringe will be produced by the rays which pass at a 
given distance from the edge of the body. 

Finally, the separation of white light into its elements is 
explained, by supposing that the rays which differ in refrangi- 
bility differ also in inflexibility^ — the body acting alike upon 
the less refrangible rays at a greater distance, and upon the 
more refrangible rays at a less distance. 

It is needless to comment upon the vagueness of these 
explanations. Newton himself was dissatisfied with them, 
and the subject fell from his hands unfinished. Still, how- 
ever, the mere guesses of such a mind as that of Newton 
must claim a deep interest ; and it was natural that among 
his followers more weight should be attached to these con- 
jectures, than he himself ever assigned to them. It seems 
necessary, therefore, to advert to some of the circumstances 
of the phenomena, which are not only unexplained by this 
theory, but which seem moreover entirely at variance with it. 

(96) If the phenomena of inflexion be the effects of attractive 
and repulsive forces emanating from the interposed body, — 
and if these forces are the same, or even analogous to those 
to which the reflexion and refraction of light are ascribed in 
the theory of emission, — it will follow that they must exist in 
different bodies in very different degrees ; so that the amount 
of bending of the rays, and therefore the breadth of the dif- 
fracted fringes, should vary with the massj the nature^ and the 
form of the inflecting body. Now it is clearly ascertained, 
on the contrary, that all bodies^ whatever be their nature or 
the form of their edge, produce under the same circumstances 
fringes identically the same; and, in fact, the partial interrup- 
tion of light, caused by the interposition of an obstacle of any 
kind, appears to be the only condition essential to the pheno- 
menon. 
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Gravesende seems to have first observed that the nature 
or density of the body had no effect upon the magnitude 
of the diffracted images ; and the fact has since been con- 
firmed in the fullest manner by almost every inquirer in this 
branch of experimental science. It is now admitted that the 
inflecting forces, if such exist, must be independent of the 
chemical nature of the inflecting body, and altogether different 
from those to which, in the theory of emission, the phenomena 
of reflexion and refraction are ascribed. 

To ascertain whether the y&rm of the edge had any effect 
upon the fringes, Fresnel took two plates of steel, the edge 
of each of which was rounded in one half of its length, and 
sharp in the remaining half, — and placed the rounded portion 
of each edge opposite the angular part of the other. If then 
the position of the iringes depended on the form of the edge, 
the effect would thus be doubled, and the fringes appear 
broken in the midst. They were found, on the contrary, to 
be perfectly straight throughout their entire length. 

Again, the inflecting forces (though they must be supposed 
to vary in intensity with the form and mass of the body, 
and with the distance of the luminous molecule from the 
edge) cannot be conceived to depend in any way upon the 
distance previously traversed by the molecule, before it arrives 
in the neighbourhood of that edge ; so that the magnitude 
and position of the fringes, in this hypothesis, cannot vary 
with the distance of the inflecting edge from the luminous 
point. But this conclusion is the reverse of fact. The fringes 
dilate^ and their mutual inclination is increased, as the obstacle 
approaches the luminous origin. 

The phenomena of diffraction, therefore, do not arise from 
the operation of attractive and repulsive forces, exerted by the 
molecules of bodies upon those of light. 

(97) The same objections apply to the hypothesis of 
Mairan and Du Tour, which ascribes these effects to the re- 
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fraction of small atmospheres encompassing the bodies, and 
of a different refractive power from the surrounding medium. 
For, if such an atmosphere be retained by the attraction of 
the body which it encompasses, — and this seems to be the only 
intelligible mode of accounting for its presence, — its density, 
and its form, must vary with those of the body itself; and, 
consequently, its effects upon the rays of light must vary also. 
We are forced, then, to conclude, that the phenomena of 
diffraction are inexplicable in the system of emission ; and we 
proceed to examine in what manner, and with what success, 
the principles of the wave-theory have been applied to their 
explanation. 

(98) This important step in Physical Optics was made by 
Young, and all the complicated phenomena of diffraction are 
now reduced to the simple principle of Interference. 

The exterior fringes, formed without the shadows of bodies, 
were ascribed by Young to the interference of two portions of 
light, one of which passed by the body, and was more or less 
deviated, while the other was obliquely reflected from its edge. 
The fringes formed by narrow apertures were, in like manner, 
supposed to arise from the interference of the two pencils re- 
flected from the opposite edges ; while the interior fringes, 
within the shadows of narrow bodies, were accounted for by 
the interference of the pencils which passed on either side of 
the body, and were bent into the shadow. The observed facts 
closely correspond with the calculated results of this theory; 
and in the case last mentioned. Young proved that the phe- 
nomenon admitted no other explanation. Placing a small 
opaque screen on either side of the diffracting body, so as to 
intercept the portion of light which passed by one of its edges, 
the whole system of bands immediately disappeared, although 
the light passing by the other edge was unmodified. 

The general laws of the fringes — the dependence of their 
magnitudes upon the length of the wave, and upon the distances 

a 
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of the luminous origin and of the screen — are fully explained 
on these hypotheses. It is easy to infer from them that, as the 
position of the screen is varied, the successive points of the 
same firinge are not in a right line, but form an hyperbola ; 
and that, when the distance of the luminous origin is les- 
sened, the inclination of these hyperbolic branches (considered 
^ coincident with their asymptots) augments, and the fringes 
dilate. 

The theory of Young, however, did not bear a closer 
comparison with facts. If the exterior fringes arose from the 
interference of the direct light with that obliquely reflected 
from the edge of the obstacle, it would follow that the inten- 
sity of the light in them should depend on the extent and 
curvature of the edge. Fresnel found, on the contrary, that 
the fringes were wholly independent of the form of the dif- 
fJracting edge ; the fringes formed by the back and by the 
edge of a razor, for example, being precisely alike in every re- 
spect. In the other cases of diffraction also, he perceived that 
the rays grazing the edge of the body were not the only rays 
concerned in the production of the fringes ; but that the light 
which passed by these edges at sensible distances was also 
deviated, and concurred in their formation. Fresnel was thus 
forced to seek a broader foundation for his theory. 

(99) In this theory the phenomena of diffraction are as- 
cribed to the interference of the partial, or secondare/ waves, 
which are separated from the grand wave by the interposi- 
tion of the obstacle. In applying this principle, Fresnel sup- 
poses the surface of the wave, when it reaches the obstacle, to 
be subdivided into an indefinite number of equal portions. 
Each of these portions may, by the principle of Huygens, be 
considered as the centre of a system of partial waves ; and the 
mathematical laws of interference enabled him to compute the 
resultant of all these systems at any given point. This re- 
sultant vibration, Fresnel has shown, is in general expressed 
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by means of two integrals, which are to be taken within limits 
determined by the particular nature of the problem. Its 
square is the measure of the intensity of the light ; and it is 
found that its value has several maxima and minima, which 
correspond to the intensities of the light in the bright and 
dark bands. 

The problem of difiraction was thus completely solved ; 
and its laws derived from the two principles to which the 
laws of reflexion and refraction are themselves referred, — the 
principle of Interference and ih^ principle ofHuygens. It only 
remained to apply the solution to the principal cases, and to 
compare the results with those of observation. The cases of 
diffraction selected by Fresnel are those whose laws have been 
already explained; viz. the phenomena produced — I, by a 
single straight edge ; 2, by an aperture terminated by parallel 
straight edges ; and 3, by a narrow opaque body of the same 
form. The agreement of observation and theory is so com- 
plete, that the computed places of the several bands seldom 
differ from those observed by more than the 100th part of a 
millimetre. 

(100) The general circumstances of these phenomena may 
be deduced by very simple considerations from the principles 
already laid down; although the complete development of 
these principles demands the aid of a complicated analysis. 

Thus, in the case of the fringes produced by a single 




edge^ let O be the luminous origin, MaN a diverging wavCj 
and £ any point at which the illumination is nought. From 

g2 
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this point, as centre, let a circle be described, touching the 
circle MaN in a, and let the lines R^'&, Rcc, &c., be drawn in 
such a manner that the intercepts £6', cd^ dd\ &c., are equal 
respectively to one, two, three, &c. semi-undulations. The 
effect produced at the point £ is then, by the principle of 
Huygens, the sum of the effects produced by each of the por- 
tions ah^ bc^ cd, &c., separately. But, the distances of these 
consecutive portions &om the point R differing by half a 
wave, their effects will be opposed at that point ; so that, if 
HI denote the intensity of the light sent from the portion ab, 
fd that from hc^ &c. — ^the light sent from the indefinite wave, 
aM or aN, being taken as unity — the actual light which reaches 
the point R will bel, l+m, I+m-iw', l-fin-in' + iw", &c., 
according as the obstacle is placed at the point a, 6, c, cf, &c. 
And the intensity of the light when the obstacle is altogether 
withdrawn is 

I + m - m'+ m"- 7w'"+ &c. = 2. 

Now, as the terms of this series are continually decreas- 
ing, and are affected alternately with opposite signs, it is ma- 
nifest that if we stop at any term, the sign of the remainder 
will be the same as that of its first term, and therefore al- 
ternately positive and negative. Accordingly the intensities, 
1 + ?w, I + w - wi', I + 7W - 7w' + m", &c., are alternately greater 
and less than 2 ; and the intensity of the light sent to the 
point R is alternately greater and less than when no obstacle 
is interposed. 

It will be easily understood, fi-om this general explanation, 
in what manner the magnitude of the fi"inges depends on the 
length of the wave, on the distance of the luminous origin 
from the obstacle, and on the distance of the screen. They 
must be broadest in red light, and narrowest in violet light ; 
and in white or compound light, the diffracted bands of dif- 
ferent colours will occupy different positions, so as to form a 
succession of iris*'Coloured bands having the violet or blue in- 
side, and the red without. After a few successions these 
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bands wholly disappear, owiDg to the superposition of bands 
of different colours. 

(101) It is easy to compute the relative places of the same 
fringe, for different positions of the luminous point, and of the 
screen. 

Let P be the edge of 
the obstacle, PA a por- 
tion of the wave, diverg- 
ing from O, which has 
just reached that edge; 

and let QR be the screen, and R the place of a fringe of any 
given order. Then, in order that this point should belong to 
the same fringe, for every distance of the luminous origin and 
of the screen, it is only necessary that the interval of retarda- 
tion, RP - R A, of the central and marginal parts of the wave 
should be constant. For in this case the whole wave, AP, 
may be divided into a given number of parts, such that the 
difference of the distances of the successive points of division 
from the point R shall be constant; and therefore the effective 
wave consists of the same number of elementary portions in 
the same relative state as to interference. 

Now, denoting OP by a, PQ by i, and QR by x, we 
have 

RP= ^^7^=*+^, 
q. />., since x is very small in comparison with b. Similarly, 



R0= V(a + 6)2+a-«=a + 6 + 



x^ 



2(a + 6)' 



x" 



so that RA = 6 + — -^^^, and RP - RA = iar»fi-_L\ 

2(a + 6) * \b a + bj 

But, by the condition of the question, this difference is a 
constant quantity ; and denoting this constant by S, we have 



b a + 6 



2 «M T - T-7-1L I = S» ^ = ^ 
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When b varies, a remaining unaltered, — i. e. wKen the po- 
sition of the screen is varied, — the value of x is the ordinate 
of an hyperbola whose abscissa is h ; so that the successive 
points of the same fringe belong to an hyperbola, whose sum- 
mit is the edge of the obstacle. 

^ (102) The interior fringes formed in the shadow of a nar- 
row opaque body arise, it has been said, from the interference 




of the two portions of the wave which pass by the edges on 
either side. Let PP' be the section of the opaque body, Pc 
and P'c the two portions of the diverging wave which has 
just reached its edges, and R any point of the shadow. Then, 
if these portions be divided in the points a, by c, &c., a , b\ c\ 
&c., in such a manner, that the difference of the distances of 
any two consecutive points from the point R is equal to half an 
imdulation, the elementary wave sent from each portion will 
be in complete discordance with those sent from the two ad- 
jacent portions ; so that, if the several portions be equal, they 
will neutralize one another's effects at the point R, with the 
exception of the extreme portions, Pa, P'a', the halves of which 
next the edges remain uncompensated. 

Now the arcs Pa, ai, bc^ &c., are very nearly equal, when 
the lines drawn from their extremities to the point R are 
sufficiently inclined to the normal, — or, in other words, when 
this point is sufficiently removed from the edge of the geo- 
metric shadow. In this case, then, the only efficacious parts 
of the wave are the halves of the extreme portions. Pa and 
Pa'; and the intensity of the light at the point R will be de- 
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termined by the difference of their distances from that point, 
or (which comes to the same thing) by the difference of the 
lengths of the lines connecting it with the edges of the ob- 
stacle. The phenomena of interference are therefore the same 
as in the case of light emanating from two near origins, already 
considered ; and we may transfer to the present case the con- 
clusions arrived, at in (81). Accordingly-, if c denote the 
breadth of the obstacle, and b its distance from the screen, the 
distance, a?, of any band from the centre of the shadow is 

nb\ 



X = 



2c 



(103) The positions of the fringes formed by a narrow rec- 
tangular aperture are determined by a similar formula. 

Let PP' be the section of the aperture, PAP the portion 
of the wave which has just reached it, diverging from the lu- 
minous origin at O ; and let QQ' be the projection of the 
aperture on the screen. Then, if we take the point R on this 
screen in such a man- 
ner, that the difference 
of its distances from 
the edges of the aper- 
ture, RF - RP, shall 
be equal to a whole 
number of semi-imdula- 
tions, that point will be the centre of a dark or bright band, 
according as the assumed number is even or odd. For,. in the 
former case, the wave PAF may be divided into an even 
number of parts, such that the distances of every two conse- 
cutive points of division from the point R differ by half an 
imdulation; the waves sent by every two consecutive por- 
tions to the point R will therefore be in complete discordance, 
and the total effect at that point will be null. On the other 
hand, when the difference RF - RP is equal to an odd num- 
ber of semi-undulations, the number of opposing portions of the 
wave will be odd, and as the alternate portions compensate 
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each other's effects at the point R, there will remain one por- 
tion producing there its full effect. 

The successive bands being formed at the points for which 
BP - KP B n\f it is obvious that their distances, RB, from 
the centre of the projection of the a|)erture, will be given by 
the same formula as in the case last considered, c being now 
the breadth of the aperture, — with this difference, however, 
that the dark bands correspond to the even values of ii, and 
the bright bands to the odd values, which is the reverse of 
what takes place in the bands formed within the shadow of an 
opaque obstacle. We Icam then, 1st, that the distances of 
the successive fringes of any colour form an arithmetical pro- 
gression whose common difference is equal to its first term ; 
2ndly, that they vary directly as the distance of the screen, 
and inversely as the breadth of the aperture ; and 3rdly, that 
they are proportional to the length of the wave ; and therefore 
greatest for the extreme red rays, least for the extreme violet, 
and of intermediate magnitude for the rays of intermediate 
refrangibility. 

We have supposed the screen to be so remote that the 
bands are entirely without the projection of the aperture. 
This will obviously be the case when QP - QP is less than 
half a wave. When the distance of the screen is so small that 
QP - QP exceeds this limit, fringes will be visible also within 
the projection of the aperture. In this case the portions into 
which the wave is divided are sensibly different in magni- 
tude, as well as obliquity. The reasoning above employed 
is therefore no longer applicable ; and the points of maximum 
and minimum brightness can only be obtained by a complete 
calculation of the intensity of the light. 

(104) The phenomena of diffraction hitherto considered 
are of the simplest class : but as such phenomena arise in 
every instance in which light is in part intercepted, it is ob- 
vious that they admit of endless modifications, varying with 
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the form of the interposed body. Some of these are too re- 
markable to pass unnoticed. 

Among the most striking of these effects are those pro- 
duced by light diverging from a luminous origin, and trans- 
mitted through a small circular aperture ; — as, for example, 
that formed by a pin in a sheet of lead. When the trans- 
mitted light is viewed through a lens, the image of the aper- 
ture appears as a brilliant spot, surrounded by coloured rings 
of great vividness; and these vary in the most beautiful 
manner, as the distance of the aperture from the luminous 
origin, or from the eye, is altered. When the latter distance 
is considerable, the central spot is v^hite, and the coloured 
rings follow the order observed in thin plates. As the eye 
approaches the aperture, the central white spot contracts to 
a point, and then vanishes. The rings then close in on it in 
order ; and the centre assumes in succession the most vivid 
and beautiful hues, altogether similar to those of the reflected 
rings of thin plates. 

This remarkable coincidence has been shown to be an 
exact result of theory. It has been demonstrated that the in- 
tensity of the light of any simple colour, at the central spot, 
— and the compound tint in the case of white light, — ^will be 
the same as that reflected &om a plate of air, whose thickness 
bears a certain simple relation to the radius of the aperture, 
and its distances from the luminous origin and from the 
eye. 

The points of maximum and minimum intensity are easily 
determined. 

Let O be the luminous 
point, and O AB the line drawn 
from it through the centre of 
the aperture PP; then the 
interval of retardation, 8, of 

the ray which reaches any point B on this line, coming from 
the edge of the aperture, is OP + PB - OB. Let OA = a, 
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AB = ft, and AP = r ; then, since r is very small in compari- 
son with a and ft, it is easy to see that 

Now when this interval is equal to a whole number, n, of 
semi-undulations, the aperture may be divided by concentric 
circles, such that the rays which reach the point B, coming 
from any two successive circumferences, shall differ by the in- 
terval of half a wave. It follows from the preceding for- 
mula that the squares of the radii, and thei*efore the superficies 
of the successive circles thus formed, are as the numbers 
of the natural series ; so that the annuli comprised between 
every two succeeding circumferences are equal. But the ele- 
mentary waves proceeding from each annulus are in complete 
discordance with those from the two adjacent. The successive 
annuli will therefore destroy one another's effects, and the total 
intensity of the light at the point B will be null, or equal to 
that of the last, according as the number of annuli (the cen- 
tral circle included) is even or odd. Hence, for a given aper- 
ture, there will be a succession of points on the axis, at which 
the intensity of the light is alternately nothing and a maximum ; 
audit is obvious from the preceding that the distances of these 
points will be the values of ft given by the formula 




in which the points of complete darkness correspond to the 
even values of n, and those of maximum brightness to the 
odd values. 

Such is the case with homogeneous light. As the points 
of maximum and minimum intensity are different for the rays 
of different colours, there will be no point of complete dark- 
ness in compound light, but a succession of points, at which 
the centre of the aperture is richly coloured. 
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(105) The theory of Fresnel is not only in exact accord- 
ance with facts already known : it has also led to many 
new and unexpected conclusions, and predicted consequences 
which have been afterwards verified on trial. One of the 
most remarkable of these is the phenomenon of diffraction by 
an opaque circular disc. Poisson applied Fresnel's integrals 
to this case ; and he was led to the startling result, that the 
illumination of the centre of the shadow was precisely the 
same as if the disc had been altogether removed. The prin- 
ciples already laid down will enable the reader to satisfy him- 
self of the theoretical truth of this conclusion. Arago was 
the first to show that it was in accordance with fact, and his 
experiment may be repeated without much diflSculty. 

(106) We have seen that when light diverging from a 
luminous point passes by the edges of a fine hair or wire, a 
succession of coloured bands will be formed parallel to the edge 
of the shadow ; and the distances of these bands from the 
shadow, and from one another, will be greater, the less the 
diameter of the wire. If many such wires be exposed to the 
diverging beam, and if, instead of being parallel, they are 
crossed and interlaced in every possible direction, it is easy to 
conceive that the coloured bands will be disposed in concen- 
tric circles, whose centre is the luminous point. These circles 
resemble the halos visible round the Sun and Moon in hazy 
weather. Their diameters vary in the inverse ratio of the 
thickness of the wires or fibres. 

This law was applied by Young, in a very ingenious man- 
ner, to the comparison of the diameters of fibres, or small par- 
ticles of any kind. 

A plate of metal is perforated with a small round hole, about 
the ^th of an inch in diameter, around which, at the distance 
of about \ ov ^ of an inch, is a circle of smaller holes. The 
flame of a lamp is then placed immediately behind the aperture, 
and the luminous point viewed through the substance to be 
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examined. A ring or halo will be seen surrounding the aper- 
ture ; and by moving the substance backwards and forwards 
on a graduated ruler, this ring may be brought to coincide 
with the circle of small holes pierced in the plate. The dis- 
tance from the aperture is then read off on the ruler, and varies 
obviously in the inverse ratio of the angular diameter of the 
spectrum ; but the diameters of the particles vary also in the 
same inverse ratio, so that the distance on the ruler at once 
becomes a measure of these diameters. In this manner Young 
compared the diameters of a great number of very minute 
substances, — such as the fibres of the finest wools, the glo- 
bules of the blood, &c. The instrument itself he called the 
Eriometer. 

(107) In the case last mentioned, we have supposed the 
intervals of the fibres, or fine wires, to be much greater than 
their thickness; in which case thephenomenon depends mainly 
on the diameter of the opaque fibre. When the intervening 
apertures are very small, the effect is influenced by their mag- 
nitude, and assumes a different character. Thus, if a grating 
be formed, by stretching a wire between two fine screws of 
equal thread, and if this grating be held in the beam diverg- 
ing from a luminous point, we shall observe, on either side of 
the direct image, a series of spectral images richly coloured 
with all the prismatic tints ; the spectra increasing in breadth, 
and diminishing in intensity, as they recede from the centre. 

These phenomena are seen to most advantage by means 
of a telescope adjusted to the luminous origin. The grating 
being held before the object-glass of the telescope, the spectra 
are formed at its focus, and are there viewed, with all the ad- 
vantages of distinctness and amplification, by means of the 
eye-glass. Fraunhofer, who observed these phenomena with 
much attention and care, traced no fewer than thirteen spec- 
tra on either side of the central image ; the first pair being 
separated from the central image, and from the second pair. 
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by intervals absolutely black. By a very accurate mode of 
measurement he ascertained that the deviations of any one 
colour from the central image, in the successive spectra, formed 
an arithmetical progression ; and that the absolute amount of 
these deviations varied inversely as the intervals of the axes 
of the wires. 

(108) These results flow readily from the principle of in- 
terference, — the^r^^pair of spectra, on either side of the cen- 
tral image, being produced by the interference of those rays 
whose paths differ by one undulation ; the second pair, by those 
whose paths differ by two imdulations; and so on. 

Let the light proceeding from a very remote origin fall on 
the grating, whose opaque parts are represented by ab^ a'h\ 
d'V\ &c. ; and let Q be the place of the eye. Then, if we take 
a portion of the grating, dd\ composed of one opaque and one 
transparent portion, in such a manner that the difference of the 
distances of its extremities from the point Q, Qa" - Qa', shall 
be equal to the length of 
a wave, it is manifest that 
the corresponding portion 
of the incident wave, dd\ 
may be divided into two 
parts very nearly equal, 
the waves sent from which 
to the point Q shall be 

in complete discordance. Without the grating, therefore, the 
effect of that portion of the incident wave would be null at the 
point Q, and no Kght from it would reach the eye. The 
effect of the grating, however, is to intercept the whole or 
part of one of the two interfering portions, and thus to render 
the other visible : and this effect is greatest when the opaque 
and transparent parts of the grating are equal. A bright 
band will therefore be visible in the direction Qa". The same 
thing will happen for all the similar divisions of the grating, 
the distances of whose extremities from the point Q differ by 
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two, three, or any whole number of undulations ; and thus 
there will be a succession of bright bands, visible at different 
angular distances firom the direct ray PQ. 

These angles are easily computed. Let a'k be the arch of 
a circle described with the centre Q ; then a^k = a'a" cos a'a"k 
= a'a" sin PQa". But the interval of retardation, a"k^ is equal 
to the length of a wave ; so that, if the angle PQa" be de- 
noted by 6, and the interval composed of an opaque and trans- 
parent part of the grating, a'd\ by €, we have 

sin 6 = — . 

£ 

This is the angular distance of the^r^^ bright band from the 
central one ; and it is obvious that the corresponding angle, 
for the band of the n'* order is given by the formula 

sin {Jn = — . 

£ 

The position of each ray, in these spectra, therefore depends 
solely on the length of the wave^ and is independent of the na- 
ture of the substance by which it is produced. 

(109) It is a remarkable circumstance of the phenomenon 
whose laws we have been tracing, that when the experiment 
is performed with the requisite care, the several species of 
homogeneous light are so pure and unmixed in the spectra, 
that ihejixed lines may be discerned. These lines, then, are 
wholly independent of refraction, and exist in the parts of 
the solar beam before they are separated by the prism. The 
phenomenon, when thus exhibited, is however distinguished 
by a remarkable peculiarity. The distances of the fixed lines 
in the diffracted spectrum are always proportiofial^ whatever 
be the diffracting substance; while the ratios of the intervals 
of the fixed lines (or of the breadths of the coloured spaces), 
in the spectra formed by refraction, vary with the dispersive 
powers of the prisms. In fact, the angle being small, we 
may make sin = sin T; so that 
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61 = 



8in 1 



Hence if, 61, 625 635 denote the deviations corresponding to any 
three definite points in the spectrum, and Xi, X3, As, the corres- 
ponding wave-lengths, it follows that 

02 ~ VI A2 — Ai 

03 — vi X3 — Xl 

or the intervals of the fixed lines of the spectrum are as the 
differences of the corresponding wave-lengths, and are there- 
fore in an invariable ratio. The difference in the disposition 
of the fixed lines, in the spectra formed by diffraction and by 
refraction, will be seen in the diagrams of Art. (1 11), in which 
the points B, C, D, &c., of the horizontal line BH, represent 
the relative positions of the principal fixed lines, in the spec- 
trum formed by a prism of flint-glass, and in the diflfeicted 
spectrum, respectively. 

(110) The formula of Art. (108) suggests a very simple 
method of determining the length of the wave corresponding 
to any given ray of the spectrum. The value of e, or the in- 
terval of the axes of the wires, may be ascertained with the 
greatest ease and precision ; and we have, therefore, only to 
measure the angular deviation, 6, of the ray of any simple 
colour from the axis, in order to deduce the value of X. Fraun- 
hofer computed in this manner the lengths of the waves cor- 
responding to the seven principal fixed lines of the spectrum ; 
and the resulting values are perhaps the most exact optical 
constants we possess. 

The wave-lengths, corresponding to the principal fixed 
lines, B, C, D, E, F, G, H, expressed in millionths of a milli- 
metre, were thus found to be* 

688, 656, 589, 526, 484, 429, 393. 



* M. Mossotti has pointed out a curious relation between these numbers 
and the lengths of the chords which produce the notes of the diatonic scale. 
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The wave-length corresponding to the middle paint of the 
difiracted spectrum b 553*5 millionths of a millimetre. 
The wave-lengths corresponding to the extreme visMe paint* 
are 738 and 369 millionths, respectively, the former of which 
is exactly double of the latter. 

(Ill) But the diffracted spectrum is further distinguished 
by the simplicity of the law which governs the intensity of the 
light in its several parts. The intensity of the light in the or- 
dinary spectrum (formed by a prism of flint-glass) was deter- 
mined by Fraunhofer, for the points corresponding to the 
principal fixed lines. These intensities are represented by the 
ordinates of the curve in the annexed diagram. The ordinate 




D 'nv 



at the point m (situated between the fixed lines D and £, at a 
distance Dm = — DE) corresponds to the maximum inten- 
sity, and divides the whole light of the spectrum into two 
equal parts, the areas of the two portions of the curve being 
equal. 

The law of the intensity in the diffracted spectrum was 
deduced by Mossotti from the foregoing: it is represented by 
the ordinates of the curve in the following diagram. We see 
that — 




I. The ordinate which divides the light into two equal 
portions corresponds to the middle point of the spectrum. 

IL This ordinate is a maximum ; and the curve is sum- 
metrical with respect to it as an axis. 
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Accordingly, the intensity of the light of the latter spec- 
trum is a maximum at the middle of its lengthy and decreases 
thence symmetrically on either side. It is evanescent, when 
the wave-length increases, or decreases, by about one-third of 
the value corresponding to the maximum intensity. 

Hence while, in the spectra formed by refraction, the ratios 
of the spaces occupied by the several colours, and the intensities 
of the light at the several points, vary with the refracting sub- 
stance^ they are, on the other hand, invariable in the diffracted 
spectrum. The latter spectrum, accordingly, must be re- 
garded as the normal one, to which all others are to be re- 
ferred. 

(112) Gratings producing these effects may be formed in 
several ways — as, for example, by tracing a number of paral- 
lel lines on glass with a fine diamond point. Fraunhofer suc- 
ceeded by such means in forming ruled surfaces in which the 
striae were actually invisible under the most powerful micro- 
scopes, the interval of the grooves being only the ytJ^uir ^^ ^^ 
inch. 

Analogous phenomena may be produced by reflexion. If 
a great number of parallel lines be engraved at very small and 
equal intervals upon a polished surface, the light reflected 
from the intervals of the grooves will interfere in a manner 
precisely analogous to that admitted through the apertures 
of the gratings ; and will, by their interference, produce the 
most brilliant spectra. In some of the grooved metallic sur- 
faces constructed by Mr. Barton, there are 10,000 lines to the 
inch. With surfaces so minutely divided, the spectra pro- 
duced are as perfect as those formed by the finest prisms ; and 
the colours which they display are little inferior to those of 
the diamond. 

Similar appearances may be observed on metallic surfaces 
which have been polished with a coarse powder, the powder 
leaving minute striae which produce the effects we have beeii 

H 
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describing. They may also be very simply produced by pass- 
ing the finger over the surface of a piece of glass moistened 
by the breath. The striae thus formed in the coating of vapour 
display very brilliant colours, which vary with the position of 
the eye. 

(113) The beautiful colours of mother of pearl are natural 
instances of the same phenomena. This substance is com- 
posed (tf a vast number of very thin layers, which are gra- 
dually and successively deposited within the shell of the 
oyster, each layer taking the form of the preceding. When 
it is wrought, therefore, the natural joints are cut through 
in a great number of sinuous lines ; and the resulting sur- 
fece, however highly polished, is covered by an immense 
number of undulating ridges, formed by the edges of the 
layers. These strise may be observed by the aid of a 
powerful microscope, although they are sometimes so close 
that 500(S of them occupy an inch. That they are the 
causes of the brilliant colours displayed by this substance 
has been placed beyond doubt by an experiment of Sir 
David Brewster. This experiment consisted simply in 
taking the impression of the surface of the pearl on wax, or 
any other substance fitted to receive it : it was found that 
the impressed surface displayed all the colours of the ori- 
ginal body. In fact, the colours of striated surfaces indicate 
their structure, perhaps more unerringly than any other 
means: Sir David Brewster has made a very ingenious 
use of their laws, in investigating the curious and compli- 
cated structure of the crystalline lens in fishes and other 
animals. 

(114) There remains another class of phenomena pro- 
duced by dii&action, which it is important to notice. 

We have already seen the effects produced, when light 
diverging from a luminous point is transmitted through a 
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narrow aperture, and received on a screen. But if we 
vary the experiment, by placing a lens of considerable focal 
length (as the object-glass of a telescope) immediately be- 
hind the aperture, and receive the image on a screen at 
the conjugiite focus, the appearances displayed are altered 
in a remarkable manner, and differ more widely from those 
produced in the former case, as the aperture is greater. 
In fact, the phenomena of diffraction are thus produced 
with apertures of considerable dimensions, and were observed 
by Sir William Herschel with the undiminished object-spe- 
cula of his great telescopes : they are rendered more di8-> 
tinct, however, when the aperture of the telescope is limited 
by a diaphragm of moderate size. When a star is viewed 
through a telescope of high power, having its object-lens 
thus limited, its image is encompassed with a system of dif- 
fracted rings slightly coloured, succeeding one another at 
equal intervals ; — the diameters of the rings varying in- 
versely as those of the apertures. The phenomena vary in 
a very curious manner, when the form of the aperture is 
changed. Thus, when a triangular diaphragm is substituted 
for the circular one, the disc of the star appears surrounded 
by a black ring, from which diverge six rays at equal in- 
tervals. 

These phenomena have been examined in detail by Sir 
John Herschel and by M. Arago. Their mathematical ex- 
planation has been given by Mr. Airy, in his valuable tract 
on the Undulatory Theory ; and the deductions of theory are 
found to be in complete accordance with the observed facts. 
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CHAPTEIR VII. 

COLOURS OF THIN PLATES. 

(115) The colours of thin plates were first noticed by 
Boyle and Hooke. They are displayed in every instance in 
which transparent bodies are reduced to films of great tenuity. 
Boyle succeeded in blowing fflass so thin as to exhibit the 
phenomena: they are more readily developed in mica^ and 
some other transparent minerals, which possess a lamellar 
structure ; but the most familiar instance of their exhibition 
is in t\iQ froth of liquids^ — the fluid envelopes of the bubbles 
which compose it being in general of extreme thinness. 

These colours vary with the thickness of the film, and dis- 
appear altogether when it passes certain limits. When the film 
exceeds a certain thickness, all the colours are equally reflected, 
and the reflected light is therefore white. On the other hand, 
when the thickness falls below a certain limit, no light what- 
ever reaches the eye, and the surface of the film appears abso- 
lutely black. 

(116) The foregoing facts may be observed in the common 
soap-bubble, when properly defended from the disturbing in- 
fluence of currents of air. If the mouth of a wine-glass be 
dipped in water, which has been rendered somewhat viscid 
hy the mixture of soap, the aqueous film which remains in 
contact with it after emersion will display the whole suc- 
cession of these phenomena. When held in a vertical plane, 
it ^v*rill at first appear uniformly white over its entire surface ; 
but, as it grows thinner by the descent of the fluid particles, 
colours begin to be exhibited at the top, where it is thinnest. 
Tlaese colours arrange themselves in horizontal bands, and 
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become more and more brilliant as the thickness diminishes ; 
— until finally, when the thickness is reduced to a certain 
limit, the upper part of the film becomes completely black. 
When the bubble has arrived at this stage of tenuity, cohesion 
is no longer able to resist the other forces which are acting on 
its particles, and it bursts. 

Similar phenomena may be observed when a drop of oil is 
let fall on water. As the oil spreads rapidly over the surface, 
it is soon reduced to a very thin film, which displays the 
spectral colours. 

Every one has noticed the fact that steel and other metals^ 
when polished, acquire various shades of colour by exposure 
to the air. These colours are produced by a thin coating of 
metallic oxide, which is gradually formed on the surface. The 
formation of this oxide is greatly accelerated by an augmenta- 
tion of temperature ; and the colour thus formed is so inva- 
riably connected with the thickness of the film, and this latter 
with the degree of heat, that artists are in the habit of mea^ 
suring the temperature by the colour developed. Thus steel, 
in the process of tempering, is said to have received a yellow 
heaty a blue heaty &c. 

The same appearances are displayed in a still more strik- 
ing manner by air itself, or even by a vacuum. If two 
plates of glass be pressed together by the fingers, we shall 
observe, round the point of nearest approach, a succession of 
coloiu-ed bands of great brilliancy, which dilate as the pressure 
is increased, and the inclosed plate reduced in thickness. 

(117) In order to observe these phenomena, in such a 
manner as to be enabled to trace their laws, we must follow 
Newton. Newton's experiment consisted simply in laying a 
convex lens of glass upon a plane surface of the same mate- 
rial. The thickness of the inclosed plate of air increases as the 
square of the distance from the point of contact, and is, there- 
fore, the same at all equal distances from that point ; and, as 
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the reflected colour depends on the thickness, the bands of the 
same colour will be arranged in concentric circles, of which 
that point is the centre. The same succession of colours ia 
produced when any other transparent fluid is inclosed between 
the glasses. The colours, however, are more vivid, the more 
the refractive power of the thin plate difiers from that of the 
substances within which it is inclosed. 

When we look attentively at these rings, the light being 
reflected always at the same angle, we observe that the cen- 
tral one is not a mere annulus, but a complete circle of nearly 
uniform colour. If then we diminbh the thickness of the 
plate of air, by pressing the two glasses more closely together, 
this central circle is observed to dilate, and a new circle of a 
different colour to spring up in its centre. This will dilate in 
turn, driving the former before it, and another circle appear 
within it; — until at length a black spot shows itself in the 
centre of the system, after which no further diminution of 
thickness will alter the succession. Wlien the black spot 
makes its appearance, we have obtained a plate of air so thin 
as no longer to reflect any colours, and the phenomenon id 
complete. Newton traced seven coloured rings round this 
spot, the colours of which are said to be of the Jirst^ se^ 
cond, thirdj &c., order ^ according to the order of the ring to 
which they belong. Thus, the red of the third order is the 
red in the third ring from the central black, &c. The whole 
succession of colours is called Newton's scale. 

(1 18) The principal laws of these phenomena are included 
in the following propositions : 

I. In homogeneous light, the rings are alternately bright 
and black ; the thicknesses corresponding to the bright rings 
of succeeding orders being as the odd numbers of the natural 
series, and those corresponding to the black rings as the inter- 
mediate even numbers. 

II. The thickness corresponding to the ring of any given 
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order varies with the colour of the light, — ^being greatest in red 
light, least in violet, and of intermediate magnitude in light of 
intermediate refrangibility. In white or compound light, there- 
fore, each ring will be composed of rings of different colours, 
succeeding one another in the order of their refrangibility. 

III. The thickness corresponding to any given ring varies 
with the obliquity of the incident light, being very nearly pro- 
portional to the secant of the angle of incidence. 

IV. The thickness varies with the substance of the reflect- 
ing plate, and in the inverse ratio of its refiractive index. 

(119) In order to establish the first of these laws, it is 
necessary to employ homogeneous light. This may be ob- 
tained by means of the prism : or we may adopt the method 
suggested by Mr. Talbot, and illuminate the glasses with a 
spirit lamp having a salted wick. The light of such a lamp 
being a yellow of almost perfect homogeneity, the rings will be 
alternately black and yellow ; and their number is so great as 
to baffle any attempt to determine it. 

The law of the thicknesses corresponding to the succes- 
sive rings is easily established. 
Let O be the point of contact f YjC^ ^ ^^JL i T 




of the plane and spherical sur- y<r^' ^ ^ 

faces, and aa\ bb^ cc\ &c. the 
diameters of the successive rings formed round that point as a 
centre. It is evident that the thicknesses of the plate of air 
at the points where these rings are formed, aa^ 6j3, cy, &c., 
are as the squares of the distances Oa, 0&, Oc, &c., or as 
the squares of the diameters of the rings : to determine the 
law of the thicknesses, therefore, we have only to measure 
these diameters. This was done by Newton with great ac- 
curacy, and it was found that the squares of the diameters 
were in arithmetical progression; consequently, the thick- 
nesses corresponding to the successive rings formed a similar 
progression. 
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(120) But Newton did not stop here : he ascertained 
further the absolute thickness of the plate of air at which each 
ring was formed. It is manifest that if the thickness of the 
plate be determined for any one ring, that corresponding to 
the others will be given by the law just stated. Newton, 
accordingly, proceeded to ascertain this thickness for the dark 
ring of the Jifth order. This was done by measuring its 
diameter accurately, and determining the radius of the spheri- 
cal surface from the focal length of the lens and its refractive 
index. The thickness is thence immediately deduced ; for it 
is equal to the square of the radius of the ring divided by 
the diameter of the spherical surface. The value thus de- 
duced being suitably corrected, it was found that the thick- 
ness of the plate of air was the yy^^^ ^^ *^ inch, at the 
dark ring of the fifth order ; and this thickness being decuple 
of that corresponding to the first bright ring, it followed that 
the thickness of the plate of air, at the place of the ^r*^ bright 
ring^ was the t7^Vtjtt ^^ *^ inch. Thus the bright rings of 
the successive orders are formed at the thicknesses 

1 3 6 7^ 

i» '^'mt^K;:^* JT^rrr::' -^^^rv^ * &c. 



178000 178000 178000 178000 

and the intermediate dark rings at the thicknesses 

2 4 6 8 






178000 178000 178000 178000 



&c. 



These determinations belong to the most luminous rays 
of the spectrum, or those at the confines of the orange and 
yellow. 

(121) The variation of the diameters of the rings (or of 
the thicknesses of the plate of air at which they are exhibited) 
with the colour of the light, may be observed by illuminating 
the glasses with different portions of the spectrum in succes- 
sion, — or, yet more simply, by looking at the rings through 
coloured glasses ; and it is found that the magnitude of the 
rings is greater, the less the refrangibility of the light. This 
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being understood, it is easy to comprehend the cause of the 
succession of colours in each ring, when white or compound 
light is used. For the rings, in this case, are the aggregate 
of the rings of different colours; and these being of different 
magnitudes, the compound ring will be variously coloured, the 
more refrangible rays occupying the interior, and the less re- 
frangible the exterior parts of the ring. It is easy to see also, 
that all phenomena of colour must disappear after a few succes- 
sions, the rings of different colours, belonging to different 
orders, being at length superposed. 

The variation of the rings (and therefore of the thick- 
nesses) with the obliquity of the incident light may be observed 
by depressing the eye. The rings are then seen to dilate 
rapidly with the obliquity of the reflected pencil ; the thick- 
nesses of the plate of air at which they are exhibited being 
nearly as the secants of the angles of incidence or reflexion. 

The fourth and last law, which expresses the depend- 
ence of the thickness, at which any ring is formed, upon the 
refractive power of the plate, is easily verified by introducing 
a drop of water between the glasses. The rings are then ob- 
served to contract ; and if we compare their diameters in air 
and in water, it will be found that the corresponding thick- 
nesses of the plate are as four to three, or in the inverse ratio 
of the refractive indices. 

( 1 22) We have hitherto spoken only of the reflected rings. 
There is another system of rings formed by transmission^ but 
much fainter than the former. The transmitted rings are 
found to observe the same laws as the reflected rings, — with 
this remarkable exception, that the colour transmitted at any 
particular thickness of the plate is always complementary to 
that reflected at the same thickness; so that, in homogeneous 
light, the bright ti'ansmitted ring is always at the same dis- 
tance from the centre as the corresponding dark one of the 
reflected system. 
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(123) The phenomena of thin plates are exhibited, under 
a modified form, in the following experiment : 

A little fine soap is spread upon a plate of black glass, 
and is distributed uniformly by rubbing the surface lightly 
with a piece of soft leather. If then we blow on the surface, 
thus prepared, through a short tube, — taking care to direct 
the tube always to the same part of the plate, — the vapour of 
the breath will be deposited in a thin film, whose thickness 
diminishes regularly from the point to which the tube is di- 
rected. This film will accordingly display a series of coloured 
rings analogous to those formed by the plate of air between 
two object-glasses, — with this difference, however, that the 
order of the rings is reversed^ the outermost ring corresponding 
to the centre of Newton's scale. This little apparatus, con- 
trived by Mr. Read, is denominated by him an iroscope. 

(124) It is now time that we should enter on the physical 
account of these phenomena. 

For their explanation, it has been already stated, Newton 
framed the hypothesis of the Jits of easy reflexion and tranS" 
mission already referred to : its application to the phenomena 
of thin plates is obvious. The molecule of light is in 9ijit of 
easy transmission in its passage through the^r^^ surface ; this 
is succeeded by a fit of easy reflexion, — and so on alternately, 
the spaces traversed during the continuance of the fits being 
all equal. On arriving at the second surface, therefore, the 
molecule will be in a fit of easy transmission, or easy reflex- 
ion, according as the interval of the surfaces is an even or 
an odd multiple of the length of the fit. Thus the alter- 
nate succession of bright and dark rings, and the arithmetical 
progression of the thicknesses at which they are exhibited, are 
explained. 

To explain the second law, it is necessary to suppose that 
the length of the fits varies with the colour of the light ^ being 
greatest in red light, least in violet, and of intermediate mag- 
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iiitude in light of intermediate refrangibility. Newton deter- 
mined the absolute lengths of these fits for the rays of each 
simple colour, and found that they bore a remarkable numeri- 
cal relation to the lengths of the chords sounding the octave. 

To account for the two remaning laws, Newton was con- 
strained to make new suppositions, and to attribute properties 
to the fits, which are inconsistent with every physical account 
which has been given of them. Thus, to explain the dilatar- 
tion of the rings with the obliquity, he assumed that the 
length of the fit^ augmented with the incidence^ and nearlyi n 
the ratio of the square of the secant of the angle of incidence. 
This assumption is at entire variance with the physical theory. 
If the fits are produced by the vibrations of the ether which 
are propagated faster than the luminous molecules, and which 
alternately conspire with and oppose their progressive motion, 
their lengths should continue the same in the same medium, 
whatever be the incidence. 

The fourth law appears to be also irreconcileable with the 
theory. The thicknesses of the plates of different media, at 
which the same tint is exhibited, being in the inverse ratio of 
the refi:uctive indices, it was necessary to suppose that the 
lengths of the fits varied in the same proportion ; and since, in 
the Newtonian theory, the refractive indices are directly as 
the velocities of propagation, it would follow that, as the ve- 
locities augmented, the spaces traversed by the ray in the 
interval of its periodical states must diminish^ and in the same 
proportion. 

(125) Newton seems to have regarded this hypothesis as 
the mere expression of a physical fact, and in this light it was 
long considered. It cannot be denied that, as the thickness 
of the plate increases, the light appears by reflexion and trans- 
mission alternately ; and it is of no moment, it may be said, 
by what name these alternate states are called. But if we look 
more narrowly into the theory, we shall find that it assumes 
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the alternate appearance of the light, in the reflected and 
transmitted pencils, to be the effect of an alternate reflexion 
and transmission at a single surface, that surface being the 
second surface of the plate. Now it can be shown that this 
supposition is untrue ; that light is reflected from both surfaces 
of the plate ; and that the concurrence of these two reflected 
pencils is an essential condition of the phenomenon. 

To show this, let us employ (instead of common light) 
light which is polarized in a plane perpendicular to the plane 
of incidence ; and let it fall upon a plate of air inclosed between 
two transparent surfaces of different refractive powers. Under 
these circumstances it is found that the intensity of the light 
in the rings varies with the incidence ; and that the whole 
system disappears in two cases, namely, when the incidence 
corresponds to the polarizing angle of either of the media. 

To understand the conclusion to which this leads, we must 
assume a property of light which will be hereafter established 
— ^namely, that when light, thus polarized, is incident upon a 
transparent surface at what is called the polarizing angle, it is 
wholly transmitted^ and no portion of it whatever reflected. 
We see then, from the experiment, that the rings disappear 
when the light reflected from either of the two surfaces of the 
plate vanishes ; and we are therefore warranted in concluding, 
that the light reflected from both surfaces of the plate is essen- 
tial to their production. 

(126) The preceding experiment, and the conclusion drawn 
from it, lead us to the very threshold of the true theory. 

In fact, the light incident on the first sur&ce of the 
plate is in part reflected, and in part also transmitted. The 
transmitted portion undergoes a similar subdivision at the 
second surface; and part of the light reflected at that surface 
will emerge through the first, and reach the eye along with that 
reflected there. Thus the reflected light consists of two por- 
tions, one reflected at the upper, and the other at the lower sur- 
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face of the plate ; and these two portions will interfere^ and 
reinforce or weaken each other's effects, according as they 
reach the eye in the same or in opposite phases. 

(127) This mode of explaining the phenomena of thin plates 
was pointed out by Hooke, in a remarkable passage in his 
Micrographia^ some years before the subject was taken up by 
Newton, ti this passage he very clearly describes the manner 
in which the rings of successive orders depend on the interval 
of retardation of the second " pulse," or wave, with respect to 
the first, and therefore on the thickness of the plate. But he 
does not seem to have had any distinct idea of the principle of 
Interference itself; and his conception of the mode in which 
the colours resulted from this " duplicated pulse" is entirely 
erroneous. Euler was the next who attempted to connect the 
phenomena of thin plates with the wave-theory of light ; but 
the attempt, like all the physical speculations of this great 
mathematician, was signally unsuccessful, and the subject re- 
mained in this unsettled state, until the principle of Interfer- 
ence was discovered by Young. When this principle was 
combined with the suggestion of Hooke, the whole mystery 
vanished. The application was made by Young himself, and 
all the principal laws of the phenomena were readily and sim- 
ply explained. 

( 1 28) Let mon be the course of a ray reflected at the first 
surface of a plate ; wi<?po'«' thatof the 

ray reflected at the second surface, 
and twice transmitted through the 
first. From the point o' let fall the 
perpendicular or' upon the reflected 
ray on ; it will be also perpendicular 
to o'n\ and will therefore be parallel 
to the front of the two reflected waves. 
Now let us conceive a wave reflected at the first surface, in 
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the position dr\ to meet at the same place an anterior ware 
reflected at the second surface, and let us calculate the origi- 
nal interval between them. From the time that they reached 
the first surface at o, one has travelled over the space or^, and 
the other over the space op -^pcf. But, if we let fiJl the per- 
pendicular or upon po\ it b evident from the law of refraction 
that the spaces of^ and o'r are traversed in the same time in 
the two media ; and, consequently, that the interval of retar- 
dation is the time of describing op + pr. Now pr^ap cos 2^, 
and therefore op -i-pr « <>p (1 -f cos iopq) » 2op co^ apq^ But 
op cos opq « pq ; and, consequently, the interval is 2pq cos opq. 
Or, if we denote that interval by S ; the thickness of the plate, 
pq^ by t ; and the angle opq by 0, — 

S - 2^ cos 0. 

The two waves are incomplete accordance or discordance, when 
the interval of retardation is an exact multiple of the length 
of half a wave : i. c. when 

n being any number of the natural series. Equating these 
values of 8, therefore, we have, for the values of the thickness 
of the plate which will produce a complete accordance or dis- 
cordance of the two waves, 

t = Ink sec 0. 

We learn then, 1st, that the successive thicknesses of the 
plate, for which the intensity of the reflected light is greatest 
or least, are as the numbers of the natural series ; 2ndly, that^ 
for difierent species of simple light, these thicknesses are 
proportional to the lengths of the waves ; 3rdly, that, for dif- 
ferent obliquities, they vary as the secant of the angle of in- 
cidence on the exterior medium ; and, 4thly, that, for plates 
of difierent substances, they are proportional to X, and there- 
fore in the direct ratio of the velocity of propagation, or in the 
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inverse ratio of the refractive index of the substance of which 
the plate is composed. 

(129) There is one part of the preceding explanation 
which demands a little further consideration. The two waves 
being in complete accordance when the interval of retarda- 
tion is an even multiple of the length of half a wave, and in 
complete discordance when that interval is an odd multiple of 
the same quantity, it would seem,'from the foregoing account, 
that the bright rings should be formed at all those points for 
which n is an even nmnber in the formula above given, (or 
the thickness an even multiple of ^ X sec 0), and the dark 
rings at those points for which it is odd. If this were true, 
the point of contact should be a point of accordance, and the 
rings should commence from a bright centre^ instead of a dark 
one. 

This apparent discrepancy is explained by the fact, that 
the two reflexions take place under opposite circumstances, 
one of the rays being reflected at the surface of a denser^ and 
the other at that of a rarer medium. 

The effect of this difference will be best understood by a 
simple illustration. When one elastic ball strikes another at 
rest, it communicates motion to it in all cases ; but its own 
condition after the shock will depend on the relative masses 
of the two balls. If the balls be equal, the first will remain 
at rest afler the shock. If they be unequal, it will move ; 
and its motion will be in the direction of its former motion, 
when its mass exceeds that of the second ball, — it will be in 
the opposite direction when it is less. This will help us to 
understand what passes when a wave reaches the surface se- 
parating two media. The particles of ether next the bound- 
ing surface communicate motion to the adjacent particles of 
the second medium, and thus give rise to the refracted wave. 
But the former particles will not remain at rest afterwards, 
unless the density and elasticity of the ether be the same in 
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the two media. When this is not the case, the particles of 
the first medium will move, after communicating motion to 
those of the second, and, in moving, give rise to the reflected 
wave. Thus refraction is always accompanied by reflexion ; 
and this reflexion is greater, the greater the diflFerence of the 
densities of the ether in tlie two media. It appears also, from 
what has been said, that the direction of the motions of the 
particles of the first medium, after they communicate motion 
to those of the second, will be different, according as the 
ether is denser or rarer in the first medium. In the former 
case the vibration of the particles is in the same direction 
that it was before ; in the latter it is in the opposite direction. 
Thus there will be a reflected wave in both cases ; but in one 
case this reflected wave is caused by a vibration in the same 
direction as that of the incident wave ; in the other, by a vi- 
bration in an opposite direction. 

The result of this difference is obviously the same as if 
one of the systems of waves were to gain or lose half an un- 
dulation on the other ; so that when the two waves, reflected 
from the two surfaces of the plate, should be in complete ac- 
cordance, — as far as depended on the difference of the lengths 
of their paths, — they will actually be in complete discordance, 
and vice versd. Thus the dark rings will be formed -where 
the thickness of the plate is any even multiple of i X sec 0, 
and the bright ones where that thickness is an odd multiple 
of the same quantity; and the facts and the theory are re- 
conciled. 

(130) The principle which we have been illustrating has 
been experimentally established by M. Babinet, by an inde^ 
pendent method. A pencil of rays diverging from a narrow 
aperture is separated into two, slightly inclined to one 
another, by means of the obtuse prism (85). These are al- 
lowed to faU on a thick plate of parallel glass, whose second 
surface is quicksilvered in one-half of its extent; and in such 



COLOUnS OF THIN PLATES. 113 

a manner as to be both reflected by the transparent portion of 
that surface, or both by the opaque portion, or one by the for* 
mer and the other by the latter. These two portions will 
interfere, and produce fringes after reflexion ; and it is found 
that, in the two former cases, the central band is wkitey the 
two waves being in complete accordance : in the third case — 
i. e. when one of the pencils is reflected from the rarer, and 
the other from the denser medium — the central band is a 
black one ; the two waves are, therefore, in complete dis- 
cordance, and their phases diflfer by half an undulation. 

It follows from the preceding, that in the system of rings 
formed between two object-glasses, the central spot will be 
white, if the thin plate is of a density intermediate to those of 
the two glasses ; for it is evident that the reflexion takes place 
under the same conditions at the two surfaces — i. e. in both 
cases at the surface of a rarer, or in both at that of a denser 
medium. This anticipation of theory was verified by Young, 
by inclosing oil of sassafras between two object-glasses, one 
of which was of flint-glass., and the other of crown-glass. 

(131) We have spoken of another set of rings visible by 
transmission. These are produced by the interference of the 
rays directly transmitted through the plate with those which 
penetrate it after two interior reflexions. It follows from the 
preceding considerations that they should hQ complementary 
to those seen by reflexion; and this is observed to be the 
case. The extreme paleness of the transmitted rings arises 
from the great difference in the intensities of the interfering 
pencils. 

(132) The theory of thin plates, as it came from the hands 
of Young, laboured under an imperfection, which was, how- 
ever, soon removed. It is obvious that the intensities of the 
two portions of light, reflected from the upper and under sur- 
faces of the plate, can never be the same, — the light incident 

I 
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on the second surface being already weakened by partial 
reflexion at the first. These two portions, therefore, can 
never wholly destroy one another by interference, and the 
intensity of the light in the dark rings can never entirely 
vanish, as it appears to do when homogeneous light is em- 
ployed. 

Foisson was the first to point out, and to remedy, this 
defect in the theory. It is evident, in fact, that there 
must be an infinite number of partial reflexions within the 
plate, at each of which a portion is transmitted; and that 
it is the sum of all these portions, and not the two first terms 
of the series only, which is to be considered in the calcula- 
tion of the effect. When the problem is taken up in this 
more general form, it is found that, where the effective thick- 
ness of the plate is an exact multiple of the length of half a 
wave, the intensities of the reflected and transmitted lights will 
be the same as if it were removed altogether, and the bound- 
ing media placed in absolute contact. Hence, when these 
media are of the same refractive power, the reflected light 
must vanish altogether, and the transmitted light be equal to 
the incident. 

Here then we have reached a point, with respect to which 
the two theories are completely opposed. According to both, 
a certain portion of light is reflected from the first surface 
of the plate. This portion, in the Newtonian theory, is left 
in all cases to produce its full effect, and there should there- 
fore be a considerable quantity of light in the ^ark rings ; 
while, in the wave-theory, it is, at certain intervals, wholly 
destroyed by the interference of the other portions, and the 
dark rings should be absolutely black in homogeneous light. 

The latter of these conclusions seems to accord with 
phenomena, while the former is obviously at variance with 
them. This is clearly shown by an experiment of Fresnel. A 
prism was laid upon a lens having its lower surface blackened, 
a portion of the base of the prism being suffered to extend be- 
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yond the lens. The light reflected from this portion, accord- 
ing to the Newtonian theory, should not surpass that of the 
dark rings in intensity. The roughest trial is sufficient to 
show that the intensities of the light in the two cases are widely 
different, and thus to prove that the dark rings cannot arise 
(as they are supposed to do in the theory of the fits) firom the 
suppression of the second reflexion. 

(133) When a pencil of light falls upon two plates in suc- 
cession, some of the many portions into which it is divided by 
partial reflexion at the bounding surfaces, are frequently in a 
condition to interfere, and to give, rise to the phenomena of 
colour. 

Thus, when light is transmitted through two parallel 
plates, slightly differing in thickness, the colour is the same 
as that produced by transmission through a single plate, 
whose thickness is the difference of their thicknesses, and is 
found to be independent of the interval of the plates. This 
phenomenon was observed by Nicholson; and it has been 
shown by Young to arise from the interference of two pencils, 
one of which is twice reflected within the first plate, and the 
other twice reflected in the second. It is obvious, in fact, 
that if ^ be the thickness of the first plate, and ^ that of the 
second, the first pencil will have traversed the thickness 
St + t' in glass, and the second the thickness 3f + t, the 
spaces traversed in air being the same ; so that the interval 
of retardation is the time of describing the space 2(t- f) in 
glass. Sir David Brewster observed a similar case of inter- 
ference, produced by two plates of equal thickness slightly in" 
dined ; the thickness traversed in the two plates being altered 
by their inclination. 

In the foregoing cases, the interfering pencils are mixed 
up with, and overpowered by, the light directly trans- 
mitted, and some contrivance is necesssary to make the 
colours visible. The phenomena are much more obvious in 

I 2 
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the light reflected from both plates, which, on account of 
their inclination, is thus separated from the direct light. It 
is obvious, in fact, that the direct image of a luminous object, 
seen through two glasses slightly inclined, will be accom- 
panied by several lateral images, formed by 2, 4, 6, &c. re- 
flexions. These images Sir David Brewster observed to be 
richly coloured ; the bands of colour being parallel to the Kne 
of junction of the two glasses, and their breadth being greater, 
the less the inclination of the plates. The colours in the first 
lateral image are produced by the interference of the two pencils 
ABCDEFGH, ABCdefgh, into 
which the ray is divided^ at the 
first surface of the second plate ; 
one of these portions being re- 
flected externally by the second 
plate, and internally by the first, 
— while the other is reflected in- 
ternally by the second, and exter- 
nally by the first. The routes of 
these portions are obviously equal 

when the plates are parallel, and differ in length only by 
reason of their inclination. 

(134) The two preceding cases of interference may be 
produced with plates of any thickness. What are termed the 
colours of thick plates^ however, are phenomena of another 
kind, and arise in circumstances wholly diflerent. These 
phenomena were first observed by Newton. 

In Newton's experiment a beam of light is admitted 
through a small aperture, and received on a concavo-convex 
mirror with parallel surfaces, the hinder of which is silvered. 
A screen of white paper being then held at the centre of the 
mirror, having a hole in the middle to let the beam pass and 
repass, a set of broad coloured rings will be depicted on it, 
similar to the transmitted rings of thin plates. The diame- 
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ters of these rings vary inversely as the square roots of the 
thicknesses of the mirrors. 

When the mirror is inclined a little, so as to throw the 
reflected image a little to one side of the aperture, the rings are 
formed as before ; but their centre is in the middle of the line 
joining the aperture and its image. At this centre is a spot, 
which changes its appearance in a remarkable manner as the 
image recedes from the aperture, being alternately dark and 
bright in homogeneous light, and in white light assuming 
every gradation of tint in rapid succession. 



(135) These phenomena have been shown to arise from 
the interference of the two portions of light, which are irre-' 
gvlarly scattered in the passing and repassing of the ray 
through the refracting surface. 

Thus, let O be the aperture through which the beam 
is admitted, and let it 
£dl perpendicularly on 
a reflecting plate at A 
and B. A portion of 
the incident light will 
be irregularly scat- 
tered, in the passage of 
the ray O AB through 

the first siu^ace of the plate ; and this portion will diverge 
from the point A in all directions. Let AC be one of the rays 
which compose this scattered portion : this b reflected at the 
second siu^ace of the plate in the direction CD, and emerges 
in the direction DM. But the direct ray, AB, which is 
reflected back in BA, will again be partially scattered in 
repassing through the first sur&ce. Let AM be one of the 
rays of this second pencil, meeting the ray DM of the first at 
the point M; and let us calculate their interval of retardation. 
The latter has traversed the space AB + BA in glass, and 
AM in air ; while the former has described the space 
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AC + CD in glass, and DM in air. The interval of retar- 
dation is therefore the time of describing AM - DM in air, 
plus the time of describing 2 ( AB - AC) in glass ; and it 
is easy to prove that the corresponding space in air is equal 
to 

by" 
a{2b + lULuy 

in which a denotes the distance, OA, of the screen from 
the plate ; b the thickness, AB ; and y the distance, OM, of 
any point on the screen from the aperture. Equating thi 

to n ^, it follows that the successive bright and dark rings will 

be formed where 

y -WA 2i • 

When a is very great in comparison with ^, as is usually the 
case, we have simply 

(136) The phenomena of the colours of thick plates have 
been reproduced by M. Babinet under a more instructive 
form. 

The rays proceeding from a luminous point are refracted 
by a lens, and are then received upon a transparent plate 
with parallel surfaces, interposed between the lens and its 
focus. If now this plate be slightly tarnished, or covered 
with powder, a series of concentric rings will be formed around 
the focal image. The innermost of these is white; and this is 
followed by a series of coloured rings in the order of Newton's 
scale. Their diameters increase with the distance of the plate 
from the focus, and diminish as the thickness of the plate in- 
creases. They are formed, as before, by the interference of the 
two pencils, which are scattered in passing through the two 
surfaces of the plate. 
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The phenomenon is reduced to its simplest conditions, by 
receiving the light diverging from a narrow rectilinear aper- 
tm:'e upon two polished wiresy stretched parallel to the slit, and 
nearly in the same plane with it. If then the eye, fortified 
by a lens, be placed so lliat the sum of the distances of the 
aperture and of the eye from each wire is the same, a series of 
coloured fringes will be seen, formed by the interference of 
the pencils irregularly reflected by the two wires. 

(137) When the interval between two glasses is filled 
with different substances, — such as water and air, or water and 
oil, — in a finely subdivided state, the portions of light which 
have traversed them are in a condition to interfere, the inter- 
val of retardation dependmg on the difference of the yelodties 
of light in the two media. Accordingly, coloured rings will 
be seen, when a luminous object is viewed through the glasses, 
the rings being similar to those usually seen by transmission, 
but much larger. But when a dark object is behind the 
glasses, and the incident light somewhat oblique, the rings im- 
mediately change their character, and resemble those of the 
ordinary reflected system ; one of the portions, in this case, 
being reflected, and therefore suffering a loss of half an undu- 
lation. 

These phenomena were observed and explained by Young, 
and were denominated by him the colours of mixed plates. 
Yoimg observed some similar effects in an unconfined medium. 
Thus, when the dust of the lycoperdon is mixed with water, 
the mixture exhibits a green tint by direct light, and a purple 
tint when the light is indirect ; and the colours rise in the 
series, when the difference of the refiractive densities is les- 
sened by adding salt to the water. The interval of retarda- 
tion, in this case, depends on the magnitude of the transparent 
particle. 

(138) In concluding this review of the two theories, in 
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their application to the laws of unpolarized light, it should be 
observed, that any well-imagined hypothesis may be accommo- 
dated to phenomena, and seem to explain them, if only we in- 
crease the number of its assumed principles, so as to embrace 
each new class of phenomena as it arises. In a certain sense such 
an explanation may be said to be true^ so long as it is thus 
made to represent all known facts ; but it is no longer a theory ^ 
whose very essence it is to ascend in simplicity, at the same 
time that it rises in generality : — it is " a mob" of hypothe- 
tical laws, without connexion, order, or dependence. 

These remarks apply to the explanation of the phenomena 
of thin plates adopted in the theory of emission. These phe- 
nomena, Newton saw, could not be accounted for on the bare 
hypothesis of molecules shot from the luminous body, and sub- 
jected to the attractive and repulsive forces of the bodies 
which they niet in their progress. He was compelled to add 
a new property to light, — to endow the molecules with dis- 
positions which seemed wholly alien to their other proper- 
ties, and which could only be connected with them by as- 
suming a material mechanism much more complicated than 
was at first proposed. But this was not all. Each of the laws 
of thin plates was found to require a neio property in the fits 
to which they were referred ; and none of these properties were 
in any way related to the rest, or to the mechanism on which 
they were supposed to depend. 

These imperfections of the emission-theory are still 
more glaring when we pass from one class of phenomena to 
another. The phenomena of diffraction^ for example, are 
referred to principles altogether different from those which 
seemed to be required in explaining the colours of thin plates; 
and the two classes of phenomena, in this way of accounting 
for them, bore no relation of any kind to each other. 

All this is otherwise in the wave-theory. Here the 
several classes of phenomena are deduced from a common prin- 
ciple, and are, therefore, mutually related. The principle of 
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interference is a necessary consequence of the nature of a vi- 
bration ; and this one principle^ as we have seen, explains in 
the most complete manner the laws of the other phenomena. 
But it is not merely in their reference to a common origin 
that these phenomena are thus related : they are even bound 
by the chain of number. The simple laws oi interference^ — the 
laws oi diffraction^ — and those of thin plates, — are all dependent 
upon a single constant for each kind of light, — the length of a 
wave in each medium ; and this constant being inferred from 
any one experiment, in any one class of phenomena, we can 
compute numerically the details of all the rest, and compare 
them with the results of measurement. The agreement is 
found to be complete. 
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CHAPTER VIII. 



POLARIZATION OF LIGHT. 



(139) In the various phenomena which take place when 
a ray of light encounters the surface of a new medium, it has 
been supposed that the direction and intensity of the several 
portions into which it is subdivided will continue the same, 
on whatever side of the ray the surface is presented, provided 
that the angle and the plane of incidence continue unchanged. 
In other words, it was taken for granted that a ray of light had 
no relation to space, with the exception of that dependent on 
its direction ; that, around that direction, its properties were 
on all sides alike ; and that, if the ray be made to revolve 
round that line as an axis, the resulting phenomena would be 
unaltered. 

Huygens was the first to observe that this was not always 
the case. In the course of his researches on the law of double 
refraction, he found that when a ray of solar light is received 
upon a rhomb of Iceland crystal, in any but one direction it 
is always subdivided into two of equal intensity. But on 
transmitting these rays through a second rhomb, he was sur- 
prised to observe that the two portions, into which each of 
them was subdivided, were wo longer equally intense ; that their 
relative brightness depended on the position of the second 
rhomb with regard to the first ; and that there were two such 
positions m which one of the rays vanished altogether 

On amdyzing the phenomenon, it is found that these two 
positions are those in which \i^^ principal sections of the two 
crystals ^^^aralleUr perpendicular. When these sections are 
parallel, the ray which has undergone ordinary refraction K 
the first ciystal will be also refmcted ordmarily^y thrse^ I 
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and the ray which has been extraordinarily refracted by the 
first will be also extraordinarily refracted by the second. On 
the contrary, when the principal sections of the two crystals 
are perpendicular, the ray which has suffered ordinary refrac- 
tion by the first crystal will undergo extraordinary refraction 
by the second ; and the extraordinary ray of the first will be 
refracted according to the ordinary law in the second. In the 
intermediate positions of the two principal sections, each of 
the rays refracted by the first crystal will be divided into two 
by the second ; and these two pencils are in general different in 
intensity^ their intensities being measured by the square of the 
cosine of the distance from the position of greatest intensity. 

(140) From this ''wonderful phenomenon," as Huygens 
justly called it, it appears that each of the rays refracted by 
the first rhomb has acquired properties which distinguish it 
altogether from solar light. It has, in fact, acquired sides ; 
and it is evident that the phenomena of refraction depend, in 
some unknown manner, on the relation of these sides to cer- 
tain planes within the crystal. Such was the conclusion of 
Newton. " This argues," says he, " a virtue or disposition 
in those sides of the rays, which answers to, and sympathizes 
with, that virtue or disposition of the crystal, as the poles of 
two magnets answer to one another." 

Although the phenomenon discovered by Huygens was 
one of such importance, in the mind of Newton, as to force him 
to admit the existence of properties in the rays of light which, 
until then, had never been imagined, yet the result remained, 
for more than 100 years, a unique fact in science; and the 
kindred phenomena — the properties which light acquires in a 
greater or less degree in almost every modification which it 
undergoes — remained unnoticed until the beginning of the 
present century. 

(141) In the year 1808, while Malus was engaged in the 
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experimental researches by which he established the Huyge- 
nian law of double refraction, he happened to turn a double- 
refiracting prism towards the windows of the Luxembourg 
palace, which then reflected the rays of the setting sun. On 
turning round the prism, he was astonished to find that the 
ordinary image of the window nearly disappeared in two oppo- 
site positions of the prism ; while in two other positions, at 
right angles to the former, the extraordinary image nearly 
vanished. Struck with the analogy of this phenomenon to 
that which is observed when light is transmitted through two 
rhomboids of Iceland spar, Malus at first ascribed it to some 
property which the light had acquired in its passage through 
the atmosphere : but he soon abandoned this idea, and found 
that this new property was impressed upon the light by re- 
flexion at the surface of the glass. 

Pursuing the subject, he was led to the important disco- 
very, that when a ray of light is reflected from the surface of 
glass, or water, or any other transparent medium, at certain 
angles, the reflected ray acquires all the characters which 
belong to the light which has undergone double refraction. 
When received upon a rhomb of Iceland spar, or a double- 
refracting prism, one of the two pencils into which it is divided 
vanishes in two positions of the rhomb, — ^namely, when the 
principal section of the crystal is parallel or perpendicular 
to the plane of reflexion ; while, in intermediate positions, 
these pencils vary in intensity through every possible gra- 
dation. 

A ray, then, may acquire sides or poles — may, in shorty 
be polarized — ^by reflexion at the surface of a transparent 
medium, as well as by double refraction. The plane of po^ 
larization is the plane of reflexion at which the effect is pro- 
duced ; and it is experimentally known by its relation to the 
principal section of a double-refracting crystal, — ^the ray under- 
going ordinary refraction only, when the principal section is 
parallel to the plane of polarization. 
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(142) But a polarized ray possesses other characters. 
When a ray of light, proceedmg directly from a self-luminous 
body, is received upon a reflecting surface at a given angle, 
the intensity of the reflected beam will be unaltered, whether 
the surface be above or below, on the right or on the left of 
the incident beam. The case, however, is different, if, instead 
of the direct light of a self-luminous body, we submit to the 
same trial light which has been already polarized. It is then 
no longer indifferent on what side of the ray the new sur- 
face is presented. The inclination of the reflected or trans- 
mitted ray will, indeed, remain unaltered, on whatever side 
the surface be presented, but its intensity will be very dif- 
ferent ; and a ray which is reflected most intensely when the 
new surface is presented at one side, under a certain angle, 
will be wholly transmitted when it is offered to another, all 
other circumstances being identical. 

It is evident then, that the ray which has suffered reflexion 
at the first surface, in this experiment, has in consequence 
acquired properties wholly distinct from the original light. 
The latter is equally reflected in every azimuth of the plane 
of reflexion ; while, on the other hand, the intensity of the 
twice-reflected ray diminishes, as the angle between the re- 
flecting planes increases ; and it vanishes altogether, and the 
ray is wholly transmitted, when the plane of reflexion at the 
second surface is perpendicular to that at the first. These 
sides, or poles, once acquired, are retained by the ray in all 
its future course, provided it undergoes no further modifica- 
tion by reflexion or refraction ; for, whether the plates be an 
inch or a mile asunder, the phenomena are the same. 

(143) A polarized ray, then, is distinguished by the follow- 
ing characters : — 

I. It is not divided into two pencils by a double-refracting 
crystal, in two positions of the principal section with respect 
to the ray ; being refracted ordinarily^ when the plane of 
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polarization coincides with the principal section, and extra- 
ordinarily when it is perpendicular to it. In other cases it 
gives rise to two pencils, which vary in intensity according to 
the position of the principal section. 

II. It suffers no reflexion at the polished surface of a trans- 
parent medium, when this surface is presented to it at a cer- 
tain angle, and in a plane of incidence perpendicular to the 
plane of polarization; while it impartially reflected^ when the 
reflecting surface is presented in other planes of incidence, or 
under different angles. 

The apparatus best fitted for the exhibition of these phe- 
nomena is that devised by M. Biot. It consists of a tube, 
furnished at its extremities with two graduated rings, which 
are capable of revolving in a plane perpendicular to its axis. 
Each of these rings carries a plate of glass set in a frame, 
and held by two projecting arms. These plates are capable 
of revolving round a transverse axis, so that their incli- 
nation to the axis of the tube may be varied at pleasure; 
and a small graduated circle, attached to one of the arms, 
measures the inclination. The whole apparatus is connected 
with a vertical pillar, by a moveable joint, so that the tube 
may be inclined to the horizon at any angle. In this foim of 
the apparatus, it is arranged to exhibit the properties of polar- 
ized light dependent on reflexion : in order to show the other 
properties, one of the glass plates may be removed, and a 
double-refracting prism, or a plate of tourmaline, substituted 
in its place. 

(144) The angles of incidence at which light is polarized 
are called the angles of polarization. They are in general dif- 
ferent for different substances : thus the angle of polarization 
oi glass is 57°, and that of water ^ 53°. 

The connexion between the polarizing angles and the other 
properties of substances with regard to light was discovered 
by Sir David Brewster, In the year 1811 he commenced 
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an ^fcft^nsive series of experiments, with the view of deter- 
mining the angles of polarization of different media, and of 
connecting them by a law. The result of these investiga- 
tions was the simple and remarkable principle, that ^^the index 
of refraction of the substance is the tangent of the angle of 
polarization,^^ Hence, when the refractive index is known, the 
angle of polarization is inferred, and vice versa; and we learn 
from the law that this angle ranges in different substances 
from 45® upwards, increasing always with the refractive 
power. 

The refractive index being different, for the differently 
coloured rays which compose solar light, it follows that all 
the rays of the spectrum are not polarized at the same angle ; 
so that if a beam of solar light be reflected successively by 
two glass plates, whose planes of reflexion are at right angles, 
the reflected beam will never be wholly extinguished, but 
will be coloured red or bluey according as the angle of in- 
cidence is the polarizing angle of the more, or of the less re- 
fiungible rays. When the angle of incidence is the angle of 
polarization corresponding to the most luminous portion of the 
spectrum, the reflected light is of a purplish tint, formed by 
the union of the remaining rays in different proportions. 
These effects are, of course, most observable in highly dis- 
persive substances. 

The law of Brewster may be presented in another form. 
We may say that the angle of polarization is such, that the 
reflected and refracted rays ffrm a right angle. In fact, if this 
angle be denoted by tt, and the corresponding angle of refrac- 
tion by /o, we have 

sin TT sin TT 

tan TT = u, or = -: — ; 

cos TT sinp 

therefore, cos ir = sin p, and tt + p = 90®. 

Now the angle of reflexion is equal to the angle of incidence, 
tt; consequently the angles of reflexion and refraction are 
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complementarj, and the reflected and refracted rays fl(|||^r" 
pendicular. 

(145) The law of Brewster applies to the case of light 
reflected from the surface of a rarer^ as well as that of a 
denser, medium ; and it follows from it, that the two angles of 
polarization^ at the bounding surface of the same two media, 
are complementary. For the index of refraction, from the 
denser into the rarer medium, is the reciprocal of the index 
when the light proceeds in the contrary direction; conse- 
quently, the tangents of the angles of polarization are recipro- 
cals, and the angles themselves complementary. 

It follows from this, that when a beam of light falls upon 
a medium bounded by parallel planes, and at the polariz- 
ing angle of the first surface, the portion which enters the 
medium will meet the second surface also at its polarizing 
angle, and be completely polarized by reflexion there. For 
the ray being incident upon the first surface at the polarizing 
angle, the angle of refraction will be the complement of the 
angle of incidence, and will be therefore equal to the angle of 
polarization at the second surface. But the surfaces being 
parallel, the angle of refraction at the first surface is equal to 
the angle of incidence at the second ; the ray will therefore 
fall upon the second surface at its polarizing angle. 

From the same principles It follows, that if several plates 
of glass, or of any transparent substance, be arranged parallel 
to one another, and a ray of light be incident upon the first 
surface at the polarizing angle, the several portions which 
reach the succeeding surfaces will meet them also at their 
polarizing angles, and the portions reflected at each will be 
completely polarized. Such a pile of plates is highly useful 
as a polarizer ; for the reflected beam is necessarily far more 
intense than that produced by a single surface. 

(146) It has been shown, that when a beam of light is 
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polarized by reflexion, is suffered to fall upon a second reflect- 
ing surface at the polarizing angle, the intensity of the twice- 
reflected beam will vary with the inclination of the planes of 
reflexion, being greatest when these planes are coincident, and 
vanishing when they are perpendicular. In all cases, the in- 
tensity varies as the square of the cosine of the angle formed 
hy the two planes of reflexion. This law was at first conjec- 
turally assumed by Malus; its truth has since been verified by 
the experiments of Arago. 

It follows, as a consequence of this law, that a ray of com- 
mon light may be conceived to be composed of two polarized 
rays of equal intensity, whose planes of polarization are per- 
pendicular.* For if light, thus composed, is incident on a 
reflecting surface, and if a, and 90° - a, denote the angles 
which the plane of reflexion makes with the planes of polari- 
zation of the two pencils, the intensity of the reflected light in 
one of these rays will be I cos* a, and in the other I sin* a, I 
denoting the intensity, of each of the incident pencils ; and the 
sum of these, or the total intensity of the reflected light, is 

I (cos* a + sin* a) = I. 

The intensity is therefore constant, and independent of the 
position of the plane of reflexion with respect to the ray ; and 
this, we have seen, is the distinctive character of common, or 
unpolarized light. 

* This is not to be understood as describing the actual physical cha- 
racter of ordinary, or unpolarized light. This may be more correctly re- 
presented as polarized light, whose plane of polarization is incessantly 
changing ; so that, in a given time, there are as many polarized rays in any 
one plane as in any other at right angles to it. This agreement has been 
verified experimentally by Professor Dove, by impressing mechanically a 
rapid motion of rotation upon the plane of polarization of the light ; the phe- 
nomena presented by the resulting light agreeing in all respects with ordi- 
nary or unpolarized light. When analyzed by a double refracting prism, 
the two images were of equal intensities in all azimuths, so as to have 
similar properties in all planes passing through the ray. 

K 
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(147) We now proceed to consider the effects which take 
place, when the light is incident upon the reflecting surface 
at an angle different from the polarizing angle. 

Mains observed, that when the angle of incidence was 
either greater or less than the polarizing angle, the proper- 
ties already described were only in part developed in the re- 
flected light ; that neither of the two pencils into which it 
was divided by a rhomb of Iceland spar ever wholly vanished; 
but that they varied in intensity between certain limits, these 
limits being closer the more remote the incidence from the 
polarizing angle. From this he naturally concluded that, in 
these circumstances, a portion only of the reflected light had 
received the modification to which he had given the name of 
polarization, that portion increasing as the incidence ap- 
proached the polarizing angle ; and that the remaining portion 
was unmodified, or in the state of common light. Partially 
polarized light, then, according to Mains, is composed of two 
portions, one of which is wholly polari^sed, while the other is 
in the state of ordinary or unpolarized light. In this supposi- 
tion Malus has been followed by most subsequent philosophers. 

If this partially polarized light be reflected at a second 
surface in the same plane, and at the same angle, the reflected 
pencil is found to contain a greater portion of polarized light; 
and by increasing the number of successive reflexions, the light 
may become, as to sense at least, wholly polarized. This fact 
was first observed by Sir David Brewster ; and it was found 
that light may be polarized at any incidence, by a suflScient 
number of reflexions, the number of reflexions necessary to 
produce this result increasing as the incidence is more re- 
moved from the polarizing angle. 

(148) It remains to describe the modification which light 
undergoes in refraction. 

When common light is suffered to fidl upon a plate of 
glass, a portion of it in all cases enters the plate, and is re- 
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fracted; and this refracted portion is found to he partially 
polarized. The quantity of polarized light in the refracted 
light increases with the incidence, being nothing at a perpen- 
dicular incidence, and greatest when the incidence is most 
oblique. The plane of polarization is not (as in the case of 
reflected light) coincident with the plane of incidence, but 
perpendicular to it. 

The connexion between the light thus polarized, and that 
polarized by reflexion, is very intimate, the two portions being 
always of equal intensity. This remarkable law was dis- 
covered by Arago, and may be thus enunciated — " When 
an unpolarized ray is partly reflected aty and partly tranS" 
mitted through^ a transparent surface^ the reflected and trans- 
mitted portions contain equal quantities of polarized light ; and 
their planes of polarization are at right angles to each other. ^^ 

(149) If the transmitted light be received upon a second 
plate parallel to the first, the portion of common light which 
it contains imdergoes a new subdivision ; and so continually, 
whatever be the number of plates. Hence, when that num- 
ber is sufficiently great, the transmitted light will be, as to 
sense, completely polarized^ the plane of polarization being per- 
pendicular to the plane of incidence. These facts were dis- 
covered by Mains. The laws of the phenomena have been 
since investigated, in much detail, by Sir David Brewster ; 
and he has drawn the conclusion, that when a ray of light is 
transmitted through any number of plates, in the same plane 
of incidence, the polarization will be complete, when the sum 
of the tangents of the angles of incidence is equal to a certain 
constant. Hence, when the plates are parallel, and the inci- 
dence therefore the same on all, the tangent of the angle of 
complete polarization is inversely as their number. 

It is a remarkable consequence of these principles, that 
when a ray is incident upon a pile of parallel plates at the 
polarizing angle, after passing a certain number the intensity 

k2 
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of the trandmitted light will undergo no further diminution* 
For, when the transmitted light becomes wholly polarized, 
no portion of it whatever will be reflected by any of the suc- 
ceeding plates, its plane of polarization being perpendiculai: 
to the plane of incidence ; it is therefore transmitted without 
diminution through them, whatever be their number. The 
case is different, however, when the light is incident on the 
pile at any other than the polarizing angle ; and it follows 
therefore that the intensity of the light transmitted through 
a thick pile is greatest, when it is incident at the polarizing 
angle. 

(150) There are certain crystals which, like the pile of 
transparent plates, possess the property of polarizing the trans- 
mitted light. This property depends upon a peculiarity in the 
absorbing powers of double-refracting crystals, — namely, that 
the absorption of a polarized ray varies with the position of its 
plane of polarization with respect to the crystal. Thus, tour- 
maline absorbs a polarized ray more rapidly when the plane 
of polarization is parallel to the axis, than when it is perpendi- 
cular to it. But a ray of common light falling upon this crys- 
tal may be divided into two, one polarized in a plane passing 
through the axis, and the other in a plane perpendicular to it ; 
and as the former of these is absorbed more rapidly than the 
latter, the transmitted light will be partially polarized in the 
plane perpendicular to the axis of the crystal. When the plate 
is sufficiently thick, the latter portion alone will be sensible, 
and the ray emerges wholly polarized in the perpendicular 
plane* 

The tourmaline, accordingly, is of much use in experi-* 
ments on polarized light, not only in affording a ready test of 
polarization, but also in producing a polarized beam. It has 
the disadvantages, however, that the polarization of the emer- 
gent light is never perfect, and that its intensity is much 
weakened by absorption — both the rays being absorbed in 
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their passage through the crystal, though with unequal ener- 
gies. 

The polarization produced by double refraction is the most 
complete of any ; while the intensity of the polarized pencils is 
greater than in any other case, being very nearly one-haffoX. 
the intensity of the original light* The intensity of the light 
reflected from a plate of glass, at the polarizing angle, is not 
more than the y^^th part of that of the incident light. 

(151) M. Haidinger has observed a remarkable pheno- 
menon of polarized light, by which it may be recognised by 
the naked eye, and its plane of polarization ascertained. This 
phenomenon consists in the appearance of two hnishes^ of a 
pale orange-yellow colour, the axis of which coincides always 
with the trace of the plane of polarization ; these are accom- 
panied, on either side, by two patches of light, of a comple- 
mentary or violet tint. In order to see them, the plane of po- 
larization of the light must be turned quickly from one position 
to another, so as to shift the position of the brushes. Thus, 
they may be observed by looking for a few moments at one of 
the images of a circular aperture, formed by a rhomb of Ice- 
land spar, and then at the other, and so alternately. They 
gradually disappear when the eye continues directed to them 
in the same position ; but they may be made to reappear by 
shifting that position, or the plane of polarization on which it 
depends. 

The most probable explanation of this phenomenon seems 
to be that ^ven by M. Jamin, in which it is ascribed to the 
refracting coats of the eye. When polarized light falls upon 
a pile of parallel plates, the proportion of the refracted to the 
incident light varies with the plane of polarization, being a 
minimum when that plane coincides with the plane of inci- 
dence, and a maximum Avhen it is perpendicular to it. These 
variations are nothing at a perpendicular incidence : they are 
greatest Avhen the angle of incidence is equal to the angle 
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of polarization. Accordingly, when the polarized light is 
incident obliciucly on the plates, the refracted light should 
exhibit two dark brushes^ enlarging from the ceotre to the 
circumferonce, in the plane of polarization; and Hoo brigb 
brushes in the perpendicular plane* 

In the preceding explanation, the incident lij^ht is Buppoeed 
to be homogeneous. When white light is used^ the intensities 
of its several components, in the refracted pencil, will wj 
with the refractive indices, and consequently the brushes will 
bo coloured. M. Jamin has shown that the effect of a single 
refracting surface will be to produce two yellow brushes, whose 
axis is in the plane of polarization. 
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CHAPTER IX. 

TRANSVERSAL VIBRATIONS — THEORY OF REFLEXION AND RE- 
FRACTION OF POLARIZED LIGHT. 

(152) Having in the preceding chapter stated the prin- 
cipal facts of polarization, we may proceed to consider their 
connexion with the physical theory. 

It is strange that the department of optics, in which the 
wave-theory now stands unrivalled, should be the very one 
which Newton selected as affording the most decisive evidence 
against it : — " Are not," says he, " all hypotheses erroneous, 
in which light is supposed to consist in pressure, or motion, 
propagated through a fluid medium? .... for pressures 
or motions, propagated from a shining body through an uni- 
form medium, must be on all sides alike ; whereas it appears 
that the rays of light have different properties in their diffe- 
rent sides." In this objection Newton seems to have had his 
thoughts fixed upon that species of undulatory propagation, 
whose laws he himself had so sagaciously unfolded. When 
sound is propagated through air, the vibrations of the particles 
of the air are performed in the same direction in which the 
wave advances ; and if the vibrations of the ether which con- 
stitute light had been of the same kind, the objection would 
be insuperable. For, if the particles of the ether vibrated 
in the direction of the ray itself, the ray could not bear a 
different relation to the different parts of the surrounding 
space. 

But the case is altered, if the vibrations of the ethereal 
particles be performed in a transverse direction. Let us sup- 
pose the direction of the vibrations to be perpendicular to 
that of the ray : then it is obvious that if that direction be 
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vertical^ for example, while the ray advances horizontally^ 
the ray will bear a relation to the parts of space above and 
helowy different from that which it bears to those parts which 
are on the right hand and on the left. Such is, in fact, the 
mode of vibration which is now assumed to belong to the 
ether, in the wave-theory, the ethereal molecules being 
supposed to vibrate m the plane of the wave; and we shall find 
that, with the help of this assumption, all the complicated 
phenomena of polarization and double refraction are explained 
in the fullest and most complete manner. 

The principle of transversal vibrations^ as it is called, seems 
to have first occurred to Hooke, and was announced, in 1672, 
in his Micrographia. Young and Fresnel arrived at the same 
principle independently ; and the latter has reared upon its 
basis the noblest fabric which has ever adorned the domain 
of physical science, — Newton's system of the universe alone 
excepted. 

(153) In order to conceive the manner in which an un- 
dulation may be propagated by transversal vibrations, let us 
imagine a cord stretched in a horizontal position, one end being 
attached to a fixed point, and the other held in the hand. If 
the latter extremity be made to vibrate, by moving the hand 
up and down, each particle of the cord will, in succession, be 
thrown into a similar state of vibration; and a series of waves 
will be propagated along it with a uniform velocity. The vi- 
brations of each succeeding particle of the cord, being similar 
to that of the first, will all be performed in the same plane, 
and the whole will represent the state of the ethereal particles 
in a polarized ray. 

Now if, after a certain number of vibrations in the verti- 
cal plane, the extremity of the cord be made to vibrate in 
another plane, and then in another, — and so on, in rapid 
succession, — each particle of the cord will, after a time pro- 
portional to its distance from the extremity, assume in sue- 
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cession all these varied vibrations ; and the whole cord, in- 
stead of taking the form of a curve lying all in one plane (as 
in the last case), will be thrown into a species of helical curve^ 
depending on the nature of the original disturbance. Such 
is the condition of the ethereal particles in a ray of common, 
or unpolarized light. 

When, therefore, we admit a connexion to subsist among 
the particles of the ether, such as that which holds among 
the particles of the cord, there is no difficulty in conceiving 
how a vibration may be propagated in a direction perpendi- 
cular to that in which it is executed. It is true, the particles 
of the ether are not chained together by cohesive forces, like 
those of the cord; but the attractive forces which subsist 
among them are of the same kind, and may be shown to pro- 
duce a similar effect. In fact, let us conceive the ether to 
be composed of separate molecules, which act on one another 
according to some law varying with the distance. When any 
row or line of such molecules is similarly displaced, through a 
space which is small compared with the separating intervals, 
the molecules of the succeeding row will be moved in the 
same direction by the forces developed with the change of 
distance ; so that the vibrations of the particles composing 
the first row will be communicated to those of the second, and 
thus the vibratory motion will be propagated in a direction 
perpendicular to that in which it takes place. The rapidity 
of the propagation will depend on the magnitude of the force 
developed by the displacement. 

To account for the fact, that there are no sensible vibra- 
tions in a direction normal to the wave, we have only to sup- 
pose the repulsive force between the molecules to be very 
great, or the resistance to compression very considerable. 
For, in this case, the force which resists the approach of two 
strata of the fluid is much greater than that which opposes 
their sliding on one another. 
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(154) But the existence of transversal vibrations — and of 
transversal vibrations only — is a necessary consequence of the 
laws of interference of polarized light, if the theory of waves 
be admitted at all. It has been experimentally proved, by 
Fresnel and Arago, that two rays oppositely polarized com- 
pound a single ray whose intensity is constant^ whatever be 
the phases of vibration in which they meet. But theory shows, 
that the intensity of the light resulting from the union of two 
rays oppositely polarized will be constant, and independent 
of the phase, only when the vibrations normal to the wave are 
evanescent. 

This conclusion is easily extended to the case of common, 
or unpolarized light* In unpolarized light, therefore, a% in 
polarized, the vibrations are only in the plane of the wave : 
but in the latter, these vibrations are all parallel to a fixed 
line ; while in the former they take place in every possible 
direction in the plane of the wave. The phenomenon of po- 
larization consists simply in the resolution of these vibrations 
into two sets, in two rectangular directions, and the subse- 
quent separation of the two systems of waves thus produced. 
When the resolved vibrations are not separated, but one of 
them is diminished in any ratio, the light is said to be partially 
polarized. 

(155) We have stated that the vibrations of the molecules 
of the ether, in a polarized ray, are all parallel to a fixed di- 
rection in the plane of the wave : this fixed direction may 
be either parallel or perpendicular to the plane of polariza- 
tion ; and there was nothing in the phenomena, hitherto dis- 
covered, to determine the choice between these two positions. 
Hence, contrary suppositions have been made respecting it. 
In the theories of Fresnel and of Cauchy, the vibrations are 
zs&\imG^U>hQ perpendicular to the plane of polarization^ — in 
those of Mac CuUagh and Neumann, to h^ parallel to it ; and 
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this difference in one of the postulates of the different theories 
has necessarily led to others, especially as respects the relative 
densities of the ether in different media. 

Professor Stokes has recently arrived at a result, in the 
dynamical theory of diffraction, which seems to afford the 
means of deciding between these hypotheses. When a polar- 
ized ray is diffracted, the plane of vibration of the diffracted 
ray should differ from that of the incident, the positions of 
the two planes being connected by a very simple relation. 
This relation may be deduced in the following elementary 
manner. 

When a polarized ray is incident perpendicularly upon a 
fine grating, the direction of its vibrations is (by the principle 
of transversal vibrations) in the plane of the grating, when 
the wave reaches it. Let a denote the angle formed by that 
direction with the lines of the grating: then, if the ampli- 
tude of the incident vibration be taken equal to unity, it may 
be resolved into two, — namely, cos a, parallel to the lines of the 
grating, which will be unaltered by diffiraction ; and sin a, 
perpendicular to them. The second component is to be re- 
solved agiun, in the direction of the diffracted ray, and per- 
pendicular to it, respectively; and of these the latter portion 
alone is propagated as light. Its value is sin a cos 0, being 
the angle which the diffiracted ray makes with the incident. 
Hence the two components of the difl&acted ray are 

cos a, and sin a cos ; 

and their ratio is equal to the tangent of the angle which the 

direction of the vibration in the diffracted ray makes with the 

lines of the grating. Denoting this angle by a , we have 

therefore, 

tan a <= tan a cos 0. 

Accordingly, the angle which the direction of the vibration 
makes with the lines of the grating is less in the diffiracted 
than in the incident ray. 



140 TRANSVERSAL VIBRATIONS : 

It would appear, therefore, that we had only to measure the 
angles which the planes of polarization of the incident and dif- 
fracted rays make, respectively, with the lines of the grating. 
If the latter is less than the former, the vibrations Rre parallel 
to the plane of polarization ; if it be greater^ they are per^ 
pendictdar to it. The experiment has been made by Professor 
Stokes himself; and he has drawn the conclusion that the 
latter is the fact, and, therefore, that the original hypothesis 
of Fresnel is the true one. An opposite result has been since 
obtained by M. Holtzmann, on repeating the same experiment 
under somewhat different circumstances ; and the question 
must therefore be regarded as still undetermined.* 

(156) We now proceed to consider the application of the 
principle of transversal vibrations to the problem of reflexion 
and refraction. 

The direction of the light reflected and refracted at the 
surface of a uniform medium, is a simple consequence of the 
theory of waves ; and we have already explained Huygens' 
demonstration of the laws which govern this direction — a 
demonstration which holds good, whatever be the magnitude 
and direction of the propagated vibration, or, in other words, 
whatever be the intensity and plane of polarization of the 
light. The problem which we have now to consider is that 
which proposes to determine the latter quantities, or to deduce 
the intensities and planes of polarization of the reflected and 
refracted pencils, those of the incident pencil being given. 

This important problem was first solved by FresneL In 
the attempt to generalize his theory, and to apply it to reflex- 
ion and refraction at the surfaces of crystallized media, Pro- 
fessor MacCullagh and Mr. Neumann were led to modify the 



* In retaining, therefore, the demonstration of the laws of reflexion and 
refraction of polarized light, which was adopted in the former edition of this 
work, the author does not wish to be considered as giving a preference to the 
principles upon which it depends. 



REFLEXION AND REFRACTION OF POLARIZED LIGHT. 141 

principles of Fresnel. The principles, so modified, are the fol* 
lowing:— 

I. The vibrations of polarized light are parallel to the 
plane of polarization. 

II. The density of the ether is the same in all bodies as 
in vacuo, 

III. The vis viva is preserved ; from which it follows that 
the masses of ether put in motion, multiplied by the squares 
of the amplitudes of vibration, are the same before and after 
reflexion. 

IV. The resultant of the vibrations is the same in the two 
media ; and, therefore, in singly-refracting media, the refracted 
vibration is the resultant of the incident and reflected vibra- 
tions. 

When the light is polarized in the plane of incidence^ the 
fourth principle, alone, is suflScient to determine the magni- 
tudes of the reflected and refracted vibrations. For, the di- 
rections of the vibrations, being in the plane of incidence and 
perpendicular to the rays, are necessarily inclined to one 
another at the same angles as the rays themselves ; these 
angles therefore are 

and V denoting the angles of incidence and refraction. 
Hence, if v and v denote the amplitudes of the reflected and 
refi-acted vibrations, that of the incident vibration being taken 
as unity, we have 

sin (g - ff) sin 20 

''°8m(0 + 0'y ''" sin (0 + 0') • 

When the light is polarized perpendicularly to the plane of 

incidence^ the vibrations in the incident, reflected, and refracted 

pencils are all parallel. The law of equivalent vibrations 

therefore gives, in this case, the following simple relation 

among them, 

1 + ti? =» w?' ; 
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and another relation iu required, in order to deduce the values 
of to and w'. This second relation is furnished by the principle 
of the vis viva^ and is 

m(l - v^) ^ m'uf\ 

m and m' denoting the masses of the ether in motion in the 
two media. Eliminating between these equations, we find 

m-m , "2m 



w 



m ■¥ m 



7j 



W 



~f > 



wi + m 

expressions which are remarkable as being identical with those 
for the velocities of two elastic balls after impact. 

Let BA, AC represent the ve- 
locities and directions of the inci- 
dent and refracted rays ; A A' the 
separating surface of the two me- 
dia; and BB', CC, lines parallel 
to that surface. Then the masses 
of ether in motion in the two me- 
dia are to one another as the pa- 
rallelograms A'B, A'C ; that is, 

m : w' : : AB sin A AB : AC sin A'AC 
: : sin cos 0: sin d' cos d' : : sin 20 : sin 20'. 

Subtituting this ratio, therefore, in the expressions for w and 
u?', given above, 

tan (0-0') . sin 20 




w = 



w = 



tan {0 + try sin (0 + 0) cos (0 - 0')* 

The intensity of the light is measured by the vis viva^ or 
by the mass of the ether put in motion, multiplied by the 
square of the amplitude of the vibration. Hence, for light 
polarized in the plane of incidence, the intensities of the inci- 
dent, reflected, and refracted rays will be wi, wiu*, and mV^^ 
respectively ; — or, ifwe take the intensity of the incident light 
as unity, 1, v\ and l-v^; since, by the law of the vis viva^ 
?w (1 - v') = mv^. Similarly, for light polarized in the perpendi- 
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cular plane, the intensities in the three pencils are 1, tr*, and 

(157) Confining oor attention for the present to the re* 
fleeted yibration, it will be seen that its amplitude, and ccm- 
sequently the intensity of the light, increases with the inci- 
dence, whether the light be polarized in the plane of incidence, 
or in the perpendicular plane, — being least when the light is 
incident perpendicularly, and greatest when it is most oblique. 

In the former case, L e. when 0^0, the values of o and w 

are each equal to ^- — r, fi bdng the re£ractiye index ; and the 
intensity of the light reflected perpendicularly is 



m 



This remarkable expression was first giren by Young. 

On the other hand, when = 90^, or when the ray grazes 
the sur&ce, the intensity of the reflected light is equal to that 
of the incident; or the whole of the light is reflected, what- 
ever be the reflecting substance. 

(158) We have seen that a ray of coiTtiium light is equiva- 
lent to two polarized rays of equal intensity, whose planes of 
polarization are at right angles. Now, let such a ray, whose 
intensity = 1, be incident upon the surfiice of a transparent 
medium ; and let it be resolved into two, each equal to ^, po- 
larized respectively in the plane of incidence, and in the per- 
pendicular plane. Each of these polarized rays wiU give rise 
to a reflected and refiracted ray ; so that the actudl r^ected 
and refracted rays will consist of two portions, one polarized 
in the plane of incidence, and the other in the perpendicular 
plane. IS these portions were of equal intensity, as they are in 
the incident Ught, the reflected and refiracted rays would be am- 
polarized: but this, in general, is not the case. 
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In the case of the reflected beam, — the intensities of the 
two portions are 

and the whole intensity of the reflected light is their sum. 
Now the first thing to be observed is, that these two quan- 
tities are unequal; or, that the two portions of which the re- 
flected light consists, and which are polarized in opposite 
planes, are different in intensity. Hence the reflected light 
will not be of the nature of common, or unpolarized light ; 
but will have an excess of light polarized in the plane of inci- 
dence^ the former expression being always greater than the 
latter. This is otherwise expressed by saying, that the light 
is partially polarized in the plane of incidence. The quantity of 
polarized light is measured by the difference of the two por- 
tions, or by 

Again, the intensities of the two refracted portions are 

As the latter of these quantities is greater than the former, 
the refracted beam always contains an excess of light polarized 
perpendicularly to the plane of incidence. Their difference, 
i (u* - w^) is the same as in the former case ; and accordingly, 
the reflected and refracted pencils contain equal quantities of 
oppositely polarized light. Thus, the experimental law of 
Arago is a necessary consequence of theory. 

(159) The reflected light will be completely polarized, 
when one of the portions of which it consists vanishes; for, 
in this case, the whole of the reflected light will be polarized 
in a single plane. . It is easy to see that the first portion, which 
is polarized in the plane of incidence, can never vanish. The 
second part vanishes, when d + 0' = 90®, the denominator of the 
fraction becoming infinite ; the reflected light then contains 
only the other portion, and is therefore completely polarized in 
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the plane of incidence. Since, in this case, + 0'= 90°, we 
have 

cos = sin O' = , and tan = ix ; 

i. e. the tangent of the angle of polarization is equal to the re- 
fractive index. Thus the beautiful law, which Brewster had 
inferred from observation, is deduced as an easy consequence 
of Fresnel's theory. 

When + 0' is greater than 90°, — i. e. when the angle 
of incidence exceeds the polarizing angle,— the expression for 
the amplitude of the reflected, «?, vibration changes sign^ the 
light being polarized perpendicularly to the plane of incidence. 
This change of sign is equivalent to an alteration of the phase 
of the reflected vibration by 180°, as the incidence passes 
the polarizing angle ; and the circumstance explains the re- 
markable fact noticed by Arago, — namely, that when New- 
ton's rings are formed between a lens of glass and a metallic 
reflector (the incident light being polarized perpendicularly to 
the plane of reflexion), the rings change their character as the 
incidence passes the polarizing angle of the glass, the black 
centre being transformed into a white one, and the whole sys- 
tem of colours becoming complementary to what it was before. 
Mr. Airy was led to anticipate this result, from a consider- 
ation of the formula ; and to show that a similar change must 
take place in the rings formed between two transparent sub- 
stances of different refractive powers, as the incidence passes 
the polarizing angle of either substance. 

(160) When a polarized ray undergoes reflexion, the re- 
flected light is still polarized, but it& plane of polarization is 
changed^ the amount of the change depending on the inci- 
dence. When the angle of incidence is nothing, or the ray 
perpendicular to the reflecting surface, the new plane of 
polarization is inclined to the plane of incidence by the same 
angle as the old, but on the opposite side. As the angle of in- 

I. 
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cidence increases, the plane of polarization of the reflected raj 
approaches the plane of incidence, and finaUy cotndcfe^ with it, 
when the incidence reaches the polarizing angle. As the angle 
of incidence still further increases, the plane of polarization of 
the reflected ray crosses the plane of incidence, and therefore 
lies on the same side of it with the original plane ; and the 
two planes of polarization finally coincide^ when the angle of 
incidence is 90°. 

The azimuth of the plane of polarization of the reflected 
ray may be deduced from the theory we have been consider^ 
ing. For, let the vibration of the incident ray, a, be resolved 
into two, one in the plane of incidence, and the other in the 
perpendicular plane. If a denote the angle which it makes with 
the plane of incidence, these resolved portions are a cos a, 
and a sin a. After reflexion they become,* respectively, 

sin(e-0') . tan(e-0') 

- a cos a . ;^ o,\ q sm a - — 7^--^; 
sm (0 + ff) tan (0 + ff^ 

and they compound a single vibration, inclined to the plane 
of incidence at an angle whose tangent is the ratio of the com- 
ponent vibrations. If, then, this angle be denoted by a', we 
have 

tan a = - tan a —a — ^rr- 

008(0-0) 

The truth of this formula has been verified by the obser- 
vations of Fresnel himself, and more fully since by those of 
Arago and Brewster. 

* In order to explain the facts above mentioned, the values of v and w 
(156) must be affected with opposite signs, at all incidences below the po- 
larizing angle ; and there are other phenomena which indicate that the for- 
mer quantity is negative^ and the latter positive (see Professor PowelPs pa- 
per ** On the Demonstration of FresneVs Formulas," Phil Mag.^ Aug. 1856), 
This is equivalent to saying, that one of the waves ^atn«, or loses, half an 
undulation in the act of reflexion. VTe shall see hereafter that the complete 
theory of reflexion includes a progressive change of phase ; and that the con- 
dntkms of Art. (156) are only approximate. 
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When a = 0, a = ; and when a = 90°, a = 90°. Accord- 
ingly, when the plane of polarization of the incident ray coin- 
cides with, or is perpendicular to, the plane of incidence, it is 
unchanged by reflexion. When 0-\-ff = 90°, a = 0, and the 
plane of polarization of the reflected ray coincides with the 
plane of incidence, whatever be the azimuth of the incident 
ray. 

(161) The plane of polari^tion of a polarized ray is 
changed by refraction, as well as reflexion, but in an opposite 
direction, the plane being removed farther from the plane of 
incidence, instead of approaching it. This movement of the 
plane of polarization increases with the incidence ; being no- 
thing when the ray falls perpendicularly upon the refracting 
surface, and greatest when the incidence is most oblique. 
The law of the change is expressed by the simple formula, 

cotan a = cotan a cos (0-ff); 

in which a and a denote (as before) the angles which the 
planes of polarization form with the plane of incidence, before 
and alter refimtion. This law was discoyered experimentally 
by Sir David Brewster : it is a necessary consequence of the 
theory already given, and is deduced by a process exactly 
similar to that of the preceding article. 
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CHAPTER X. 

ELLIPTIC POLARIZATION. 

(162) When an ethereal molecule is displaced from its 
position of equilibrium, the forces of the neighbouring mole- 
cules are no longer balanced, and their resultant tends to drive 
the particle back to its position of rest.* The displacement 
being supposed to be very small, in. comparison with the in- 
tervals between the molecules, the force thus excited will be 
proportional to the displacement; and from this it follows, 
according to known mechanical principles, that the trajectory 
described by the molecule will be an ellipse, whose centre 
coincides with the position of equilibrium. Hence the vibra- 
tion of the ethereal molecules is, in general, elliptic^ and the 
nature of the light depends on the direction and relative mag^ 
nitude of the axes. By the principle of transversal vibrations, 
these elliptic vibrations are all in the plane of the wave ; their 
axes, however, may either preserve constantly the same direc- 
tion in that plane, or they may be continually shilling. In the 
former case, the light is said to be polarized ; in the latter, it 
is unpolarized, or common light. 

The relative magnitude of the axes of the ellipse deter- 
mines the nature of the polarization. When the axes are 
equaly the ellipse becomes a circle^ and the light is said to be 
circularly polarized. On the other hand, when the lesser axis 
vanishes, the ellipse becomes a right line, and the light is 
plane^polarized — the vibrations being in this case confined 
to a single plane passing through the direction of the ray. 



• This is not strictly true, except in homogeneous or uncrystallized 
media. 
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In intermediate cases, the polarization is called elliptical ; and 
its character may vary indefinitely between the two extremes 
of plane polarization and circular polarization. 

(163) An elliptic vibration may be regarded as the re- 
sultant of two rectilinear vibrations, at right angles to one 
another, which differ in phase. 

For, let a and y denote the distances of the molecule of 
the ether from its position of rest, in the two rectangular di- 
rections; a and b the amplitudes of the component vibra- 
tions ; and t the time. Then 

or = a sin (r^ - a ), y^bein (vt - /3) ; 
whence 

a-/3 = arcfsin = ^j-arcfsin = — J. 

Taking the cosines of both sides, and clearing the result of 
radicals, we obtain 

This is the equation of an elliqse referred to its centre. 

When the component vibrations are equal in amplitude, 
and differ 90® in phase, 

a = b, and a-/3 = 90°; 
and the preceding equation becomes 

The path described by the molecule is then a circle* 

(164) The nature of the elliptic polarization is completely 
defined, when we know the direction of the axes of the ellipse, 
and the ratio of their lengths. 

These may be determined experimentally. In fact, when 
the elliptically-polarized ray is transmitted through a double- 
refracting prism, whose principal section is parallel to one 
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of the axes of the ellipse, it is resolved into two plane-po- 
larized rays, one of which has the greatest possible intensity^ 
and the other the least. Accordingly, the direction of the 
principal section, for which the two pencils are most unequal, 
is the direction of one of the axes ; and the square roots of the 
intensities are in the ratio of their lengths. 

The direction of the axes of the ellipse may be more con- 
veniently determined by turning the prism until the two 
pencils are of equal intensity : the principal section is then 
inclined at an angle of 45° to each of the axes. 

(165) When a plane-polarized ray undergoes reflexion, 
the reflected light is, generally, dliptically-polarized. For a 
plane-polarized ray may be resolved into two, polarized re- 
spectively in the plane of incidence, and in the perpendicular 
plane ; and we shall presently see that the effect of reflexion is, 
in general, to alter the phases of these two portions, and by 
a different amount. Hence the reflected light is compounded 
of two plane-polarized rays, whose vibrations are at right 
angles, and whose phases are no loDger coincident; it is there- 
fore elliptically polarized (163). 

The first case in which this effect was observed was that of 
total reflexion. 

When the angle of incidence exceeds the angle of total re- 
flexion (the light passing from the denser into the rarer me- 
dium), the expressions for the intensity of the reflected light, 
given in (156), become imaginary. But it is obvious that, in 
this case, the intensity of the reflected light is simply equal to 
that of the incident, there being no refracted pencil. How, 
then, are the imaginary expressions to be interpreted ? They 
signify, according to Fresnel, that the periods of vibration of 
the incident and reflected waves, which had been assumed to 
coincide at the reflecting surface, no longer coincide there 
when the reflexion is total ; or, in other words, that the ray 
undergoes a change of phase at the moment of reflexion. The 
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amount of this change has been deduced by Fresnel, by a 
most ingenious train of reasoning, based upon the interpreta- 
tion of imaginary formulas. It varies with the incidence ; and 
is different for light polarized in the plane of incidence, and 
in the perpendicular plane. 

In the case of light polarized in any azimuth, we have only 
to conceive the incident vibration resolved into two, one in the 
plane of incidence, and the other in the perpendicular plane. 
The phases of these vibrations being differently altered by 
reflexion, the reflected vibration will be the resultant of two 
vibrations at right angles to one another, and differing in 
phase, — the amount of the difference depending upon the 
angle of incidence: this vibration, consequently, will be ellip- 
tic^ and the reflected light elliptically polarized. When the 
azimuth of the plane of polarization of the incident ray is 45°, 
the amplitudes of the resolved vibrations will be equal ; and 
if, moreover, their difference of phase is a quarter of an undu- 
latiorij the ellipse will become a circle, and the light will be 
circularly polarized, 

(166) Beducing his formulae to numbers, in the case of St. 
Gobain's glass, Fresnel found that the difference of phase of 
the two portions of the reflected light amounted to one-eighth* 
of an undulation, when the angle of incidence was 54° 37'. 
Polishing, therefore, a parallelepiped of this glass, whose faces 
of incidence and emergence were inclined to the other faces 
at these angles, it followed 

that a ray KR'K'K", inci- ^ ^ ^ 

dent perpendicularly on 

one of these sides, and 

once reflected at each of 

the others, at R' and R", would emerge perpendicularly at the 

remaining side, the difference of phase in the two portions of 

* In order to produce a difference of phase of a quarter of an undulation 
by a single reflexion, the refractive index should be = 4*142. 
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the twice-reflected ray amounting to a quarter of an undula- 
tion. If, then, the incident ray be polarized in a plane inclined 
at an angle of 45° to the plane of reflexion, the emergent light 
will be circularly polarized. This was found to be the case 
on trial, and the theory thereby verified. The parallelopiped 
described is well known under the name of Fresnets rhomb ; 
and is of essential service in all experiments relating to circu- 
lar and elliptic polarization. 

If the circularly polarized ray be made to undergo two 
more total reflexions, in the same plane and at the same 
angle, by transmitting it through a second rhomb placed 
parallel to the first, it will emerge plane-polarized ; and its 
plane of polarization will be inclined 45° on the other side of 
the plane of reflexion. In fact, the two additional reflexions 
increase the difference of phase of the two portions, into which 
the light was originally resolved, from 90° to 180°; and we 
know that two equal vibrations, whose phases differ by 180®, 
compound a single right-lined vibration, whose direction 
bisects the supplement of the angle formed by their direc- 
tions. 

This property enables us to distinguish a circularly polar- 
ized ray firom a ray of common light. On the other hand, it is 
at once distinguished from plane-polarized light, by the cir- 
cumstance that it is divided into two rays of equal intensity 
by a double-refracting crystal, whatever be the position of the 
plane of the principal section. 

(167) The effects produced upon light by reflexion at the 
surfaces of metals were first observed by Malus. 

Mains found that metals differed from transparent bodies, 
in their action upon light, in this, that common light was 
never completely polarized by reflexion at their surfaces. The 
phenomenon of polarization was, however, partially produced ; 
and the effect increased to a maximum at a certain angle of 
incidence. 
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When the incident light was polarized in a plane inclined 
at an angle of 45^ to the plane of incidence, Mains observed 
that the reflected light was completely depolarized^ the pencil 
being divided into two by a double-refracting prism in every 
position of its principal section. 

(168) The subject of metallic reflexion was next studied 
by Sir David Brewster, and the laws of the phenomena inves- 
tigated in much detsdl. These laws may be reduced to the fol- 
lowing :— 

I. When a ray of common light is incident upon a me- 
tallic reflector, the reflected light is partially polarized^ the 
amount of polarized light in the reflected pencil increasing up 
to a certain incidence, which is thence called the angle oimaxi- 
mum polarization, 

II. When the light is reflected several times in succes- 
sion, in the same plane and at the same angle, the proportion 
of polarized light in the reflected pencil is incretustd ; and 
by a sufficient number of reflexions the light becomes, as to 
sense, wholly polarized in the plane of incidence. 

III. When a ray polarized in the plane of incidence, or 
in the perpendicular plane, falls upon a metallic reflector, it is 
polarized in the same plane after reflexion. 

IV. A ray polarized in any other plane is, in general, 
partly depolarized by reflexion, the effect produced being 
greatest at the angle of maximum polarization. 

V. When light, so depolarized, undergoes a second reflex- 
ion in the same plane, and at the same angle, its polarization 
is restored. The new plane of polarization lies on the oppo- 
site side of the plane of incidence from the original plane, and 
its azimuth is changed. 

(169) From the last of the foregoing laws it is evident, 
that the light produced by the reflexion of a polarized ray is 
not common light. Neither is it plane-polarized light, since 
it does not vanish in any position of the analyzing rhomb. 



154 ELLIPTIC POLARIZATION. 

It is elliptically polarized ; and all the phenomena are expli- 
cable on the hypothesis, that the two oppositely polarized rays^ 
into which the incident ray is resolved, differ in phase Biter re- 
flexion, the difference amounting to 90^ at the angle of maxi- 
mum polarization. For it is plain that the effect of a second 
reflexion, in the same plane and under the same angle, will be 
to double the difference of phase, which thus becomes 180° ; 
and the resulting light will be piane-polarizedy the plane of 
polarization lying at the opposite side of the plane of inci- 
dence. 

It is easy to see, from the foregoing, that the problem of 
metallic reflexion is reduced to the determination of the inten- 
sity, and the phase, of the reflected vibrations, in the case of 
light polarized in the two principal planes. For any polarized 
ray may be resolved into two, polarized respectively in the 
plane of incidence and in the perpendicular plane ; and these 
planes, by the third of the preceding laws, are unaltered by 
reflexion. The two components, however, undergo changes 
both of intensity and phase ; and when these are known, the 
character of the reflected pencil is completely determined. 

This problem has been solved experimentally, by M. Ja- 
min, in the most complete maimer. 

(170) The intensity of the light reflected by a metal at 
different incidences is determined by M. Jamin by comparison 
with the intensity of light reflected from glass under the same 
angle, which latter is known by Fresners formulae (156), A 
plate of metal, and one of glass, are placed in the same plane, 
and in contact, and the light is allowed to fall partly upon 
each. When the incident light ia polarized in the plane of 
incidence^ the light reflected from the metal, as well as from 
the glass, continues polarized in that plane. If, therefore, 
the two reflected pencils be received on a double-refracting 
prism, whose principal section coincides with the plane of 
incidence, each of them will furnish a single refracted pencil. 
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But if the principal section of the prism be inclined to the 
plane of incidence at any angle, a, each of the reflected pencils 
will fiimish two refracted pencils, whose intensities will vary 
vnth. the azimuth of the principal section according to the 
known law of Malus. 

Let I be the intensity of the light reflected from the metal, 
and r that of the light reflected from the glass. The inten- 
sities of the ordinary and extraordinary pencils, into which the 
former is subdivided by the prism, are respectively 

I cos' a, I sin^ a ; 

and those of the corresponding pencils, derived from the latter, 

are 

r cos' a, r sin' a. 

Hence, if the prism be turned, until the ordinary image of 
the light reflected from the metal is equal, in intensity, to the 
extraordinary image of the light reflected from the fflass^ 
I cos' o = r sin' a, and 

I=rtan'^a. 

The azimuth of the principal section, a, is measured by means 
of a graduated circle attached to the prism ; and the value 
of r for each incidence is given by Fresnel's formulas. 

A second measure is obtained, by turning the prism until 
the extraordinary image of the light reflected from the metal 
is equal to the ordinary image of the light reflected from 
the ff lass; and similar processes are followed in the case of light 
polarized in the perpendicular plane. 

The results of these observations prove, that when light 
polarized in the plane o/ incidence is reflected by a metal, the 
intensity of the reflected light increases continually, as the 
incidence increases from 0° to 90°, — the total variation, how- 
ever, being very small. In the case of light polarized per- 
pendictdarly to the plane of incidence, on the other hand, the 
intensity of the reflected light diminishes from a perpendicular 
incidence, up to the angle of maximum polarization, and after- 
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wards increases. The values found by experiment accord 
satisfactorily with the results of M. Cauchy's dynamical 
theory. The intensities of the reflected light, in the two 
cases, are equal at the extreme incidences : at all other in- 
cidences the intensity of the reflected light is less in the case 
of light polarized perpendicularly to the plane of incidence; 
and the inequality is greatest at the angle of maximum polari-. 
zation. 

(171) It remained to determine the difference of phase of 
the two component pencils corresponding to any incidence. 

For this purpose two mirrors of the same metal were placed 
parallel to one another, with their reflecting surfaces opposed; 
and their distance was adjusted by means of a screw. A ray 
of light, incident upon one of the mirrors, will, after reflexion, 
fall upon the other in the same plane, and under the same 
angle. It will then return to the first, its plane and angle of 
incidence being unaltered ; and will thus undergo a series of 
similar reflexions between the mirrors, the number of which 
depends on their distance, and on the angle of incidence. 

Now the incident ray, polarized in any plane, may be 
resolved into two, polarized respectively in the plane of inci* 
dence, and in the perpendicular plane. The planes of po' 
larization of these two components are unchanged by reflexion : 
but their phases are altered, and that unequally ; and the re- 
flected light, composed of them, is therefore ellipticaUy polar- 
ized* 

When there are several reflexions in the same plane, and 
under the same angle, the two components undergo the same 
modification of phase at each successive refiexion, and the dif- 
ference of phase produced is equal to that produced by a sin- 
gle refiexion, multiplied by the number of refiexions. But 
the resulting light will be plane-polarized, when the differ- 
ence of phase becomes a multiple of tt : we have, therefore, 
only to increase the number of refiexions at the same inci- 
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dence* until the light is plane-polarized, and the difference of 
phase produced by a single reflexion will be known. For, 
if £ denote the difference of phase sought, ne will be that pro- 
duced by n reflexions. And, when the resulting light is 
plane-polarized, ne = witt, m being any integer number ; conse- 
quently 

n 

It follows from these researches, that the phase of the ray 
polarized perpendicularly to the plane of incidence is {ilways 
retarded, relatively to the other. The difference of phase 
increases regularly with the incidence, being equal to tt at a 
perpendicular incidence, and to 29r at an incidence of 90^. 
At the angle of maximum polarization, £ = |7r. This angle 
is, of course, different for different metals : it is, however, 
not far in any from 75°. 

(172) It follows from the preceding, that there are n - \ 
incidences between 0*^ and 90°, for which the ray is restored 
to the condition oi plane polarization by successive reflexions. 
For the ray becomes plane-polarized, as often as the difference of 
phase of the two components is a multiple of tt. But, with a 
single reflexion, the difference of phase increases by w between 
0° and 90° of incidence. Consequently, with n reflexions, the 
difference increases by nn ; and between these limits of inci- 
dence there are n-\ multiples of tt, and therefore n - I angles 
of incidence at which the polarization is restored. 

The plane of polarization of the restored ray will be on 
the same side of the plane of incidence, as the plane of polari- 
zation of the incident ray, or on the opposite, according as the 
difference of phase is an even or odd multiple of tt. 

(173) It would appear from the foregoing, that metals 

* lo practice it is more convenient to produce this effect by increasing the 
tncidence, the number of reflexions remaining unchanged. 
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differ firom transparent bodies, in their action upon light, in 
two particulars — namely, Ist, that they do not polarize common 
light completely at any incidence ; and 2nd, that thej alter 
plane-polarized light by reflexion into light ellipticaDy polar- 
ized. It will be seen, presently, that tiiese differences are 
only differences in degree. 

It was long since observed by M. Biot, that diamond and 
sulphur did not polarize the light completely at any angle ; 
and the property was extended, by Sir John Herschel, to all 
transparent bodies possessing an adamantine lustre, Mr. Airy 
has proved, that plane-polarized light becomes elliptically 
polarized, by reflexion from diamond. And, finally, Mr. 
Dale and Professor Powell have shown that these two pro-* 
perties, supposed peculiar to metals, belonged to all transparent 
bodies having a high refractive power. 

In this state of the question, the problem of reflexion by 
transparent bodies was taken up by M. Jamin, and received, 
at his hands, its complete experimental solution. The con- 
clusions deduced by M. Jamin from his observations may be 
summed up as follows : — 

I. All transparent bodies polarize the light incompletely 
by reflexion — the polarization of the reflected light becoming 
a maximum at a certain angle of incidence. 

II. They transform plane-polarized light into light «//?jp/2- 
callp polarized, 

III. The difference of phase which they impress upon light, 
polarized in the two principal planes, undergoes the same va- 
riations as in metallic reflexion, within certain limits of inci- 
dence. 

(174) It is necessary to enter a little more minutely into 
the consideration of this third law, which (it is obvious from 
the preceding) virtually includes the two others. 

According to Fresnel's theory, when a ray polarized in any 
plane falls upon a transparent body, the reflected light con- 
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tinues polarized. But its plane of polarization is changed ; and 
lies at the opposite side of the plane of incidence, when the 
incidence is less than the polarizing angle, and at the same 
side when it is greater (160). It follows from this, that the 
two components of the reflected ray, polarized respectivelj^ in 
the plane of incidence and in the perpendicular plane, agree in 
phase at all incidences above the angle of polarization, while 
they differ 180^ in phase at all incidences below it. Accord* 
ing to this theory, therefore, the difference of phase changes 
abruptly, from ir to 27r, at that critiQal incidence. On the 
other hand, in reflexion from metals, the difference of phase 
of the two components increases continuously ftom w to 2ir, as 
the incidence increases from 0° to 90°. 

Now M. Jamin has shown that the latter is generally true 
for all bodies, whether opaque or transparent ; and that the 
distinction of these bodies, as to their effects upon reflected 
light, consists only in this, that in transparent bodies the va- 
riation of phase is insensible, except in the neighbourhood of 
the angle of maximum polarization. 

In transparent substances, accordingly, the difference of 
phase is nearly constant, at low and at high incidences ; and 
passes from tt to 2ir, (not abruptly, as we are required to sup- 
pose in Fresnel's theory, but) between two incidences, one 
lower and the other higher than the angle of maximum polari- 
zation. The elliptic polarization of the reflected light will be 
sensible only within the same limits of incidence ; and beyond 
them the light is (as to sense) plane-polarized. In substances 
of low refractive power, these limiting incidences differ fit)m 
one another, and from the angle of maximum polarization, by 
a small amount ; and for these, therefore, the change of phase 
(although not instantaneous) is very rapid, and Fresnel's laws 
are approximately true. 

When the difference of phase -2^^ ^^^ ellipticity of the 
reflected ray is greatest. The angle of incidence at which 
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this occurs is the angle of maximum polarization in the case 
of common light, and is called the principal incidefice. It is 
theoretically different from the angle given by Brewster's law ; 
but the difference is in all cases small. 

(175) M. Jamin has shown, further, that transparent 
bodies may be distinguished into hoo classes^ with respect to 
their action upon reflected light. In some of them, as in 
opal^ the phase of the component in the plane of incidence is 
accelerated^ relatively to the other component ; in others, as 
hyalite y it is retarded. The bodies of these classes are deno- 
minated, by M. Jamin, substances of positive and of negative 
reflexion^ respectively. Intermediate to these two classes we 
should expect to find a third, characterized by the property 
that the phase is unaltered hy reflexion, and for which, there^ 
fore, Fresnel's laws are accurately true. This class is very 
small ; the only bodies observed to belong to it being mefuliie 
and alum. 

These distinctions appear to be connected with the refrac- 
tive power. Thus all bodies, whose refractive index is greater 
than 1*46, accelerate the phase of vibration in the plane of in- 
cidence ; those whose refractive index is less than 1*46, retard 
it ; while those bodies, for which fi = 1*46, reflect according to 
Fresnel's laws. 

(176) The elliptical vibration of the reflected light will 
be completely known, when we know the difference of phase 
of the two principal components, and the ratio of their inten- 
sities. The difference of phase is determined experimentally 
by M. Jamin, by the process which restores the light to the 
condition of plane polarization ; while the azimuth of the plane 
of polarization of the restored ray gives the ratio of the inten- 
sities of the two components. The results obtained have been 
compared with the formulae given by M. Cauchy for the case 
of diamond ; and the agreement has been found to be satis- 
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£ictoiy. These formulae inyolve two constants, — the refiac-- 
the index, and the coefficient ofeUipticUy ; and these are de- 
termined, when we know the prininpal incidence, and the ratio 
of the amplitudes of the two vibrations at that inddence. 

The fundamental di&rence between this theory, and that 
of Fresnel, consbts (we have seen) in induding a change of 
phase of the reflected vibration, varying with the incddence. 
This change of phase is due, according to M. Cauchy and 
Mr. Green, to the normal vibration, which — though evanes- 
cent at a short distance firom the sur&ce — ^modifies the phase. 

(177) Professor Haughton has followed up the researches 
so ably commenced by M. Jamin, and has obtained some new 
and interesting results. The more important of these are com- 
prised in the following laws : — 

I. If plane^polarized light be inddent on a transparent 
reflecting body, and the incidence be gradually increased firom 
0^ to 90^ the ratio of the axes of the reflected elliptically 
polarized light diminishes firom infinity, at 0^, to a mimmumy 
at the principal incidence ; and increases again to infinity, 
at 90». 

II. The minimum ratio of the axes varies with the plane 
of polarization of the incident light, and diminishes as ihe 
azimuth of that plane increases, until the latter reaches a cer- 
tain value ; after which the ratio again increases. 

in. When the azimuth of the plane of polarization of the 
incident light reaches this value, the ratio of the axes becomes 
equal to unity, and the reflected light is circularly polarized. 

This last condudon is one which might have been antici- 
pated. M. Jamin had shown, that the difference ofpha^e of 
the two principal components of the reflected light was equal 
to 270% at the prindpal inddence ; so that the light reflected 
at this incidence must be circularly polarized, when the am- 
plitudes of the two components are equal. This equalization 
of die reflected components can always be efiected by varying 
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the azimuth of the plane of polarization of the incident ray. 
a denoting this azimuth, the amplitudes of the two compo- 
nents are cos a and sin a, that of the original vibration being 
imity; so that if t? and w denote (as before) the ratios of the 
amplitudes of the reflected and incident vibrations in the two 
principal planes, the amplitudes of the two components in the 
reflected ray will be v cos a, and to sin a. These will be equal, 
and therefore the reflected light circularly polarized, when 

V cos (0 - 9^ 

tan a = — = 75 — sr:' 

w cos (0 + ff) 

If the principal incidence were the same as the angle given 
by Brewster's law, cos (fl + ^) = 0, and a = 90°. But this not 
being the case, cos (0 + d') is not actually evanescent ; and the 
azimuth, a, at which the light is circularly polarized, is a few 
degrees less than 90°. 
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CHAPTER XI. 
fresnbl's theory of double refraction. 

(178) It has been stated (60, 66), that soon after the dis- 
covery of double refraction in Iceland crystal, Huygens suc- 
ceeded in embracing its laws in the theory of waves, by a 
bold and happy assumption. He bad already shown that 
the form of the wave which gives rise to the ordinary refracted 
ray, in glass and other imcrystallized substances, was the 
sphere ; or, in other words, that the velocity of undulatory 
propagation was the same in all directions. One of the rays in 
Iceland crystal, too, was found to obey the same law ; and, 
judging that the law which governed the other, though not so 
simple, was yet next in simplicity^ he assmned the form of its 
wave to be the spheroid ; that is, he supposed the velocity of 
propagation to be different in different directions^ in accord- 
ance with the following construction : — " Let an ellipsoid 
of revolution be described round the optic axis, having its 
centre at the point of incidence; and let the greater axis of 
the generating ellipse be to the less in the ratio of the greatest 
to the least index of refraction: then the velocity of any ray 
will be represented by the radius vector of the ellipsoid which 
coincides with it in direction." We have already seen that 
the construction for the direction ofthe rays, derived from this 
assumption, was verified by experience ; and we have here 
another instance, to which the history of science affords many 
parallels, ofthe value of analogical principles in directing sci- 
entific research. 

(179) The law of Huygens was found to hold in many 
crystals besides that to which it was originally applied ; and in 

M 2 
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all of these there was one optic axis^ or one line along which a 
ray of light passed without division. But when the researches 
of Brewster made known a class of crystalline bodies, having 
two optic axes J or two lines of no separation, Huygens's law 
was found not to be general ; and it was ascertained that one 
of the rays, at least, in biaxal crystals, followed some new and 
unknown law. 

In this state of the question, the problem of double re* 
fraction was taken up by Fresnel ; and by the aid of a na- 
tural and simple hypothesis, combined with the principle of 
transversal vibrations, he has been conducted to its complete 
solution, — a solution which not only embraces all the known 
phenomena, but has even outstripped observation, and pre- 
dicted consequences which were afterwards verified by expe- 
riment. 

(180) Fresnel sets out from the supposition, that the 
elastic force of the vibrating medium, in every crystal, is 
different in different directions. This is, in fact, the most 
general supposition that can be made ; and whether we sup- 
pose that the vibrating medium is the ether within the crys- 
tal, or that the molecules of the body itself partake of the 
vibratory movement, there will be obviously such a connexion 
and mutual dependence of the parts of the solid and those of 
the medium in question, that we cannot hesitate to admit for 
the one, what has been already established on the clearest 
evidence for the other. 

It is easy to see, generally, that the phenomenon of double 
re&action is a necessary consequence of this hypothesis, and 
of the principle of transversal vibrations. 

Let us take, for example, the simple case of a ray of 
light proceeding from an infinitely distant point, and falling 
perpendicularly on the surface of a uniaxal crystal, cut parallel 
to the axis. The incident wave being plane, and parallel to 
the surface of the crystal, the vibrations are also parallel to 
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the same surface ; and we may conceive them to be composed 
of vibrations parallel and perpendicular to the axis of the crys- 
tal. Now, the elasticity brought into play by these two sets 
of vibrations being different, they will be propagated with diffe- 
rent velocities ; and there will be two waves within the crystal, 
in which the vibrations are parallel to two fixed directions at 
right angles to one another, — or two rays oppositely polarized. 
If the second face of the crystal be parallel to the first, the 
two rays will emerge perpendicularly ; and the only effect pro- 
duced will be, that one will be retarded more than the other, 
in its progress through the crystal. But if the second face be 
oblique to the direction of the rays, they will be both re- 
fracted at emergence, and differently ; and they will therefore 
diverge from one another. 

(181) To return to the general theory. Let us suppose a 
disturbance to be produced in a medium such as we have been 
considering, and any particle of the medium to be displaced 
from its position of rest. The resultant of all the elastic forces 
which resist the displacement will not, in general, act in the 
direction of the displacement (as would be the case in a me- 
dium uniformly elastic), and therefore will not drive the dis- 
placed particle directly back to its position of equilibrium. 
Fresnel has shown, however, that there are three directions 
at right angles to each other, in every elastic medium, in each 
of which the elastic forces do act in the direction of the dis^ 
placement J whatever be the nature or laws of the molecular 
action. He assumes that these three directions are parallel 
throughout the crystal. In fact, the first principles of crys- 
tallization oblige us to admit, that the arrangement of the 
molecules of the crystalline body is similar in all parallel lines 
throughout the crystal ; and the same property must belong 
to the ether within it, if (as we have reason to presume) its 
elajsticity be dependent on that of the crystal itself. These 
thi*ee directions Fresnel denominates axes of elasticity ; and 
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he concludes that they are also axes of symmetry, witli re- 
spect to the crystalline form. 

If, on each of these axes, and on every line diver^ng from 
the same origin, portions be taken, which are as the square 
roots of the elastic forces in their directions, the locus of the 
extremities of these portions will be a surface, which Fresnel 
denominates the surface of elasticity. Its equation is 

r* » a* cos' a 4 ft' cos' j3 + c» cos» 7 : 

a', ft', e^, being the elasticities in the directions of the three 
axes ; r the radius vector of the surface ; and a, /3, 7, the an- 
gles which it makes with the axes. 

This surface determines the velocity of propagatiofi of the 
wave^ when the direction of its vibrations is given. For, the 
ethereal molecule vibrating in the direction of any radius vec- 
tor, r, of this surface, the elastic force which governs its vibra- 
tion will be proportional to r'; and, since the velocity ofvrave- 
propagation is as the square root of the elastic force, it must, 
in this case, be represented by the radius vector of the surfiice 
of elasticity in the direction of the vibrations. Hence, if we 
conceive the vibration in the incident wave to be resolved into 
two within the crystal, performed in two determinate direc- 
tions, these will be propagated with different velocities ; and, 
as a difference of velocity gives rise to a difference of refrac- 
tion, it follows that the incident ray will be divided into two 
within the crystal, which will in general pursue different paths. 
Thus, the bifurcation of a ray, on entering a crystal, presents 
no difficulty, provided we can explain in what manner the 
vibration comes to be resolved. 

(182) To understand in what manner this takes place, let 
us conceive a plane wave advancing within the crystal. By 
the principle of transversal vibrations, the movements of the 
ethereal molecules are all parallel to the wave. But the mo- 
tion of each molecule, when thus removed from its position of 
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equilibrium, is resisted by the elastic force of the medium ; 
and that force is, in general, oblique to the direction of the 
displacement. If the plane containing the directipn of the force 
and that of the displacement were normal to the plane of the 
wave^ the force would be resolvable into two,-— one perpen- 
dicular to the plane of the wave, which (by the principle of 
transversal vibrations) can produce no effect ; and the other 
in the direction of the displacement itself, which will thus 
be communicated from particle to particle without change. 
But this, in general, is not the case. Fresnel has shown, how- 
ever, that the displacement may be resolved in two direc- 
tions in the plane of the wave, at right angles to one another, 
such that the elastic force called into action by each compo- 
nent will be in the plane passing through the component, and 
normal to the wave; and thus each component will give rise 
to a wave, in which the direction of the vibrations is pre- 
served, and which therefore will be propagated with a con- 
stant velocity. 

The two directions, above alluded to, are those oiihe great- 
est and least diameters qfthe section of the surface of elasticity 
made by the plane of the wave ; so that if the original dis- 
{dacement be resolved into two, parallel to these directions, 
each component will give rise to a plane wave, in which the 
vibrations preserve constantly the same direction. The velo- 
city of propagation being represented by the radius vector of 
the surface of elasticity in the direction of the displacement, 
the velocities of the two parts of the wave will be proportional 
to the greatest and least diameters of the section of the surface 
of elasticity, to which the vibrations are parallel. Thus it 
appears that an incident plane wave, in which the vibrations 
are in any direction, will be resolved into two within the 
crystal ; and these will be propagated with different velocities^ 
and consequently assume different directions, 

(183) The vibrations in these waves being parallel to two 
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fixed /tit««9— namelj, the greatest and leaat diameters of the 
section of the surface of elasticity,— it foUowa that the two re- 
fracted rays are polarized^ and that their planes of polarization 
are at right angles^ being the planes passing through the di- 
rection of the ray and these two lines. Hence it follows, that 
the plane of polarization of one of the rays bisects the dihedral 
angle made by the two planes, which pass through the not" 
mal to the wave and the normals to the two circular sections of 
the surface of elasticity ; and that the plane of p<^rization of 
the other is perpendicular. This coincides, very nearly, with 
the rule previously given by M. Biot, namely, that the plane 
of polaiization of one of the pencils Insects the dihedral angle 
formed by planes drawn tlirough the ray and the two optic axes; 
while that of the other is perpendicular ^ or bisects the supplemental 
dihedral angle. 

Thus the two fundamental facts of crystalline refraction — 
namely, the bifurcation of the ray, and the opposite polariza- 
tion of the two pencils — are completely accounted for. 

Further, the amplitudes of the resolved vibrations are re- 
presented by the cosines of the angles which the direction of 
the original vibration contains with the two fixed rectangular 
directions ; and, as the squares of these amplitudes measure 
the intensities of the two pencils, the kw of Malus respecting 
these intensities is a necessary consequence. 

(184) The velocity of propagation oi' a plane wave in any 
direction being known, the form of the wave, diverging from 
any point within the crystal, may be found. For, if we con- 
cei ve an indefinite number of plane waves, which, at the com- 

^mtrt^Z^^^^^ "' ''^ disturbance, the ^oave surface 
^^J^^^^^^^^ Frinel 

«, ^, c (the tTme J^^^^^^^^^^ "^-« ---es are 

Bame as those of the smface of elasticity), and let 



fresnel's theory of double refraction. 169 

it be cut hj any diametral plane. At the centre of this sec- 
tion let a perpendicular be raised ; and on this line let two 
portions be taken, whose lengths (measured from the centre) 
are equal to the greatest and least radii of the section. The 
extremities of these perpendiculars will be the loci of the 
double wave." 

The equation of the wave surface is of the fourth order ; 
it has been thrown into the following symmetric form by Sir 
William Hamilton, 



a;«+y' + 2:*-a» a:» + y» + z»-6» a?» + y^ + 2r» - c» 



= 0. 



(185) The form of the wave surface being known, the di- 
rections of the two refracted rays are determined by tangent 
planes drawn to the two sheets of the surface, according to 
the construction of Huygens. Conceive three surfaces, hav- 
ing their common centre at the point of incidence, and repre- 
senting, respectively, the simultaneous positions of three waves 
diverging from that point, — the first in air, which is a sphere; 
and the other two within the crystal, which are the two sheets of 
the surface we have been considering. Let the incident ray 
be produced to meet the sphere, and at the point of intersec- 
tion let a tangent plane be drawn. Through the line of inter- 
section of this plane with the refracting surface, let two planes 
be drawn touching the two sheets of the refracted wave ; the 
lines connecting the centre with the points of contact are the 
directions of the two refracted rays.* 

* If, m place of the ellipsoid mentioned above, we take that whose semi- 
axes are -> -, -, the three principal refractiye indices of the medium, the 
a c *^ 

surface derived from it by the same construction will represent the normal 
Mlowness of the waves, and is connected with the wave surface by a remark- 
able relation of reciprocity. The properties of this surface lead to the fol- 
lowing elegant construction for the directions of the refracted rays, a con- 
struction which is, in many cases, more convenient than that given above : 
— ** With the point of incidence, as a common centre, construct the surfaces 
of wave'Slowness belonging to air and to the crystal, respectively. Let the 
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the pfojectioa of the radraa rectw upon the pfame which 
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(186) From the coostnKtiQn of the wmre wmAot, wban 
prcn, it loDowB that tibere are two dii e ctiu ng^ — nam^r^ the 
normab to the two circular sections of the dlipecnd, — in whidi 
the two sheets of the wave surfice hare a ccwmnoift ia£os 
vector, and therefore the two rajs a c<Hnmon Tdocitj^. If •» 
and m' denote the angles which an v fine drawn fincxn the centre 
of the ware makes with these lines, v and w the radn Tectcwes 
in its direction terminating in the two sheets of the wave 
sm&ce, the equation above given may be rediKcd to the fill- 
lowing remarkable polar fbrms : — 

r-* = a-» sin* i (« -I- w*) -r c-« C06* i (•! -r •i'), 
r'"* = a-* an* ^ (m - «') i- c~- co8^ i (« - «')- 



Since the radios vector of the wave sor&ce measures the 
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slowness of *^ »«w« ; while tke perpendumlars firom tifee centre on tlie 
taneent pla**^* *^ *^ same points will represent the ^rectkin nnd slowness 
of the ra**-" '^^^ wmstmction was gi^en by Sir WHfinm Hamilton and 
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velocity of the ray in its direction, the velocities of the two 
rays are given by the preceding formulas. If we subtract the 
latter from the former, we find (afl^er a simple trigonometrical 
reduction), 

u-2 _ j,'-a « (a-2 _ c-a) sin w sin w. 

Hence the difference of the squares of the reciprocal velocities, 
in the two rays, is proportional to the product of the sines of 
the angles made by their common direction with the lines in 
which the two rays have a common velocity. In all known 
crytals, these lines deviate very little from the optic axes, — or 
the lines in which the two parts of the wave have a common 
velocity ; and thus the remarkable law, to the discovery of 
which M. Biot was led by analogy, and which has been also 
shown to flow from the constructions for the velocity given by 
Sir David Brewster, is a necessary consequence of Fresnel's 
theory. 

. The two sets of lines above alluded to — the lines of single 
ray^velocity, and single wave-velocity — are situated in the plane 
of the axes of greatest and least elasticity, the lines of each 
pair making equal angles with the axis of greatest elasticity 
on either side. The tangents of these angles are respec- 
tively, 



Hence, when 6* = c% or b^ = c?^ these angles become 0, or 90° ; 
and the two optic axes unite^ — coinciding in the former case 
with the axis of greatest elasticity, and in the latter with that 
of the least. 

In each of thesie cases, then, co = co', and the preceding 
equations become 

v-2=-£i-2gin2(o + c'^^cos'ct;, v=c; 
the former of which is the equation o<* the ellipsoid of revolu- 
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tioD, and the latter that of the sphere. Accordingly, the 
wave surface resolves itself into the sphere and spheroid of the 
Huygenian law ; and the form of the wave in uniaxal crystab, 
which was assumed by Huygens, is deduced as a simple corol- 
lary from the general theory of Fresnel. 

Finally, when the three elasticities are all equal, it will 
appear at once from the preceding equations that the spheroid 
becomes a sphere. The velocity is accordingly the same in 
all directions, and the law of refraction is reduced to the known 
law of Snell. 

(187) It has been stated (70) that, as soon as a class of dou- 
ble-refracting substances was discovered, possessing two optic 
axes, the construction of Huygens was found not to be gene- 
ral. It was still thought, however, that the velocity of imc of 
the rays in every crystal was constant ; or, in other words, 
that one of the rays was refracted according to the ordinary 
law of the sines. According to Fresnel's theory, however, 
the velocity of neither of the rays in biaxal crystals was con- 
stant, and the refraction of both was performed according to 
a new law. It was, therefore, a matter of much interest to 
decide this question by accurate experiment. This experimental 
problem was solved by Fresnel himself, and the result was de- 
cisive in favour of his theory. 

It has been already shown (81) that when light, diverg- 
ing from a luminous origin, passes through two near aper- 
tures in a screen, the two pencils into which it is thus divided 
will interfere, and produce fringes, — the central fringe being 
the locus of those points at which the two rays have tra- 
versed equal paths. Now if two plates of glass^ cut from the 
same plate, and of exactly the same thickness, be placed per- 
pendicularly, one in the path of each ray, the two rays will be 
equally retarded^ and the central fringe will remain undis- 
placed. But if, instead of glass plates, we employ plates cut 
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in different directions from the same biaaal crystal^ — the plates 
being of exactly the same thickness, — the fringes produced by 
the interference of the two ordinary* rays will remain still un- 
displaced, if the velocity of these rays is the same in the two 
plates ; while, on the other hand, if the velocities be differ- 
ent, the fringes will be shifted from their original position. 
On trial, the result was found to be as Fresnel had anticipated : 
the fringes were displaced ; and the amount of that displace- 
ment agreed with the calculated difference of velocity, which 
had been previously deduced from theory. 

In a second experiment, two pridms were cut in different 
directions from the same crystal of topaz, cemented together, 
and ground to the same angle ; and the compound prism thus 
formed was achromatized by a prism of glass. On looking 
through the combination at a line of light, Fresnel found that 
the ordinary image of the line was broken at the junction of the 
two prisms, — thus showing that the ray was unequally re- 
fracted in different directions. 

(188) There are two remarkable cases of Fresnel's theory, 
which have since furnished a very striking confirmation of 
its truth. 

If we make y = 0, in the equation of the wave surface, so 
as to obtain its intersection with the plane of ^z, the resulting 
equation is reducible to the form 

{x^ + 2;» - fi2) [a« x^ ■{■ c'z^- a^ c«] = 0. 

This equation is manifestly resolvable into the two follow- 
ing: 

ar'« + 2;* = ft*, a« x^ + c«2;» = a*c» ; 

so that the surface intersects the plane of a;2: in a circle 

* The ray whose velocity varies the least, in biazal crystals, is some- 
times, though improperly, called for distinction the ordinary ray. 
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and e/lipse. As these two curves have a common centre^ 
and as the radius of the circle, b, is of intermediate magni- 
tude to the semiaxes of the ellipse, it follows that they 
must intersect in four points, as is represented in the annexed 
diagram. 

Now, when two rays pass within the 
crystal in any common direction, as 
OAB, their velocities are represented 
by the radii vectores of the two parts of 
the wave, OA and OB ; and their direc- 
tions, at emergence, are determined by 
the positions of the tangent planes at the 
points A and B. But in the case of the 
ray OP, whose direction is that of the 
line joining the centre with one of the 
four cusps, or intersections just mentioned, the two radii 
vectores unite, and the two rays have the same velocity. 
There are still, however, two tangents to the plane section 
at the point P; so that it might be supposed that the 
rays proceeding with this common velocity within the crystal 
would still be divided at emergence into two, — and two only, — 
whose directions are determined by the tangent planes. This 
seems to have been Fresners view of the case. Sir William 
Hamilton has shown, however, that there is a cusp at each of the 
four points just mentioned, not only in this particular section, 
but in every section of the wave-surface passing through the 
line OP ; or, more properly, that there is a conoidal cusp on 
that surface at the four points of intersection of the circle and 
ellipse, and consequently an infinite number of tangent planes^ 
which form a tangent cone of the second degree. Hence, a 
single ray, such as OP, proceeding within the crystal in one of 
these directions, should be divided into an infinite number of 
rays at emergence, whose directions and planes of polarization 
are determined by the tangent planes. 

Again, it is evident that the circle and ellipse have four 
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common tangents^ such as MN ; and the planes passing through 
these tangents, and perpendicular to the plane of the section, 
are perpendicular to the optic axes of the crystal. Fresnel 
seems to have thought that these planes touched the wave 
surface in the two points just mentioned, and in these only; 
and, consequently, that a single ray, incident upon a biaxal 
crystal in such a manner that one of the re&acted rays should 
coincide with an optic axis, OM, will be divided into two 
within the crystal, OM and ON, determined by the points of 
contact. But Sir William Hamilton has shown that the four 
planes of which we have spoken touch the wave surfiice, — not 
in two points only, — but in an infinite number of points^ consti- 
tuting each a small circle of contact; and, consequently, that a 
single ray of common light, incident externally in the above- 
mentioned direction, should be divided into an infinite number 
of refracted rays within the crystal. 

(189) Here, then, are two singular and unexpected con- 
sequences of Fresnel's theory, not only unsi^ported by any 
&cts hitherto observed, but even opposed to all the analogies 
derived from experience ; — ^here are two remote conclusions of 
that theory, deduced by the aid of a refined analysis, and in 
themselves so strange, that we are inclined at first to reject 
the principles of which they are the necessary consequences. 
They accordingly furnish a test of the truth of that theory of 
the most trying nature that can be imagined. 

Being naturally anxious to submit the wave- theory to this 
test^ luod to establish or disprove its new results. Sir William 
Hamilton requested the author to examine the subject expe- 
rifnentally. The result of this examination has been to prove 
the existence of both species of conical refraction. 

The first case of conical refraction is that called by Sir 
William Hamilton external conical refraction, and was ex- 
pected to take place, as we have seen, when a single ray 
passes within the crystal in the direction of either of the lines 
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oi tingle ray-velocUy. These lines coincide nearly, but not 
exactly, with the optic axes of the ciyetal; and, in the case 
of arragonite (the crystal submitted to experiment)^ contain 
an angle of nearly 20°. The plate of arragonite employed had 
its faces perpendicular to the line bisecting tlie optic axes ; con- 
sequently, the lines abore mentioned were inclined to the per- 
peodicular at an angle of about 10° on 
ather side. Let these lines be repre- 
sented by OM and ON, equally in- 
clined to the perpendicular OP. A 
ray of common light traversing the 
crystal in the direction OM or MO, 
should emerge in a cone of rays, as 
represented in the figure ; the angle 
of this cone depending on the relative 
magnitude of the three elasticities of the crystal, a% &*, c*. In 
the case of armgonite this angle is considerable, and amounts to 
3° very nearly. 

A thin metallic plate, perforated with a very minute 
aperture, was placed on each &ce of the crystal ; and these 
plates were so adjusted, that the line connecUog the two aper^ 
tures should coincide with the line MO, or any pandlel line 
within the crystal. The dame of a lamp was then brought 
near one of the apertures, and in such a position that the cen- 
tral part of the beam converging from its several points to the 
aperture should have an incidence of 15° or 
16°. When the adjustment was completed, 
a brilliant annulus of light appeared, on look- 
ing through the aperture in the second surface. 
When the aperture in the second plate was 
ever so slightly shifted, so that the line con- 
necting the two apertures no longer coin- 
cided with the line MO, the phenomenon ra- 
pidly changed, and the annulus resolved itself into two sepa- 
rate pencils. 



€) 



FRESN£L*S THEORY OF DOUBLE REFRACTION. 177 

The Incident conyerging cone was also formed by a lens 
of short focus, placed at the distance of its own focal length 
from the surface ; and in this case, the lamp was removed to a 
distance, and the plate on the first surface dispensed with. 
The same experiments were repeated with the sun's light; 
and the emergent rays were even thrown on a screen, and thus 
the section of the cone observed at various distances from its 
summit. 

In the first experiments there was a considerable discre- 
pancy between the results of observation and theory, both as 
to the magnitude of the cone, and some other circumstances 
of its appearance. These discrepancies were found to arise 
firom the sensible magnitude of the little aperture on the second 
surface of the crystal, which suffered rays to pass which were 
inclined to the line OM at small angles. Accordingly, the 
magnitude of the observed cone required a correction before 
it could be compared with the results of theory : when this 
correction was applied, the agreement of the observed and 
theoretical angles was found to be complete. 

The rays which compose the emergent cone are all polar- 
ized in different planes. It was discovered by observation that 
these planes are connected by the following law, — namely, 
** the angle between the planes of polarization of any two rays 
of the cone is half the angle between the planes containing the 
rays themselves and the axis" This law was found to be in 
accordance with theory. 

(190) A remarkable variation of the phenomenon took 
place, on substituting a narrow linear aperture for the small 
circular one, in the plate next the lamp, in the first-mentioned 
mode of performing the experiment, — the line being so ad- 
justed, that the plane passing through it and the aperture on 
the second surface should coincide with the plane of the optic 
axes. In this case, according to the hitherto received views, 
all the rays transmitted through the second aperture should be 

N 
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refracted doubly in the plane of the optic axes^ so that no part 
of the line should appear enlarged in breadth, on looking 
through this aperture ; while, according to Sir William Har 
milton, the ray which proceeds in the direction OM should 
be refracted in every plane. The latter was found to be the 
case : in the neighbourhood of each of the optic axes, the lu- 
minous line was bent, on either side of the plane of the axes, 
into an oval curve. This curve, it is easy to show, is the amr 
choid ofNicomedes^ whose asymptot is the line on the first 
surface. 

(191) The other case of conical refraction — called internal 
conical refraction by Sir William Hamilton — was expected to 
take place when a single ray has been inddent externally upon 
a biaxal crystal, in such a manner that one of the refracted 
rays may coincide with an optic axis. The incident ray in 
this case should be divided into a cone of rays within the 
crystal, the angle of which, in the case 
of arragonite, is equal to V 55\ The 
rays composing this cone will be re- 
fracted at the second surface of the crys- 
cal, in directions parallel to the ray inci- 
dent on the first, so as to form a small 
cylinder of rays in air^ whose base is the 
section of the cone made by the surface 
of emergence. This is represented in 

the annexed diagram, in which NO is the incident ray, aOh 
the cone of refracted rays within the crystal, and aa'Vb the 
emergent cylinder. 

The minuteness of this phenomenon, and the perfect ac- 
curacy required in the incidence, rendered it much more dif- 
ficult to observe than the former. A thin pencil of light, 
proceeding from a distant lamp, was suffered to fall upon the 
crystal, and the position of the latter was altered with extreme 
slowness, so as to change the incidence very gradually. When 
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the required position was attained, the two rays suddenly 
spread out into a continuous circle, whose diameter was ap- 
parently equal to their former interval. The same experiment 
was repeated with the sun's light, and the emergent cylinder 
was received on a small screen of silver paper, at various dis- 
tances &om the crystal; and no sensible enlargement of the 
section was observable on increasing the distance. The angle 
of this miniate cone within the crystal was found to agree, 
within very narrow limits^ with that deduced &om theory, — 
the observed angle being 1^ 60', and the theoretical angle 
1° 55'. 

The rays composing the internal cone are all polarized in 
different planes ; and the law connecting these planes is the 
same as in the case of external conical refraction. 

(192) We have seen that the problem to find the direction 
and magnitude of the reflected and refiracted vibrations, when 
those of the incident vibration are given, was solved by Fres- 
nel in the case of ordinary media* In the year 1831, M. 
Seebeck generalized, to a certain extent, the solution of Fres- 
nel, and extended it to the case of reflexion by urdaxal crystah 
in the principal plane. The general solution of the problem 
of reflexion and re&action by crystalline media was obtained, 
a few years later, by Professor Mac CuUagh and M. Neumann 
upon other principles (156) ; and the memoir of the former is 
distinguished for the beauty and elegance of its geometrical 
laws. This solution, like that of Fresnel for ordinary media, 
does not include the change ofphase^ which is now proved to 
take place in reflexion at the bounding surfaces of all media 
(174). Its results, accordingly, are only approximately true, 
the degree of approximation being probably the same as in the 
case of Fresnel's laws themselves. 
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CHAPTER XII. 

INTERFERENCE OF POLARIZED LIGHT. 

(193) Haying considered the theory and laws of doable 
refraction, we are prepared to study the phenomena of inter- 
ference which take place when polarized light is transmitted 
through crystalline substances. The effects displayed in such 
cases are probably the most splendid in optics ; and when it 
is considered that, through them, an insight is afforded into 
the very laboratory of Nature itself, and that we are thus en- 
abled almost to view the interior structure and molecular 
arrangement of bodies, the subject will hardly be thought in- 
ferior in importance to any other in the science. 

The first discoveries in this attractive region were made 
by Arago, who presented a memoir to the Institute, in the 
year 1811, on the colours of crystalline plates when exposed 
to polarized light. The subject has since been prosecuted 
with unremitting ardour by the first physical philosophers of 
Europe, and among the foremost by Biot, Brewster, and 
Fresnel. 

(194) It has been already shown (142), that when a beam 
of light, polarized by reflexion, is received upon a second re- 
flecting plate at the polarizing angle, the twice-reflected light 
will vanish, when the plane of the second reflexion is per- 
pendicular to that of the first. The first reflector, in any 
apparatus of this kind, is called the polariziriff plate, and the 
second (for reasons which will presently appear), the analyz- 
ing plate. Now, if between the two reflectors we interpose a 
plate of any double-refi:ticting substance, the capability of re- 
flexion at the analyzing plate is suddenly restored, and a por- 
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tion of the light is reflected, whose quantity depends on the 
position of the interposed crystal. The light is thus said 
(though improperly) to be depolarized by the crystal ; and it 
was by this property that the double-refracting structure was 
detected by Malus in a vast variety of substances, in which 
the separation of the two rays was too small to be directly 
perceived. 

In order to analyze this phenomenon, let the crystalline 
plate be placed so as to receive the polarized beam perpendi- 
cularly, and let it be turned round in its own plane. We 
shall then observe that there are two positions of the plate in 
which the light totally disappears, and the reflected ray va- 
nishes, just as if no crystal had been interposed. These two 
positions are at right angles to one another ; and they are 
those in which the principal section, of the crystal coincides 
with the plane of the first reflexion^ or is perpendicular to it. 
When the plate is turned round from either of these posi- 
tions, the light gradually increases ; and it becomes a msxi- 
mum^ when the principal section is inclined at an angle of 45^ 
to the plane of the first reflexion. 

(195) In these experiments the reflected light is white. 
But if the interposed crystalline plate be very thin, the most 
gorgeous colours appear, which vary with every change of 
inclination of the plate to the polarized beam. 

Mica and sulphate of lime are very fit for the exhibition of 
these beautiful phenomena, being readily divided by cleavage 
into laminse of extreme thinness. If a thin plate of either of 
these substances be placed so as to receive the polarized beam 
perpendicularly, and be then turned round in its own plane, 
the tint does not change, but varies only in intensity ; the 
colour vanishing altogether when the principal section of the 
crystal coincides with the plane of primitive polarization, or 
is perpendicular to it, — and, reaching a maximum^ when it 
is inclined to the plane of primitive polarization at an angle 
of 45^ 
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If, on the other hand, the crystal be fixed, and the ana- 
lyzing plate turned, — so as to vary the mdination of the plane 
of the second reflexion to that of the first, — the colour will be 
observed to pass, through every grade of tint, into the com- 
plementary colour; it being always found that the light re- 
flected in any one position of the analyzing plate is cample^ 
mentary^ both in colour and intensity, to that which it reflects 
in a position 90° from the former. This curious relation will 
appear more evidently, if we substitute a double-refiracting 
prism for the second reflector ; for the two pencils refracted 
by the prism have their planes of polarization — one coincident 
with the principal section of the prism, and the other at right 
angles to it, and are therefore in the same condition as the 
light reflected by the analyzing plate, with its plane of re- 
flexion successively in these two positions. In this manner 
the complementary lights are seen together, andmay be easily 
compared. But the accuracy of the relation is completely 
established by making the two pencils partially overlap ; f(»*, 
whatever be their separate tints, it will be found that the part 
in which they are superposed is absolutely white. 

( 1 96) When laminae of different thicknesses are interposed 
between the polarizing and analyzing plates, so as to receive 
the polarized beam perpendicularly, the tints are found to 
vary with the thickness. The colours produced by plates of 
the same crystal, of different thicknesses, follow the same law 
as the colours reflected from thin plates of saif the tints rising 
in the scale as the thickness is diminished ; until finally, when 
this thickness is reduced below a certain limit, the colours 
disappear altogether, and the central space appears blacky as 
when the crystal is removed. The thickness producing cor- 
responding tints is, however, much greater in crystalline plates 
exposed to polarized light, than in thin plates of air, or any 
other uniform medium. The black of the first order appears 
in a plate of sulphate of lime, when the thickness is the 
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^^^th of an inch. Between ^^Vzj^^ ^^^ ru^^ of an inch, we 
have the whole succession of colours of Newton's scale; and 
when the thickness exceeds the latter limit, the transmitted 
light is always white. The tint produced by a plate of mica, 
in polarized light, is the same as that reflected from a plate 
of air of only the ^^^th part of the thickness. 

Pursuing the ejtamination of the same subject for oblique 
incidences, M. Biot found that, in uniaxal crystals, the tint 
developed — or rather the number of periods and parts of a 
period belonging to a ray of given refrangibility — was deter- 
mined by the length of the path traversed by the light within 
the crystal, and by the square of the sine of the angle which 
its direction made with the optic axis, jointly. In biaxal crys- 
tals we must substitute, for the square of the sine, ihe product 
of the sines of the angles which the ray makes with the two 
axes. 

(197) Let us now turn to the physical theory, and see in 
what manner it explains the appearances. 

We have seen that the wave incident upon a crystal 
is resolved into two sets of waves within it, which traverse 
it in different directions, and with different velocities. One 
of these wavQS, therefore, will lag behind the other, and 
they will be in different phases of vibration at emergence. 
When the plate is thin, this retardation of one wave upon the 
other will amount only to a few undulations and parts of an 
undulation ; and it would therefore appear that we have here 
all the conditions necessary for their interference^ and the con- 
sequent production of colour. Such was the sagacious con- 
jecture of Young. 

But here we are met by a diflSculty. So far as this expla- 
nation goes, the phenomena of interference and of colour should 
be produced by the crystalline plate alone, and in common 
light, without either polarizing plate or analyzing plate. Such, 
however, is not the fact, and the real difficulty in this case is, 
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— not 80 much to explain how the phenomena are produced, 
as to show why they are not always produced. 

In seeking for a solution of this difficulty, we perceive 
that the two rays, whose interference is supposed to produce 
the observed results, are not precisely in the condition of 
those whose interference we have hitherto examined. They 
are polarized^ and polarized in opposite planes. We are led 
then to inquire, whether there is anything peculiar to the in- 
terference of polarized rays which may influence these results ; 
and the answer to this inquiry will be found to complete the 
solution of the problem. 

(198) The subject of the interference of polarized light 
was examined, with reference to this question, by Fresnel and 
Arago, and its laws experimentally developed. It was found 
that two rays of light, polarized in the same plane, interfere 
and produce fringes, under the same circumstances as two 
rays of common light ; — that when the planes of polarization 
of the two rays are inclined to each other, the interference is 
diminished, and the fringes decrease in intensity ; — and that, 
finally, when the angle between these planes is a right angle, 
no fringes whatever are produced, and the rays no longer in- 
terfere at all. These facts may be established by taking a 
plate of tourmaline which has been carefully worked to a 
uniform thickness, cutting it in two, and placing one-half in 
the path of each of the interfering rays. It will be then found 
that the intensity of the fringes depends on the relative posi- 
tion of the axes of the two tourmalines. When these axes are 
parallel, and consequently the two rays polarized in the same 
plane, the fringes are best defined ; they decrease in intensity, 
when the axes of the tourmalines are inclined to one another ; 
and, finally, they vanish altogether when the axes form a right 
angle. 

In this law we find the account of the fact which hitherto 
perplexed us, — namely, that no phenomena of interference or 
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colour are produced, under ordinary circumstances, by the two 
rays which emerge from a crystalline plate, and which are 
polarized in opposite planes ; and we learn that, to produce 
these phenomena in perfection, the p^awg* of polarization of the 
two rays rrnist be brought to coincidence by the analyzer. 

The non-interference of rays, polarized in planes at right 
angles to one another, is a necessary result of the mechanical 
theory of transversal vibrations. In fact, it is a mathematical 
consequence of that theory, that the intensity of the resultant 
light in that case is constant y and equal to the sum of the in- 
tensities of the two component lights, whatever be the phases 
of vibration in which they meet. 

But though the intensity of the light does not vary with 
the phase of the component vibrations, the character of the 
resulting vibration will. It appears from theory, that two 
rectilinear and rectangular vibrations compound a single vi- 
bration, which will be also rectilinear when the phases of the 
component vibrations differ by an exact number of semi-un- 
dulations ; that, in all other cases, the resulting vibration will 
be elliptic ; and that the ellipse will become a circle^ when the 
component vibrations have equal amplitudes, and the differ- 
ence of their phases is an odd multiple of a quarter of a wave. 
These results of theory have been completely confirmed by 
experiment. 

(199) Fresnel and Arago discovered, further, that two 
oppositely polarized rays will not interfere, even when their 
planes of polarization are made to coincide, unless they belong 
to a pencil, the whole of which was originally polarized in one 
plane; and that, in the interference of rays which had un- 
dergone double refraction, half an undulation must be supposed 
to be lost or gained^ in passing from the ordinary to the extra- 
ordinary system, — just as in the transition from the reflected 
to the transmitted system, in the colours formed by thin plates. 

The principle of the allowance of half an undulation is a 
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simple consequence of the theory of transversal vibrations. 
In fact, the vibration of the wave incident on the crystal is 
resolved into two within it, at right angles to one another, one 
in the plane of the principal section, and the other in the per- 
pendicular plane. Each of these must be again resolved, in 
two fixed directions which are also perpendicular ; and it will 
easily appear from the process of resolution, that, of the four 
components into which the original vibration is thus resolved, 
the pair in one of the final directions must conspire^ while in 
the other they are opposed. Accordingly, if the vibrations of 
the one pair are coincident^ those of the other differ by half an 
undulation. Hence, when the plane of reflexion of the ana- 
lyzing plate coincides successively with these two positions, 
the colours (which result from the interference of the portions 
in the plane of reflexion) will be complementary. 

The former of the two laws explains the office of the 
polarizing plate in the phenomena. To account mechani- 
cally for the non-interference of the two pencils, when the 
light incident upon the crystal is unpolarized, we may regard 
a ray of common light as composed of two rays of equal inten- 
sity, oppositely polarized,* and whose vibrations are therefore 
perpendicular. Each of these vibrations, when resolved into 
two within the crystal, and these two again resolved in the 



* More properly, a ray of common light must be regarded as composed 
of an indefinite number of rays polarized in all azimuths ; so that if any two 
planes be assumed at right angles, there will be an equal quantity of light 
actually polarized in each. Ordinary light, in fact, consists of a series of 
systems of waves, in each of which the vibrations are difiPerent ; the difiPerent 
systems succeeding one another so rapidly, that, in a moderate time, as many 
vibrations take place in any one plane, as in another at right angles to it. 
But the phenomena of interference, exhibited by common light, compel us also 
to admit (as Mr. Airy hay observed) that the vibrations do not change con- 
tinually ; and that in each system of waves there are, probably, several hun- 
dred vibrations which are all similar, — although the vibrations constituting 
one system bear no relation to those of another, and the difiPerent systems 
succeed one another with such rapidity as to obliterate all trace of polari- 
zation. 
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plane of reflexion of the analyzing plate, will exhibit the phe- 
nomena of interference. But the interval of retardation will 
differ by half a wave in the two oases ; the tints produced will 
therefore be complementary, and the light resulting from their 
union will be of a uniform whiteness.* 

(200) These laws of interference being kept in mind, the 
reason of all the phenomena is apparent. The ray is origi- 
nally polarized in a single plane, by means of the polarizing 
plate. It is then divided into two within the crystal, which 
are polarized in opposite planes ; and these are finally reduced 
to the same plane by means of the analyzing plate. The two 
pencils will therefore interfere ; and the resulting tint will 
depend on the retardation of one of the rays behind the other, 
produced by the difference of the velocities with which they 
traverse the crystal. 

It has been shown, that the difference between the re-* 

ciprocals of the squares of the velocities, with which the two 

rays traverse the crystal, is proportional to the product of the 

sines of the angles which their direction makes with the optic 

axes ; or, that if v and v denote the velocities of the two rays, 

w and w the angles which their direction makes with the two 

axes, 

V"* - v'"^ = c sin o) sin w'. 

But if t and i denote the times occupied by the two rays in 
traversing the crystal, and the thickness actually traversed. 



* We have here supposed the resulting light to be simply the sum of the 
lights derived from each of the portions into which the orig^inal light was 
supposed to be resolyed, without reference to their phase. The justice of 
this assumption depends upon the fact adverted to in the preceding note, — 
namely, that the two oppositely polarized portions, into which we have sup- 
posed common light to be resolved, difiPer in phase, — ^that difiPerence continu- 
ally varying. The same thing is true, therefore, of the final components; 
so that these must be regarded as lights proceeding from different sources, 
and compound a light equal in intensity to the sum of the components. 
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— or the thickness of the plate multiplied by the secant of the 
angle of refraction, 

„ ,, t^-P t^^t t-^ 

Now the first factor of this product is very nearly constant ; 
we have, therefore, 

t - t' - const X sin o) sin w ; 

or, the interval of retardation is proportional to the product of 
the sines of the angles which the direction of the rays makes 
with the two axes, and to the thickness of the crystal tra- 
versed, jointly. When the two axes coalesce, or the crystal 
becomes uniaxal^ the retardation is proportional to the square 
of the sine of the angle which the direction makes with the 
axis. But the tint developed is measured by the interval of 
retardation ; accordingly the laws of the tints, discovered ex- 
perimentally by M. Biot, flow immediately from the theory. 

(201) It is plain that the light issuing from the crystal 
is, in general, elliptically polarized^ inasmuch as it is the re- 
sultant of two waves, in which the vibrations are at right 
angles, and differ in phase. Hence, when homogeneous light 
is used, and the emergent beam is analyzed with a double-re- 
fracting prism, the two pencils into which it is divided vary 
in intensity as the prism is turned, — neither, in general, ever 
vanishing. 

When the thickness of the crystal is such, that the differ- 
ence of phase of the two rays is an exact number ofsemi-un- 
dtdations, they will compound a plane-polarized ray at emer- 
gence, — ^the plane of polarization coinciding with the plane of 
primitive polarization, or making an equal angle with the prin- 
cipal section of the crystal on the other side, according as the 
difference of phase is an even or odd multiple of half a wave. 
Accordingly, one of the pencils into which the light is divided 
by the analyzing prism will vanish in two positions of its 
principal section ; and it is manifest that the successive thick- 



INTERFERENCE OF POLARIZED LIGHT. 189 

nesses of the crystalline plate at which this takes place form a 
series in arithmetical progression. 

On the other hand, when the difference of phase is a 
• quarter of a wave-lengthy or an odd multiple of that quantity, 
— and when, at the same time, the principal section of the 
crystal is inclined at an angle of 45° to the plane of primitive 
polarization — ^the emergent light will be circularly polarized. 
This is one of the simplest means of obtaining a circularly-po- 
larized beam ; but it has the disadvantage, that the required 
interval of phase is only exact for waves of one particular 
length, and that, therefore, the circular polarization is perfect 
only for one colour. 

(202) It has been stated (195) that the phenomena of co- 
lour are only produced when the crystalline plate is thin. In 
thick plates, where the difference of phase of the two pencils 
contains a great many wave-lengths, the tints of different orders 
come to be superposed (as in the case of Newton's rings, where 
the thickness of the plate of air is considerable), and the re- 
sulting light is white. The phenomena of colour may still, 
however, be produced in thick plates, by superposing two of 
them in such a manner, that the ray which has the greater 
velocity in the first shall have the less in the second. We 
have only to place the plates with their principal sections per^ 
pendicular or parallel^ according as the crystals to which they 
belong are of the same^ or of opposite denominations. Thus, 
if the crystals be uniaxal, and both positive, or both negative, 
they are to be placed with their principal sections perpendi- 
cular ; and, on the other hand, these sections should be parallel, 
when one of the crystals is positive and the other negative. 
The reason of this is evident. 

(203) Let us now consider the effects produced when a 
converging or diverging pencil of rays traverses a uniaxal 
crystal, in various directions inclined to the axis at small 
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angles ; and let us suppose, for simplioityy that the crystal- 
line plate is cut in a direction perpendicular to the axis. 

Let ABCD be the plate, and E the place of the eye. 
The yisible portion of the emergent beam will form a cone, 
AEB, whose summit coin- 
ddes with the place of the 
eye, and axis, EO, with the 
axis of the crystal. The ray 
which traverses the (crystal 
in the direction of the axis, 
POE, will undergo no 
change whatever; and con- 
sequently will be reflected, or not, from the analyzing plate, 
according as the plane of reflexion there coincides with, or is 
perpendicular to, the plane of the first reflexion. But the 
other rays composing the cone will be modified in their pas- 
sage through the crystal ; and the changes which they undergo 
will depend on their inclination to the optic axis, and on the 
position of the principal section with respect to the plane of 
primitive polarization. 

Let the circle represent the section of the emergent cone 
of rays made by the second surface of the crystal; loid let 
MM' and NN' be two lines drawn 
through its centre at right angles, 
being the intersections of the plane 
of primitive polarization, and of 
the perpendicular plane, respec- 
tively, with the surface. Now 
the rays which emerge at any 
point of these lines will not be di- 
vided into two within the crystal, 
nor will their planes of polarization 

be altered ; because the principal section of the crystal, for 
these rays, in the one case coincides with the plane of primi- 
tive polarization, and in the other is perpendicular to it. 
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These rays therefore will be reflected, or not, from the ana- 
ly^ng plate, according aa the plane of reflexion there coincides 
vith, or ia perpendicular to, the plane of the first reflexion. 
In the latter case, therefore, a black erou will be displaced 
on the field, and in the former a wkite one, — as is represented 
in the annexed diagrams. 




But the case ia different with the rays which f 
any other point, euch aa L. The principal section of the crys- 
tal for this ray, OL, neither coincidea with, nor is perpendi- 
cular to, the plane of primitive polarization ; and con»eq,uently 
the inddent polarized ray will be divided into two within the 
cryatal, whose planes of polarization are parallel and perpendi- 
cular to OL, reapectively. The vibratjons in these two rays 
are reduced to the same plane by means of the analyziDg plate: 
they will therefore interfere, and the extent of that interfer- 
ence win depend on their diflerence of phase. 

Now the difference of phase of the two rays depends on the 
interval of retardation. When this interval is an odd midtiple 
of half an undulation, the two raya are in complete diacord- 
ance ; and, on the other hand, they are in complete accord- 
ance when it is an even multiple of the same quantity. 
We have seen (200) that, for a ^ven plat«, the interval of 
retardation le proportional to the square of the sine of the 
angle which the ray makes with the optic axis within the 
crystal. It may be easily shown that the sine of this angle 
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is very nearly proportional to the sine of the angle LEO 
(see first fig. p. 190), which the emergent ray makes with 
the axis ; and this latter to LO, the distance of the point of 
emergence from the centre. The retardation therefore varies 
as the square of the distance LO ; and consequently the suc- 
cessive dark and bright lines will be arranged in circles, (as 
represented in the preceding diagrams) the squares of whose 
radii are in arithmetical progression. 

We have been speaking hitherto of homogeneous light. 
When white or compound light is used, the rings of different 
colours will be partially superposed, and the result will be a 
series of iris-coloured rings separated by dark intervals. All 
the phenomena, in fact, with the exception of the cross, are 
similar to those of Newton's rings; and we now see that they 
are both cases of the fertile principle of interference. These 
rings are exhibited even in thick crystals, because the difference 
of the velocities of the two pencils is very small for rays 
slightly inclined to the optic axis. 

(204) Let us now consider briefly the case ofhiaxal crys- 
tals. 

Let a plate of such a crystal be cut perpendicularly to the 
line bisecting the optic axes, and let it be interposed, as be- 
fore, between the polarizing and analyzing plates. In this 
case the bright and dark bands will no longer be disposed in 
circles, as in the former, but will form curves which are sym- 
metric with respect to the line§ drawn from the eye in the 
direction of the two axes ; the points of the same band 
being those for which the interval of retardation of the two 
rays, t-i^ is the same. Now this interval is proportional 
to the product of the sines of the angles which the direc- 
tion of the rays makes with the optic axes (200) ; and these 
sines are, very nearly, as the distances of the points of emer- 
gence (measured on the face of the crystal) from the projec- 
tions of the optic axes. Hence the product of these distances 
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will be constant for all the points of the same curve. The 
curve formed by each band is therefore the lemniscata of James 
Bemouilli, — the fundamental property of which is, that the 
product of the radii vectores, drawn from any point to two 
fixed poles, is a constant quantity. 

The exactness of this law has been verified, in the most 
complete manner, by the measurements of Sir John Herschel. 
The constant varies from one curve to another, — being pro- 
portional to the interval of retardation, and increasing there- 
fore as the numbers of the natural series for the successive 
dark bands. For different plates of the same substance, the 
constant is inversely as the thickness. 

The annexed diagrams represent the systems of rings in a 
biaxal crystal whose axes form a small angle with one another, 
in two positions of the crystalline plate, the planes of polari- 
zation of the polarizing and analyzing plates being at right 
angles. 




The form of the dark brushesy which cross the entire sys- 
tem of rings, is determined by the law which governs the 
planes of polarization of the emergent rays. There is no dif- 
ficulty in showing, on the principles of Fresnel's theory, that 
two such dark curves, in general, pass through each pole ; 



o 
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and that they are rectangtdar hyperbolas^ whose common centre 
18 the middle point of the line which connects the projections 
of the two axes. 

(205) The phenomena of depolarization and of colour, 
impressed by double-refracting substances upon the trans- 
mitted light, are, we have seen, the necessary results of the 
interference of the two pencils into which the light is divided 
within them. These properties, therefore, become distinctive 
characters of the double-refracting structure ; and thus enable 
us to discover the existence, and to trace the laws, of that 
structure, even in substances in which the separation of the 
two pencils is too minute to be directly observed. By such 
means it has been discovered that a double refracting structure 
may be communicated to bodies which do not possess it na- 
turally, by mechanical compression or dilatation. Thus Sir 
David Brewster observed, that when pressure was applied to 
the opposite faces of a parallelopiped of glass, it developed 
a tint in polarized light, like a plate of double-refracting crys- 
tal ; and the tint descended in the scale as the pressure was 
augmented. Single-refracting crystals, — such as muriate of 
soda, and fluor spar, — acquired the property of double refrac- 
tion by the same means. 

The opposite effects of compression and dilatation may be 
very well seen, and studied, in a thick plate of glass bent by 
an external force. The entire mass of the plate is thus thrown 
into an altered state of density, the parts towards the convex 
side of the plate being dilated^ and those towards the concave 
side compressed ; while, about the middle of the thickness, 
there is a surface in which the particles are in their natural 
state. Accordingly, when this body is interposed between 
the polarizing and analyzing plates, so as to form an angle of 
45° with the plane of primitive polarization, two sets of co- 
loured bands are seen, separated by a neuti*al line ; and these 
vanish altogether when the compressing force is withdrawn. 
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The parts towards the convex^ or dilated side of the neutral 
line, are found to have acquired a positive double-refracting 
structure, and those on the concave^ or compressed side, a ne^ 
gative one. 

In these cases of induced double refraction, the pheno- 
mena are related to the form of the entire mass ; and the axes 
of double refraction are single lines within the substance, fixed 
in position^ as well as direction. In this respect the pheno- 
mena are essentially different from those produced by regular 
crystals^ in which the laws of the double refraction depend 
solely on the direction^ and are the same in all parts of the 
substance. 

(206) The phenomena described in the preceding article 
are in perfect accordance with the wave-theory. Owing to 
the connexion of the vibrating medium with the solid in 
which it is contained, its elasticity is rendered unequal in 
different directions by the effects of compression, the maxi- 
mum and minimum of elasticity corresponding to the direc- 
tions oi greatest and least pressure. Accordingly the vibra- 
tions of the ray, on entering the substance, are resolved into 
two in these directions, and these are propagated with unequal 
velocities. The incident wave will therefore be separated into 
two within the medium, one of which will be in advance of 
the other, and these will be in different phases of vibration 
at emergence. The resolved parts of the vibrations, in the 
plane of reflexion of the analyzing plate, will accordingly in- 
terfere, and the tint developed will be determined by the in- 
terval of retardation. 

These results of theory were experimentally confirmed by 
Fresnel ; and he found that the velocity with which a ray 
traversed the glass was greater or less^ according as its plane 
of polarization coincided with^ or was perpendicular to^ the line 
in which the pressure was exerted. The double refraction of 
the ray is a necessary consequence of this difference of velo- 

o2 
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cities: but this was also established by Fresnel by direct 
experiment. A series of glass prisms were placed together, 
with their refracting angles alternately in opposite directions, 
and the ends of the alternate prisms were powerfully pressed 
by screws. A ray transmitted through the combination was 
found to be divided into two oppositely polarized. The com- 
pressed prisms, in this arrangement, acquired a double-refract^ 
ing structure, the axis of pressure being also the axis of double 
refraction ; and their refracting angles being all turned in the 
same direction, the divergence of the two rays was increased 
in proportion to their number, and thus rendered sensible. 
The intermediate prisms served to correct the deviation, and 
to render the combination achromatic. 

(207) The effects of unequal density and elasticity may 
be much more regularly produced by the application of heat. 
These effects may be studied by applying a bar of hot iron to 
the edge of a rectangular plate of glass, and placing it in the 
polarizing apparatus, so that the heated edge may form an 
angle of 45° with the plane of primitive polarization. At the 
end of some time, the whole surface of the plate wiU be ob- 
served to be covered with coloured bands, the parts near the 
opposite edges having acquired a positive double-refracting 
structure, and those near the centre a negative one. The 
effects are reversed when a plate of glass, uniformly heated, is 
rapidly cooled at one of its edges ; and all the appear- 
ances vanish when the glass acquires the same temperature 
throughout. 

If we transmit heat from the surface to the axis of a 
glass cylinder, by immersing it in heated oil, it will display a 
system of rings similar to those of a negative crystal with one 
axis, the axis of the cylinder being also the axis of double 
refraction. When the heat reaches the axis, the double re- 
fraction begins to weaken ; and the colours disappear altoge- 
ther when the glass is uniformly heated. Again, if the cylin- 
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der, when in this state, be made to cool rapidly by surrounding 
it with a good conductor of heat, it will transiently assume 
the opposite character of a positive double-refracting crystal ; 
and when it is restored to a uniform temperature throughout, all 
traces of double refraction again disappear. If we employ an 
elliptic cylinder, instead of a circular one, in the experiment 
just described, it will exhibit the coloured curves formed by a 
biaxal crystal : and the phenomena may be endlessly varied 
by varying the form of the glass to which the heat is applied. 
If now, by any means, the glass be arrested in one of these 
transient states, it will acquire a permanent double-refracting 
structure. This has been accomplished by raising it to a red 
heat, and then cooling it rapidly at the edges. For, fits the 
outer parts, which are thus more condensed, assume a fixed 
form in cooling, the interiorparts must accommodate themselves 
to that form, and therefore retain a state of unequal density. 
The law of density, and therefore the double-refracting struc- 
ture, will depend on the external form ; and it is accordingly 
found that the coloured bands and patches, which such bodies 
display in polarized light, assume a regular arrangement vary- 
ing with the shape of the mass. 

(208) As the double-refracting structure is communicated 
to bodies which do not possess it naturally, by mechanical 
compression, or unequal temperature, — so, by the same means, 
that structure may be altered in the bodies in which it already 
resides. Thus Sir David Brewster and M. Biot found that 
the double refraction of regular crystals may be altered, and 
the tints they display made to rise or descend in the scale, by 
simple pressure. 

But the changes induced by heat are more remarkable. 
Professor Mitscherlich discovered the important fact, that 
heat dilates crystals differently in different directions^ and so 
alters their form; and their double-refracting properties are 
found to undergo corresponding changes. Thus, Iceland spar 
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is dilated by heat in the direction of its^axis ; while it actually 
contracts^ by a small amount, in directions perpendicular to it. 
The angles of the primitive form thus vary, the rhomboid 
becoming less obtuse, and approaching the form of the cube^ — 
in crystals of which form there is no double refraction (69). 
Professor Mitscherlich accordingly conjectured, that the dou- 
ble-refracting energy of the crystal must, in these circum- 
stances, be diminished ; and the conjecture was verified by 
experiment. In fact, the extraordinary index in Iceland spar 
is found to increase considerably with the temperature, while 
the ordinary index undergoes little or no change. 

We have seen (186) that the inclination of the optic axes, in 
biaxal crystals, is a simple function of the three principal elas- 
ticities of the vibrating medium, and that the plane of the axes is 
that of the greatest and least elasticities. If, then, these elasti- 
cities be altered by heat in different proportions^ the inclination 
of the axes will likewise vary ; and it may even happen that 
the plane of the axes will shift to a position at right angles to 
that which it formerly occupied. All these variations have 
been actually observed. Professor Mitscherlich found that, 
in sulphate of lime, the angle between the axes (which is about 
60^ at the ordinary temperature) diminishes on the applica- 
tion of heat ; that, as the temperature increases, these axes 
approach until they unite ; and that, on a still further augmen- 
tation of heat, they again separate, and opeti out in a perpen- 
dicular plane. Heat is found to dilate this crystal more in 
one direction than in another perpendicular to it. 
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CHAPTER XIII. 

ROTATORY POLARIZATION. 

(209) In the phenomena hitherto considered, the changes 
in the plane of polarization, which a polarized ray undergoes 
in reflexion or refraction, are determinate in amount, and are 
wholly independent of the distances traversed by the ray in 
either medium. There are certain cases, however, in which 
the change of the plane of polarization increases with the 
thickness of the medium traversed ; and the plane is made to 
revolve, sometimes from left to right (like the hands on the dial- 
plate of a clock), and sometimes in the opposite direction. 
This remarkable phenomenon was first observed by Arago. 

When a polarized ray, of any simple colour, traverses a 
plate of Iceland spar, beryl, or any other uniaxal crystal, in 
the direction of its axis, it suffers no change of any kind. 
But when the ray traverses in the same manner a plate 
o{ rock-crystalj its plane of polarization is found to be altered 
at emergence ; and the change increases with the thickness of 
the plate. In some crystals of this substance, the plane 
of polarization is turned from left to rights while in others it 
is turned in an opposite direction ; and the crystals themselves 
are called right-handed or left-handed^ according as they pro- 
duce one or other of these effects. 

(210) The phenomena of rotatory polarization in rock- 
crystal were analyzed with great diligence and success by M. 
Biot, and were reduced by him to the following general 
laws. 

I. In different plates of the same crystal, the rotation of 
the plane of polarization is always proportional to the thickness 
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of the plate. The same thing holds, very nearly, in plates of 
different crystals. 

II. When two plates are superposed, the effect produced 
is, very nearly, the same as that which would be produced by 
a single plate, whose thickness is the sum or difference of the 
thicknesses of the two plates, according as they are of the same 
or of opposite denominations. 

III. The rotation of the plane of polarization is different 
for the different rays of the spectrum, and increases with 
their re&angibility. For a given plate, the angle of rotation 
is inversely as the square of the length of the wave. Thus, the 
angle of rotation, produced by a plate of rock-crystal whose 
thickness is a millimetre, is 17^^ for the extreme red of the 
spectrum, 30^ for the rays of mean refran^bility, and 44? for 
the extreme violet. 

Since the rays of different colours emerge polarized in 
different planes, it follows that if a beam of white light be let 
fall upon the crystal, and be received after emergence upon 
an analyzing plate, this will reflect a portion of the light in 
every position of the plane of reflexion ; and this light will 
be beautifully coloured, the colour varying with the thickness 
of the crystal, and the position of the analyzing plate. For 
the analyzing plate will reflect the rays of different colours in 
different proportions, depending on the positions of their planes 
of polarization with respect to the plane of reflexion ; and the 
resulting colour will be a compound tint, which can be easily 
estimated. 

(211) The curious distinction, which was found to sub- 
sist between different specimens of rock-crystal, has been con- 
nected by Sir John Herschel with a difference of crystalline 
form. The ordinary form of the crystal of quartz is the 
six-sided prism terminated by the six-sided pyramid. The 
solid angles, formed at the junction of the pyramid and prism, 
are sometimes replaced by small secondary planes, which are 
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oblique with reference to the original planes of the crystal ; 
and the form of the crystal is then called plagiedral. In the 
same crystal these planes lean all in the same direction ; and 
it is found that, when that direction is to the right (the apex 
of the pyramid being uppermost), the crystal is right-handed ; 
and that, on the contrary, it is left-handed^ when the planes 
lean in the opposite way. 

Sir David Brewster subsequently discovered that the ame~ 
thyst, or violet quartz, is made up of alternate layers of right- 
handed and left-handed quartz. This remarkable structure 
may be traced in the fracture of the mineral ; for the edges 
of the layers crop out^ and give to the fracture the undulating 
appearance which is peculiar to this mineral. But the struc- 
ture in question is displayed in the most beautiful manner, 
when we expose a plate of this substance to polarized light. 

The colours exhibited in polarized light likewise reveal the 
existence of crystals of quartz penetrating others in various 
directions, when no striae, or other external appearances, in- 
dicate their presence. 

(212) The connexion between the rotation of the plane of 
polarization and the crystalline form, discovered by Sir John 
Herschel in quartz, has since been observed in other sub- 
stances. M. Pasteur has recently found that tartaric acid, and 
the tartrates, which are all plagiedral in the same direction, 
likewise deviate the plane of polarization to the same side. 
On the other hand, para-tartaric acid, and the para-tartrates, 
which have the same general form, are for the most part not 
plagiedral ; while, in those salts of this class which are so, the 
facettes of the crystals are inclined sometimes to the right, 
and sometimes to the left, — and this difference is found to exist 
even in crystals belonging to the same specimen. M. Pasteur 
has foimd, accordingly, that the salts of the former class have 
no effect upon the plane of polarization ; while those of the 
latter deviate the plane of polarization in the same direction 
as the facettes of the crystal. 
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This remarkable distinction among the para-tartrates has 
been traced by the same observer to their chemical composi- 
tion. He has discovered that para-tartaric acid is composed of 
two distinct acids, which have the same general crystalline 
form ; but which differ in this, that in one of them the facettes 
of the crystals are inclined to the right, and in the other to the 
left. These acids (one of which is the ordinary tartaric acid) 
accordingly deviate the plane of polarization — the former to the 
righty and the latter to the lefty and by the same amoimt ; and 
the difference in the optical properties of different specimens of 
the compound acid, and its salts, arises from the predominance 
of one or other of the component elements. 

(213) The phenomena of rotatory polarization in rock- 
crystal, have been accoimted for by the interference of two 
circularli/ polarized -pencUBy which are propagated along the 
axis with unequal velocities, one revolving from left to right, 
and the other in the opposite direction. 

For a, plane polarized ray is equivalent to two circularly 
polarized rays of half the intensity, in which the vibrations are 
in opposite directions. When a plane polarized ray, therefore, 
is incident perpendicularly upon a plate of rock-crystal, cut 
perpendicularly to the axis, it may be resolved into two such 
circularly polarized rays ; and as these are supposed to be trans- 
mitted with different velocities, one of them will be in advance 
of the other when they assume a common velocity at emer- 
gence. They then compound a single ray, polarized in a sin- 
gle plane ; and this plane, it can be shown, is removed from 
the plane of primitive polarization by an angle proportional to 
the interval of retardation, and therefore to the thickness of 
the crystal. 

Thus the laws of rotatory polarization are completely ex- 
plained ; and it only remains to prove the truth of the as- 
sumption, that two circularly polarized pencils, whose vibran 
tions are in opposite directions, are actually transmitted along 
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the axis of quartz with different velocities. This supposition 
is easily put to the test of experiment ; since such a difference 
of velocity must produce a difference of refraction, when the 
surface of emergence is oblique to the direction of the ray. 
According to this hypothesis, therefore, a polarized ray trans- 
mitted through a prism of rock-crystal, in the direction of the 
optic axis, should undergo double refraction at emergence ; and 
the two pencils into which it is divided should be circularly 
polarized. This has been completely verified by Fresnel, by 
means of an achromatic combination of right-handed and lefb- 
handed prisms, arranged so as to double the separation ; and 
he has shown that the two pencils are neither common nor 
plane-polarized light, but possess all the physical characters of 
light circularly polarized. 

(214) The relation between the rotation and double re- 
fraction of rock-crystal, in the direction of its axis, has been 
very simply deduced by M. Babinet. 

Let V and v denote the velocities of the ordinary and extra- 
ordinary waves in the direction of the axis of the crystal ; fj, 
and fi the corresponding refractive indices ; then 

But, if be the thickness of the crystal, and S the interval of 

retardation of the two waves after traversing it, the second 

member of the preceding equation is obviously equal to 

S 

2 — ^, or to 1 + -, S being very small in comparison to 0. 

We have therefore 

f^ ^\ ' mS 

Now the angle of rotation is proportional to the interval of re- 
tardation of the two circularly polarized pencils ; and when that 
interval is equal to the length of a wave in vacuo, the angle 
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of rotation is 180^. Hence the interval of retardation of the 
emergent rays, corresponding to any angle of rotation, p, will 

be X 7^, X denoting the length of the wave ; and the cor- 

responding interval within the crystal is equal to this, multi- 
plied by the velocity of propagation, or divided by the refrac- 
tive index. Hence, if p be the rotation corresponding to the 
thickness of the crystal, fl, we have 



S = - 



180°* 



and substituting in the preceding formula, 

X P 



fi -fi 



180°' 



This difference is extremely small. When fl = 1 milli- 
metre, the angle of rotation, p, corresponding to the rays of 
mean refrangibility, = 30°. But for these rays, X = '0005 of a 
millimetre ; and therefore fi - fi = '00008. 

(215) The phenomena hitherto described take place only 
in the direction of the axis of the crystal. Mr. Airy disco- 
vered that when a plane polarized ray is transmitted through 
rock-crystal in any direction inclined to the axis^ it is divided 
into two ^encila winch Bxe elliptically polarized; the elliptical 
vibrations in the two rays being in opposite directions, and 
the greater axes of the ellipses coinciding respectively with 
the principal plane, and with the perpendicular plane. The 
ratio of the axes, in these ellipses, varies with the inclination 
of the ray to the optic axis, — ^being a ratio of equality when 
the direction of the ray coincides with the axis, and increasing 
indefinitely with its inclination to that line. With respect to 
the course of the refracted rays, Mr. Airy found that it was still 
determined by the Huygenian law ; but that the sphere and 
spheroid, which determine the velocities and directions of the 
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two rays, do not touchy as in all other known uniaxal crystals, 
— the latter surface being contained entirely within the former. 
This is a necessary consequence of the fact, that the interval 
of retardation of the two pencils does not vanish, vdth the in- 
clination of the ray to the optic axis. 

Mr. Airy has given an elaborate calculation, founded on 
these hypotheses, of the forms of the rings, &c., displayed by 
rock crystal in plane polarized and circularly polarized light ; 
and he has found the most striking agreement between the 
results of calculation and experiment. Among the most re- 
markable of the phenomena whose laws are thus developed, 
is that produced by the superposition of two plates of rock- 
crystal, of the same thickness, one of them being right-handed, 
and the other left-handed. 

In order to complete the experimental investigation of this 
subject, it remained to determine the velocities of the two 
elliptically polarized rays, and the ratio of the axes of the 
ellipses, as dependent on the inclination of the rays to the 
axis of the crystal. This has been effected by M. Jamin, by 
measuring the amplitudes, and the differences of phase of the 
two component pencils, when the incident light is polarized in 
the plane of a principal section. From these data the quanti- 
ties sought are deduced by calculation. 

(216) All these complicated facts have been linked toge- 
ther, and their laws deduced, by Professor Mac Cullagh. In 
this remarkable investigation the author sets out by assuming 
the form of the differential equations of vibratory motion in 
rock-crystal ; and from this assumed form he has deduced the 
elliptical polarization of the two pencils, — the law of the ellip- 
ticity as depending on the inclination of the ray to the axis, 

— the interval of retardation in the direction of the axis, and 

the peculiar form of the wave-surface. 

The ratio of the axes of the two ellipses is found to be 
equal to unity in the direction of the axis of the crystal. In 
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all other directions it is given by a quadratic equation whose 
constant term is equal to unity; so that this ratio has two 
values, one of which is the reciprocal of the other. Hence the 
ratio of the axes is the same in both ellipses ; and the greater 
axis of one coincides with the smaller axis of the other. 

When the ray traverses the axis of the crystal, the rota^ 
tion of the plane of polarization is given by the formula 

which comprises all the experimental laws of M. Biot (210). 
The sign of the constant factor, C, determines the direction 
of the rotation. 

It is a striking peculiarity of this theory, that it contains 
(in addition to the two refractive indices) but one constant, 
— and that this constant having been determined, from the 
known angles of rotation when the ray traverses the axis of 
the crystal, the ratio of the axes of the ellipses may be calcu- 
lated, when the ray is inclined by any angle to the axis. 
The author has applied this calculation to the observations of 
Mr. Airy, and has found the calculated and observed results 
to agree. 

(217) MM. Biot and Seebeck discovered that some of the 
liquids f and even of the vapours^ possess the same property as 
quartz in the direction of its axis, and impress a rotation on 
the plane of polarization of the intromitted ray, which is pro- 
portional to the thickness of the substance traversed. The fact 
is easily observed by transmitting a polarized ray through a 
long tube filled with the liquid, and closed at each end by 
parallel plates of glass ; and analyzing the emergent ray by a 
double-refracting prism. Among the liquids possessing this 
property are oil of turpentine, oil of lemon, solution of sugar in 
water, solution of camphor in alcohol, &c. The first-mentioned 
of these liquids is right-handed, and the others lefb-handed. 
They all possess the property in a much feebler degree than 
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quartz ; so that the ray must traverse a much greater thickness 
of the substance, in order to have its plane of polarization al- 
tered by the same amount. Thus a plate of rock-crystal, whose 
thickness is one millimetre, rotates the plane of polarization of 
the red ray through an arc of about 18^; a plate of oil of tur- 
pentine, of the same thickness, turns the plane of polariza- 
tion only through a quarter of a degree. 

The rotatory liquids do not lose their peculiar power (ex- 
cept in degree) by dilution with other liquids not possessing 
the property; and they retain it, even in the state of vapour. 
From these and other facts, M. Biot concludes that this pro- 
perty, in liquids, is inherent in their ultimate particles. In 
this respect the rotatory liquids are essentially distinguished 
from rock-crystal, which is found to lose the property when 
it loses its crystalline arrangement. Thus, Sir John Her- 
schel observed, that quartz held in solution by potash (liquor 
of flints) did not possess the rotatory power ; and the same 
thing has been remarked by Sir David Brewster with re- 
spect to fused quartz. 

(218) When two or more liquids possessing this property 
are mixed together, the rotation produced by the mixture is 
always the sum, or the difference, of the rotations produced 
by the ingredients, in thicknesses proportional to the volumes 
in which they enter the mixture, according as the liquids are 
of the same or of contrary denominations. The same law 
holds good in many cases in which the liquids are chemically 
united. 

M. Biot has made an important application of this prin- 
ciple to the analysis of compounds, containing a substance 
possessing the rotatory power combined with others which 
are neutral^ — the quantity of which in the compoimd may 
(by the principle just stated) be determined, by observing 
the optical effects of the mixture. This application has 
been found of much industrial value, in the case of the sac- 
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charine solutions ; and a very ingenious apparatus, called the 
saccharimeterj has been devised by M. Soleil for the purpose. 
This instrument is founded on the principle, that the rotatory 
solutions follow the same laws as rock-crystal, in their action 
upon the light of different colours; so that it is possible to 
compensate the effect of the solution by a plate of rock-crys- 
tal of a suitable thickness, and of the opposite action. 
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W. Caltbbt, U.A. Ornamented &om De- 
mkdb by the Author in the style of QKem 
MU—tttk't Praj/er-Bc^ Seoond Bdition. 
Crown 8ro. 10a. 6d. 

CaittBle (Lord).— A Diary in TurHsh and 

Oreek Waters. By the Bight Eon. the 
EiBtofOiBLiBM. Fifth Edition. PostSvo. 
prioelO*. 6d. 

Catlow.— Popular Concbology ; or, the 

BhaU Cabinet arrangied according; to the 
Uotlara Sjstwni : With a detailed Account 
•t tb* AimnalB, and a complete DeecriptiTe 
Ut of the FamiMet and Chmera of Recent 
■ad FoMil Shdla. By Astrts Catxow. 
Second Edition, much improved ; with 105 
Woodcut Dlnstrations. Post 8to, price 14is. 

Cedl, — The Stad Farm ; or, Hints on 
Breeding Horses for the Turf, the Chase, and 
the Boad. Addressed to Breeders of Bace- 
Hortes and Hunters, liSnded Proprietors, 
and eepeeially to Tenant FaFmen, By 
Ozena Fep. Sto. with rrontiepieoe, 6«, 

Oacdl'i StaUft Praotioe ; or, Hbiti on Tnlntng 
for the Turf, the Chase, and the Road ; 
with Obser»Btions on Baring and Hunt- 
tog, Warting, Bace-Riding, and Handi- 
capping; Addressed to Owners of Racers, 
Hnoterfl, and other Horses, and to all who 
m oonoemed in Racing, Steeple- Chasing, 
Mid 9^3Z'Hunting. Fcp. 8to, with Phtte, 
price 6a. half-bouud. 

OievTenl On the Harmony and Contrast 
of Colours, and their Applications to the 
Arte ; Including Painting, Interior Decora- 
tion, Tapestries, Carpets, Mosaics, Coloured 
fflaiing. Paper- Staining, Calico-Printing, 
Letl^rpress-lTinting, MMi-Colonring,DresB, 
landscape and ElowcT' Gardening, 4c. Ac, 
TranaUted b^ Csi,si.EB Uaxtbl. Second 
Edition ; with 4 Plates, Crown 9yo, 
price lOs. 6d. 



Chspnian.— History vf GnstavuB Adol- 

phui, and of the Thbiy Teare* War up to Oie 
ting's Dnrtb ! With aome Account of ila 
Conclusion by the Peace of Westphalia, in 
1648, By B. Ceafmam, M:,A., Vioar of 
Iielherhead. 8to. with Plans, 12s. Od. 

OUnton,— Literary Remains of Henry 

Vjjiet Clinton, M.A., Author of the Faili 
Hellfitiei, the Faiti Somam, ko. : Comprising 
an AntobiograjAy and Literary Joanul, 
and Inief Essays on Theologic^ Subjeota. 
Edited by lite Rev. C. J. FznxB Ouineit, 
H.A. Foit 8*o. 9b. 9d. 

Conybeare.— Essays, Ecclesiastical and 

Sodal; Eeprinted, with Additions, from the 
Edinhicrsh Bmeic. By the Ber. W. J. 
CtysYSEiXi, HA., late Felloir of Trinity 
College, Cambridge, firo. ISs. 

Conybeare and Howson.— The Life and 

Epistles of Saint Panl; Comprising a 
complete Biogrraih]^ of the Aposde, snd 
a Translation of Ms Epiatlea inserted in 
Chronologinl Order. By the Bar. W. J. 
CoKTSUBB, H.A.; and the Ber. J. S. 
HoweoN, M.A. Second Edition, oarefully 
rerised and corrected, and printed in a mom 
convenient form ; with sereral Maps snd 
Woodouts, and 4 Plates, 2 vols, square 
croirn 8vo. 31s. 6d. cloth. 

V Ths Orinlnd Edilli 

Dr. Copland's Dicti<aiary of Practical 

Medicine : Comnrising General Pathology, 
the Nature and Treatment of DiseMes, 
Morbid Structures, and the Disorders ea- 
peoially incidental to Chuwtes, to Sei,«id 
to the diiferent Bpochs of Lifii ; withnmne- 
rooB approved f ormuhe of the Hedidnes 
reoommended. Yols. L and II. Bto. pace 
£3 ; and Partia X. to XTU. 4s. Gd. eaoh. 



Cresy's Encyclopedia of Civil En^- 
Deering, Eistorit»l, Theoretical, and Faao- 
tical. Illustrated by upward* of 8,000 
Woodcuts. Second Edition, revised and 
brought down tii the Present Time in a 
SupplementjCOmprisingMetropolitan Water- 
Supply, Drainage of Towns, Railways, 
Cubical Proporfum, Brick and Iron Con- 
struction, Iron Screw Piles, Tubular Bridges, 
&<■. 8vo. esa. cloth. — The Sopplmobs 
separately, price lOa. 6d. cloth. 

Cotton.— InfitmdionB in the Doctrine 

and Practice of Christianity. Intended 
chieSy as an Introdnolion to Confirmation. 
By G. E. L. CoTTOH, M.A., late Fellow of 
Trinity College, Cambridge. ISmo. 28. 6d. 



prBUBHXD ST LOlffQMAN, BBOWN, Axn CO. 



The Ciicket-FMd ; or, 13ie Science and 

SMoey of the €hune of Griek«t. By tiie 
llirtikQFr of FrineipUi of Shieni^ Bitimg. 
flaoond Sdition, groatlf improved; with 
Plates and Woodcuti. Fep. 8ro. price 5b. 
half-bound. 

Ladf Cost's iavaMd's Book. — The In- 

TBlid'B Own Book : A OoUection of Secipes 
from yarious Books and ▼arious Conntnes. 
By the Honourable Ladt Cfst. Second 
JUiHon. Fep. 8to. price 28. 6d. 

Dale.— The Domestic Liturgy and Family 

Chaplain, in Two Farts : Past I. Church 
Services adapted for Domestic Ube, with 
PntTcrs for Everj Day of the Week, selected 
from the Book of Common Prayer; Past 
IL aa appropriate Sermon for Every Sunday 
im the Year. By the Bey. Thomas Dale, 
M.A., Canon B^sidentiary of St. Paul*s. 
Second Edition. Post 4>to. 21s. oloth ; 
81s. 6d. calf ; or £2. 10s. moroeco. 

^'^P^'^*^ \ The Dombstic Littagt. 10a. M. 

Davy (Dr. J.) — The Angler and his 

Friend ; or. Piscatory Colloquies and Fish- 
ing Excursions. By John Datt, MJ)., 
F.R.S., &c. Fep. 8to. price 6s. 

Delabeche.— Report on the Geology of 

Cornwall, Devon, and West Somerset. By 
SiB Henet T. Delabeche, F.11.S., late 
Director- General of the Geological Survey. 
Witii Maps, Pktcs, and Woodcuts. 8yo. 
price 148. 

DeUBive.— A Treatise on Electncity, 

in Theory and Practice. By A. Db la Biye, 
Professor in the Academy of Geneva. Trans- 
lated for the- Author by C. V. Waleeb, 
F.B.S. In Three Volumes; with numerous 
Woodcuts. Vol. I. 8vo. price 18s. ; Vol. II. 
price 28s. 

Dennistoon. — Memoirs of Sir Robert 

Strange, Knight, Engraver, Member of 
several Foreign Academies of Design ; and 
of his Brother-in-law, Andrew Lumisden. 
By Jakes Dennistofn, of Dennistoun. 
2 vols, post 8vo. with Illustrations, 21s. 

Diglby.— The Lover's Seat: Kathemerina; 

or. Common Things in relation to Beauty, 
Virtue, and Truth. By Eenelm Henkt 
DiGBT, Author oi Mores CaihoHci^ &o. 2 vols, 
fep. 8vo. 128. 

Discipline. By the Author of "Letters 

to my Unknown Friends," Ac. Second 
Edition, enlarged. 18mo. price 2s. 6d. 



Dodd.— The Food of London : A Sketch 

of the chief Varieties, Sources of Supply, 
probable Quantities, Modes of Arrival, Pro- 
cesses of Manufacture, suspected Adultera- 
tion, and Machinery of Distribution of the 
Food for a Community of Two Millions and 
a Half. By Geosoe Dobd, Author of 
British Mmnufactures, &a Post 8vo. lOs. 6d. 

The Eclipse of Faith ; or, a Visit to a 

Religious Sceptic. IthJEcUiion^ Fep. 8vo. 5b« 

Befenee of Hie Eclipse of Faith, by its 
Author: Being a Bgoinder to Professor 
K"ewman*s Repl^ : Including a full Exami- 
nation of that Writer's Criticism on the 
Character of Christ ; and a Chapter on the 
Aspects and Pretensions of Modern Deinn. 
Second Sdition, revised. Post 8vo. 5s. 6d. 

The Englishman's Greek Concordance of 

the New Testament : Being an Attempt at a 
Verbal Connexion between the Greek and 
the English Texts ; including a Concordance 
to the Proper Names, with Indexes, Greek- 
English and English-Greek. New Edition, 
with a new Index. Royal 8vo. price 42s. 

Hie Englishman's Hebrew and Chaldee €on- 
cordance of the Old Testament : Being an 
Attempt at a Verbal Connexion between 
the Original and the English Translations ; 
with Indexes, a List of the Proper Names 
and their Occurrences, &o. 2 vols, royal 
8vo. £3. 13s. 6d. ; large paper, £4. 14s. 6d. 

Ephemera's Handbook of Angling; 

teaching Fly-Fishing, Trolling, Bottom- 
Fishing, Salmon-Fishing ; with the Natural 
History of Biver-Fish, and the best Modes 
of Catching them. Third Edition, corrected 
and improved; with Woodcuts. Fcp.Svo 6s, 

Ephemera.— The Book of the Salmon: Com- 
prising the Theory, Principles, and Prac- 
tice of Fly-Fishing for Salmon: Lists of 
good Salmon FHes for every good Biver in 
the Empire ; the Natural History of the 
Salmon, its Habits described, and the best 
way of artificially Breeding it. By Ephe- 
mera ; assisted by Andrew Young. Fep. 
8vo. with coloured Plates, price 14s. 

W. ErsMne, Esq. — History of India 

under Bdber and Hum^yun, the First Two 
Sovereigns of the House of Taimur. By 
William Erseine, Eeq. 2 vols. 8vo. 82s. 

Etheridge. — Jerusalem and Tiberias; 

Sora and Cordova : A View of the Keligious 
and Scholastic Learning of the Jews. De- 
signed as an Introduction to Hebrew lite- 
rature. By J. W. Etheridge, M. A., Ph J>, 
Post 8vo. 7s. 6d. jjl^ 
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Fairbaim.— Useftd Information for En- 
gineers : Being a Series of Lectures delivered 
to the Working Engineers of Yorkshire and 
Lancashire. With a Series of Appendices, 
containing the Besults of Experimental In- 

2uirie8 into the Strength of Materials, the 
laoses of Boiler Explosions, &c. By 
WnxiAM Eaibbaien, F.E.S., F.G.S. With 
Plates and Woodcuts. Boyal Syo. price 15s.' 

f araday (Professor). — The Subject- 

Matter of Six Lectures on the Non-Metallic 
Elements, delivered before the Members 
of the Bojal Institution, by Pbopessob 
Fabaday, D.C.L., F.R.S., &c. Arranged by 
permission firom the Lecturer's Notes by 
J. SoovFEBK, M.B. Fcp. 8yo. price 5s. 6a. 

Jlemish Interiors. By the Writer of 

A Glance behind the Grilles of Religious 
Houses in France, Fcp, 8yo. 7s. 6d. 

Porester.— Travels in the Islands of Cor- 
sica and Sardinia. By Thoscas Fobesteb, 
Author of Rambles in Norway. With nume> 
rous coloured Blnstrations and Woodcuts, 
from Sketches made during the Tour by 
Lieutenant* Colonel M. A. BrDDXTXPH, B.A. 
Imperial 8vo. [_In the press, 

Pnlcher.—Life of Thomas Gainsborough, 

B.A. By the late Geobge Williams 
FiTLCHEB. Edited by his Son. With 4 
Ulustratione. New Edition, Fcp. Svo. 

[^Nearly ready. 

Oilbart— A Practical Treatise on Bank- 
ing. By Jambb William Gilbabt, F.E.S., 
Gheneral Manager of the London and West- 
minster Bank. Sixth Edition, revised 
and enlarged. 2 vols. 12mo. Portrait, 16s. 

Oilbart. — Logic for the Million: a 

Familiar Exposition of the Art of Beasoning. 
3j J. W. diLBABT, F.R.S. 4th Edition ; 
with Portrait of the Author. 12mo. 3s. 6d. 

GUbart— Logic for the Young: ConslBting of 
Twenty-five Lessons in the Art of Reasoning. 
Selected from the Loyic of Dr. Isaac Watts. 
By J. W. aiLBABT, F.R.S. 12mo. Is. 

The Poetical Works of Oliver Goldsmith. 

Edited by Bolton Cobkby, Esq. Illustrated 
by Wood Engravings, from Designs by 
Members of the Etching dub. Square 
crown 8ro. cloth, 21s. ; morocco, £1. 16s. 

Gosse. — A Naturalist's Sojourn in 

Jamaica. By P. H. Qossb, Esq. With 
Plates, PoBt 8to, price 148. 



Mr. W. R. Greg's Contributions to The 

Edinburgh Review. — Essays on Political and 
Social Science. Contributed chiefly to the 
Edinburgh Review, By WiLLiAic R. Q-Bsa. 
2 vols. Svo. price 24s. 

Grove. — The Correlation of Physical 

Forces. By W. R. Gbovb, Q.C., M.A., 
F.R.S., &c. Third Edition ; with Notes and 
References. 8yo. price 7s. 

Gumey.— St. Louis and Henri IV. : Being 

a Second Series of Historical Sketches. 
By the Rev. J. Hampdbk Gubkey, M.A. 
Fcp. Svo. 68. 

Evening Recreations; or, Samples from 

the Lecture-Room. Edited by the Rev. 
JoHv Hampden Gvbvey, M.A., Rector of 
St. Mary's, Marylebone. ' Crown Svo. 5s. 

Gwilt.— AnEncyclopsedia of Architecture] 

Historical, Theoretical, and Practical. By 
Joseph Gwilt. With more than 1,000 
Wood Engravings, firom Designs by J. S. 
GwiLT. Third Edition. Svo. 428. 

Halloran.<-Eight Months' Journal of 

Visit to Japan, Loochoo, and Pootoo. By 
Alfbed LiUBENCE Halloban, Master 
R.N., F.R.a.S., Polperro, ComwaU. With 
Etchings and Woodcuts from Designs by 
the Author. Post Svo. [Nearly ready. 

Hare (Archdeacon).'-The Life of Luther, 

in Forty-eight Historical Engravings. By 
GrsTAT KSNia. With Explanations by 
Abchdeacon Habb and Susanna Wnrx- 
WOBTH. Fcp. 4to. price 28s. 

Harford.— Life of Michael Angelo Bug- 

narrotti ; comprising Memoirs of Savonarola 
and Yittoria Colonna, and much Contem- 
poraneous History. By John S. Habfobp, 
D.C.L., F.R.S., Member of the Roman Aca- 
demy of Painting of St. Luke, and of the 
Archseological Society of Rome. 2 vols. 
Svo. with Portrait of Michael Angelo, and 
numerous Illustrations. [In the press. 

Also, to be sold separately, in folio. 
Engravings iUustratiya of the Works of ICohaei 

Angelo, both in Painting and Architectnre ; with Sx- 
planatorv Descriptions of the latter, hy C. B. CkWK- 
BBBLL, Esq., B.A. 



Harrison.— The Light of the Forge ; or, 

Counsels drawn from the Sick-Bed <h E. M. 
By the Rev. W. Habbisok, M.A., Domestic 
Chaplain to H.R.H. the Duchess of Cam* 
bridge. Fcp. Svo. price 68. 
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Hieover.— Stable Talk and Table 

; or, Speotaolee for Yonng Sportsmen. 
By Habby Hixoteb. New Edition, 2 yoU. 
8to. with Portrait, price 24b. 



>Yer.— TheHimting-rield. By Harry 
HixoTEB. With Two Plates. Fcp. 8yo. 
6s. half-bound. 

Hariy Hieover.— Practical Horseman- 
ship. By Habby HiBOYEB. Second Edition ; 
with 2 Plates. Fcp. 8yo. 6s. half-bound. 

Harry Hieover.-Tlie Stud, fat Praotieal Pur- 
poses and Practical Men: Being a Guide 
to the Choice of a Horse for use more than 
for show. By Habby Hixoteb. With 2 
Plates. Fop. Svo. price 6s. half-bound. 

Harry Hieover.— The Pocket and the Stud; or, 
Practical Hints on the Management of the 
Stable. Tij Habby Hieoybb. Second 
Edition; with Portrait of the Author. Fcp. 
8to. price 6s. half-bound. 

Ha£sall (Dr.)— Food and its Adultera- 
tions : Comprising the Beports of the Ana- 
lytical Sanitary Commission of The Lancet 
for the Years 1861 to 1864 inclusiye, reyised 
and extended. By Abthub Hill Hassall, 
M.D., &c., Chief Analyst of the Commission. 
8yo. with 169 Woodcuts, 28s. 

Col. Hawker's Instructions to Young 

Sportsmen in all that relates to Guns and 
Snooting. 10th Edition, reyised and brought 
down to the Present Time, by the Author's 
Son, Major P. W. L. Hawkeb. With a 
"Sew Portrait of the Author, and numerous 
Plates and Woodcuts. 8yo. 21s. 

Haydon.~The Life of Benjamin Robert 

Haydon, Historical Painter, from his Auto- 
biography and Journals. Edited and com- 
piled by ToK Taylob, M.A., of the Inner 
Temple, Esq. 8 yols. post 8yo. 81s. 6d. 

Haydn's Book of Dignities : Containing 

Bolls of the Official Personages of the British 
Empire, Ciyil, Ecclesiastical Judicial, Mili- 
tary, Nayal, and Municipal, from the EarUest 
Periods to the Present Time. Together 
yrith the Soyereigns of Europe, from the 
Foundation of their respectiye States ; the 
Peerage and Nobility of Great Britain ; &o. 
Being a New Edition, improyed and conti- 
nued, of Beatson's Political Index. 8yo. 
26s. half-bound. 

Herring. — Paper and Paper-Making, 

Ancient and Modem. By Biohabd Hbb- 
BnfG. With, an Introduction by the Bey. 
Geobge Cboly, LL.D. Second Edition, 
with Plates and Specimens. 8yo. 78. 6d. 



Sir John HerscheL— Outlines of Astro- 
nomy. By Sib Johv F. W. Hzbichxi^ 
Bart., &c. New Edition ; with Platea and 
Wood Engrayings. 8yo. price 18t. 

HilL-Travels in Siberia. By 8. S. Hill, 

Esq., Author of Travels on the Share* of 
the Bailie, With a large Map of European 
and Asiatic Bnssia. 2 yols. poat 8to. 2if«. 

Hints on Etiquette and the Usages of 

Socie^: With a Glance at Bad Habits. 
New Edition, reyised (with Additioni^ by a 
Lady of Bank. Fcp.8yo. price Half-a-(>own. 

Holland.— Medical Notes and Reflec- 
tions. By Sib Henby Hollaio}, Bart., 
M.D., F.B.S., &c.. Physician in Ordinary 
to the Queen and Prince Albert. Thira 
Edition, with Alterations and Additions. 
8yo. 188. 

Holland.- Chapters on Mental Physiology. By 
Sib Henby Hollaih), Bart., F.E.S., &c. 
Founded chiefly on Chapters contained in 
the First and Second Editions of Medical 
Notes and Reflections by the same Author. 
8yo. price lOs. 6d. 

Hook.— The Last Days of Our Lord's 

Ministry: A Course of Lectures on the 
principal Eyents of Passion Week. By 
the Bey. W. F. Hook, D.D. New Edition. 
Fcp. 8yo. price 6s. 

Hooker.— Eew Gardens; or, a Popular 

Guide to the Boyal Botanic Gardens of 
Eew. By Sib William Jackson Hookxb, 
E.H., &c.. Director. Kew Edition; with 
many Woodcuts. 16mo. price Sixpence. 



Hooker.— Museum of Economic Botany ; 

or, a Popular Guide to the Useful and Be- 
markable Yegetable Products of the Museum 
in the Boyal Gardens of Kew. By Sib W. J. 
HooKEB, K.H., &c., Director. With 29 
Woodcuts. 16mo. price Is. 

Hooker and Amott.— The British Flora; 

comprising the Phsenogamous or Flowering 
Plants, and the Ferns. Seyenth Edition, 
with Additions and Corrections ; and nu- 
merous Figures illustratiye of the Umbelli- 
ferous Plants, the Composite Plants, the 
Grasses, and the Ferns. By SiB W. J. 
HoOKEB, F.B.A. and L.S., &c. ; and G. A. 
Walkeb-Akkott, LL.D., F.L.S. 12mo. 
with 12 Plates, price 14s. ; with the Plates 
coloured, price 21s. 
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Horne'a Introduction to the Czitical 

Studj and Knowledge of the- Holj Scrip- 
turee. Tnih Edition^ revised, corrected, 
and bronght down to the present time. 
Edited bj the Bey. T. Habtwell Hobne, 
B.D. (the Author) ; the Bey. Saihtel 
Batcdsov, D.D. of the Unirersity of Halle, 
and LL.D. ; and S. Fbideaxtx TBEaEiXES, 
LL.D. With 4 Maps md 22 Vignettes and 
Facsimiles. 4 yols. Sro. £3. 13s. 6d. 

%* The Four Yoluincs may also be had $eparately aa 
folknn:— 

To£. I.— A Summary of tlie Evidenoe Ibr the Qenaineness, 
Authenticity, Uncorrupted Preservation, and Inspiration of 
theHoAySan^turaa. BythaBey.T.U.Honia,B.D..8vo.l58. 

VoZh n.— The Text of the02d TeUmment oonridered : With 
a Treatise on Sacred Interpretation : and a brief Introduc- 
tion to the Old Testament Books and. the Apocrypha. By S. 
DavidBom« D.D. (UaUe) and LL.D 8vo. 26s. 

ToL. ni.— A Sammaryof Biblical Oeography and Anti- 
quities. By tfae Btv. T. H. Home, BJ). 8to..188. 

Voob. it:— An Introdnction to the Textaial Criticism at the 
Hmo TeitamenL By the Rev. T. H. Home, B.D. The 
CrMoal Part re-written, and the remainder revised and 
•ditMiligr B. P. Tregelles, LL.D 8vo. 18s. 

HoriLe.— A Compendious Introduction to the 
Study of the Bible. By the Bey. T. Habt- 
well Hobne, B.D. New Edition, with 
Maps and Illustrations, 12mo. 9s. 

How to Nurse Sick Children : Intended 

especially as a Help to the Nurses in the 
Hospital for Sick Children ; but containing 
Directions of service to all who haye the 
charge of the Young. Fcp. 8yo. Is. 6d. 

Howitt (A. M.) — An Art-Student in 
Munich. By Anita Maby Howitt. 2 
vols, post 8yo. price 14e. 

Howitt -The Children's Year. By Mary 

Howitt. With Four Illustrations, from 
Designs by A. M. Howitt. Square 16mo. 5s . 

Howitt — Land, Labour, and Gold; 

or, Two Years in Yictoria : With Yisit to 
Sydney and Yan Diemen's Land. By 
William Howitt. 2 yols. post 8you 21s. 

owitt— Visits to Eemarkabte Places : 

QldHalla, Battle-Fields, and Scenes illustra- 
tiye of Striking Passages in English History 
and Poetry. By William Howitt. With 
about 80 Wood Engrayings. New Edition, 
2 yols. square crown 8yo. 25s. cloth, gilt top. 

William Howitt's Boy's Country Book: Being 
the Beal Life of a Country Boy, written 
by himself j exhibiting all the Amusements, 
Pieasuresi and Pursuits of Children in the 
Country. New Edition; with 40 Wood- 
cuts. Fcp. 8yo. price 6s. 

flowitt.— The Bural Life of England. By 
WzLUAK Howitt. New Edition, cor- 
rected and reyisedj with Woodcuts by 
Bewick and Williams. Medium 8yo. 21s. 



Bac— The CMoese Empire: A Sequel 

to Hue and Ghibet's Journey through Tartary 
and TXidet. By the Abb^ Hno» formerly 
Missionary Apostolic in China. Second 
Edition ; with Map. 2 yols. 8yo. 24s. 

Hudson's Plain Directions for Making 

Wills in conformity with the Law : With a 
clear Exposition of the Law relating to the 
distribution of Personal Estate in the case 
of Intestacy, two Forms of Wills, and much 
useful information. New and enlarged Edi- 
tion ; inclodiiig the Proyiaions of the Wills 
Act Amendment Act. Fcp. Syo. 2s. 6d». 

Hudson's Executor's Guide. Mew and 

enlarged Edition; with the Addition of 
Directions for paying Succession Duties on 
Beal Properbp' under Wills and Intestacies, 
and a Table n>r ftndmg the Yalues of Annui- 
ties and the Amount of Legacy and Succes- 
sion Duty thereon. "Fcg. 8yo. 6s.. 

Hudson and Kennedy.—Where there 's 

a Will there *s a Way : An Ascent of Mont 
Blanc by a New Boute and Without Guides. 
By the Bey. C. Hudson, M.A., St. John's 
College, Cambridge ; and E. S. Kennedy, 
BJu, Caius Colkge, Cambridge. Second 
Edition, with Two Ascents of Monte Bosa; a 
Plate, and a coloured Map. Post 8yo. 5s. 6d. 

Humboldt's Cosmos. Translated, with 

the Author's authority, by Mrs. Sabine. 
Yols. I. and IL 16mo. Half-a-Crown each, 
sewod ; Ss. 6d. each, cloth : or in post 8yo. 
12s. each, doth. YoL III. post Syo. 
12s. 6d. doth: or in 16mo. Part I. 28. 6d. 
sewed, 3s. 6d. cloth j and Part 11. 3s. sewed, 
4s. doth. 

HumbolAi's Ai^eotv of Katuxv. Trandsted, 
with the Author's authority, by Mbs.Sabine. 
16mo. price 6s. : or in 2 yols. 3s. 6d. each, 
cloth ; 2s. 6d. each, sewed. 

Humphreys. — Parables of Our Lord, 

iUuminated wad ornamented in the style of 
the Missals of the Benaissance by Hbney 
Noel Humpheeys. Square fcp. 8yo. 21s. 
in massiye caryed covers ; or 80s. bound in 
morocco by Hayday. 

Hunt — Researches on Light in its 

Chemical Belotions ; embracing a Con- 
sideration of all the Photographic Processes. 
By BoBEET Httnt, F.'B.S. Second Edition, 
with Plate and Woodcuts. Svo. lOs. 6d. 

Idle.— XQnts on Shooting, Fishin^ftc, 

both on Sea and Land, and in the Fresh- 
Wates Lochs of Scotland : Being the Expe- 
riences of C. Idle, Esq. Fcp. 8yo..58. 
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lbs. Jameson's Legends of the Saints 

and Martyra : Fiitt Ssries of Soared and 



Xn. TMiiiinflii'i LAKBndi of 

Garden, u repressnted in the Fine Arte ; 
Second Series of Sacred and Legendary Ai t. 
Beoond^Edition, enlarged ; with 11 Etchings 
by Qa Author, and B8 Woodeuts. Square 
crown 8to. pricf 28b, 



igandi of th« 
S3 Tepresented in the Fine Arts: lltird 
Seriea <^ Sacred and Leglndarn Art. With 
BS Drawings by the Aatbor, md 158 Wood- 
onts. Sqiuus ai»vn Sto. il6%, 

Mrs. JameBan'fi CommimplBce-BDok of 

Thoughts, Memories, and Fanciea, Original 
and Seleeted. Part I. Sthica and Chamder ; 
Fart U. Literature and Art. Second Edil. 
reviced and oorrected ; with Btohingi and 
Woodcuts. Orown 8to. 18s. 



Jaqnemet'sCompendiiimofChronolDgj: 

Containing the most important Dates of 
General HUtorj, Political, Ecdeuastical, 
and Literary, from the Creation of the 
World to the end of the Year 1854. Ediled 
by the Eev. J. Atcoiuf, M_i. Post 8to. 
price It. 6d. 



—Social Delnsions concerning 
Wealth and Want. By Hiohabi) Jbnsikob, 
M.A„ Xrinily College, Cambridge; Author 
of Natural Elcmenli of Political EcoitQBiy. 
Fcp. 8vo. 4s. 

Lord Jeffrey's ContrihirtionB to The 
Bdinbttrgh Beriew. A Hew Edition, com- 
|9ete in One Tolume, with a Portrait en- 
mTed by Hemy Eobinaon, and -a Vignette, 
Sqnare crown 8yo. Bis, cloth j or 80a. calf. 
—Or in 3 toIs. 8to. price 42e. 

Bishop Jeremy Trior's Entire Worics : 

With Ii& 1^ SUHOp HzBxa. JUrisadand 
ocneclBd by the Ber. Ceabub Paob Edxv 
Pellow (rf Oriel Collage, Oaford. How 
ramplele in 10 T<^ «TO . Ifli. 6d. «M^ 



Johns asd Micolas's Calendar of Victoiy : 
Bung a Record of British Taluur and Con- 
onast by Saa and Iiand, on Eraiy B^ in 
UiC Tear, from the Earliest Period to the 
Battle of Inkennann. Fcp. 8to. ISs. Sd. 

JohnEton.— A DicUonary of Geography, 

DeHcriptiTC, Physical, Statistical, and Histori- 
cal r Forming a complete General Gaietteer 
of the WorSi. By A. Kkth Johnstok, 
F.R.S.E., F.B.G.B., F.a.S., Geographer at 
Edicbui^h in Ordi!iary to Her Migesty. 
Second Edition, thoroughlT rerised. In 1 
Tol, of 1,360 pages, compriamK about 60,000 
Vames of Plaeea. 8vo. 86i, doth; ot balf- 
bound in mssia, 41s. 

Jones (Owen)-— Flowers and tiieir Cn- 

dred Thoughts : A Series of StanEia. By 
Mjbz Akkb Bacos. With beautiful Jllus- 
trations of Flowers, designed and euouted 
in illominBted printing by OwiK lasts. 
Beprinted, ImperiBl8T0. prioe81s.6d.oalf. 

EallBCh.— Historical and Critical Com- 
mentary on the Old Testament. By Bk. 
M. KiWBCH, M.A. First Portion— Eiodui : 
in Hebrewand English, with eopionsMotee, 
Critical, Philological, and Eiplanatoiy. 
Sto. IGa. 

Enlush readetB), comiflBlng lh« Engttflta TrsnalAtlon, aud 
JUL abridged ComnHntary. &ro. prirq 1ft. 

Eemble.— The Saxons in Sn^and : A 

Hisloiy of the English Commonwealth till 
the Norman Conquest. By John M. Exu- 
BIB, MA.., 4c. 2 Tola. 8to. SSs. 

Kemp.— The Phasis of Matter : Being 
an Outline of the DiacoTeries and Applica- 
tions of Modem Chemiatiy. By T. Liim- 
IBT Kkup, M.D. With 148 Woodenta. 
2 Tolfl, crown 8to, 21b. 

Kenoard. ~ Eastern ExpeiienceB ool- 
leoled during a Wioter'aTour in Egypt and 
the Holy Land. By Adam Stwkmztz 
Kbukabs. Post 8to. 10b. 6d. 

Keste7en.~-A Hanoal of the Domestic 
Practice of Medicine. By W. B. KBaravBif, 
Fellow of the Boyal College of Sutf eons ot 
England, &c. Sqaare post Sro. 7s.'M. 

Kiil^ and Spence's Inimdnctioo to 

Entomology ; or. Elements of the Natural 
History of Insects : Oompriaing m Account 
of Noxious and UseAil Insects, of their Meta- 
morphosea. Food, Stratagsros, HeUtations, 
Societies, Motions, NoiEes, Hybernation, 
Inetincrt,, te. Setenli JkUwa, with an Ap- 
pendix relatiTe to the Ongin and Vmgmn 
of the work. Crown Sro. Ba, 
B 6 
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NEW WORKS AHD NBW EDITIONS 



LARDNER*S CABINET CYCLOP/EDIA 

*<H Elftorj, Biography, literature, the Arti and Seienoee, Natural HiBtory, and Mannfactnres. 

A Seriei of Original Works by 



Sir John Herschel, 
Sir James Mackintosh, 
Robert South ey. 
Sir Dayio Brbwstbr, 



Bishop Thirlwall, 
The Rbv. O. R. Gleio, 
J. C. L. Db Sismondi, 
John Phillips, F.R.S., G.S. 



Thomas Keiohtlby, 
John Forstbr, 
Sir Walter Scott, 
Thomas Moorb, 

And othbr Eminent Writers. 

Complete in isa yoIs. fcp. 8vo. witb Vignette Titles, price, in clotb, Nineteen Guineas. 

The Works teparaielj/, in Sets or Series, price Three Shillings and Sixpence each Volnme. 



A List of the Works eomposing the Cabinet Cyclopjbdia:— > 



^ Bell's History of Russia 8 vols. 10s. 6d. 

8. Bell's Lives of British Poets 2 vols. 78. 

8. Brewster's Optics 1 vol. Ss. 6d. 

4. Ckxdear's Maritime and Inland Discovery 8 vols. lOs. 6d. 

5. Crowe's ffistory of France 8 vols. 10s. 6d. 

6. De Moi^can on Probabilities 1 vol. 3s. 6d. 

7. Be Sismondi's History of the Italian 

BqpuUics 1 vol. Ss. 6d. 

8. De Sismondi's Fall of the Roman Empire 8 vols. 7s. 

9. Donovan's Chemistry 1 voL Ss. 6d. 

10. Donovan's Domestic Economy 2 v<d8. 78. 

11. Duiham's Spain and Portugal 5 vols. 178. Od. 

18. Dunham's History of Denmark, Sweden, 

and Norway 8 vols. lOs. 6d. 

18. Dunham's History of Poland 1 vol. Ss. 6d. 

14. Dunham's Germanic Empire ^ vols. 10s. 6d. 

15. Dunham's Europe during the Middle 

Ages 4 vols. 148. 

16. Dunham's British Dramatists 8 vols. 7s. 

17. Dunham's Lives of Early Writers of 

Great Britahi 1 vol. Ss. 6d. 

18. Fergus's History of the United States . . 2 vols. 78. 

19. Fosbroke's Grecian & Roman Antiquities 2 vols. 7s. 
■20. Forster's Lives of the Statesmen of the 

Commonwealth 5 vols. 178. 6d. 

81. Gleig's Lives of British Military Com- 
manders S vols. lOs. 6d. 

28. Grattan's History of the Netherlands .. . 1 vol. Ss. 6d. 

83. Henslow's Botany 1 vol. Ss. 6d. 

24. Herschel's Astronomy 1 vol. Ss. 6d. 

25. Herschel's Discourse on Natural Philo- 

sophy 1 vol. Ss. 6d. 

26. History of Rome 2 vols. 7s. 

87. History of Switzerland 1 vol. Ss. 6d. 

88. Holland's Manufactures in Metal S vols. lOs. 6d. 

89. James's Lives of Foreign Statesmen 5 vols. 178. 6d. 

SO. Eater and Lardner's Mechanics 1 vol. Ss. 6d. 

31. Keightley's Outlines of History 1 vol. Ss. 6d. 

S8. Lardner's Arithmetic 1 vol. Ss. 6d. 

S3. Lardner's Geometry 1 vol. Ss. 6d. 



34. Lardner on Heat 1 vol. Ss. 6d. 

35. Lardner's Hydrostatics and Pneumatics 1 vol. 3s. 6d. 

36. Lardner and Walker's Elecbidty and 

Magnetism 8 vols. 7s. 

37. Mackintosh, Forster, and Conrtenay's 

Lives of British Statesmen 7 vols. 21s. Gd . 

88. Mackintosh, WsUace. and Bell's History 

of England 10 vols. 85s. 

80. Montgomery and Shelley's eminent Ita- 

li.in, Spanish, and Porfuguese Authors 3 vols. lOs. 6d. 

40. Moore's History of Ireland 4 vols. 14b. 

41. Nicolas's Chronology of History 1 vol. Ss. 6d. 

48. Phillips's Treatise on Geology 8 vols. 7s. 

43. Powell's History of Natural Philosophy 1 vol. 3s. 6d. 

44. Porter's Treatise on the Manufacture of 

Silk 1 voL 3s. 6d. 

45. Porter's Manufactures of Porcelain and 

Glass 1 vol. Ss. 6d. 

46. Roscoe's British Lawyers 1 vol. Ss. 6d. 

47. Scott's History of Scotland 8 vols. 7s. 

48. Shellfy's Lives of eminent French 

Authors 8 vols. 78. 

49. Shuckard and Swainson's Insects 1 vol. Ss. 6d. 

50. Southey's Lives of British Admirals 5 vols. 17s. 6d. 

51. Stebbing's Church History 8 vols. 78. 

58. Stebbing's History of the Reformation. . 8 vols. 7s. 
53. Swainson's Discourse on Natural History 1 vol. Ss. 6d. 
51. Swainson's Natural History and Classi- 
fication of Animals 1 vol. Ss. 6d. 

55. Swainson's Habits and Instincts of 

Animals 1 vol. Ss. 6d. 

66. Swainson's Birds 8 vols. 7s. 

57. Swainson's Fish, Reptiles, &c 8 vols. 7s. 

58. Swainson's Quadrupeds 1 vol. Ss. 6d. 

59. Swainson's Shells and Shell-Fish 1 voL Ss. 6d. 

60. Swainson's Animals in Menageries 1 voL 3s. 6d. 

61. Swainson's Taxidermy and Biography of 

Zoologists 1 voL Ss. 6d. 

62. Thirlwall's History of Greece 8 vols. 88s. 



Mrs. R. Lee's Elements of Natural His- 
tory ; or. First Principles of Zoology : Com- 
prising the Principles of Classification, inter- 
spersed with amusing and instruetive Ac- 
counts of the most remarkable Animals. 
New Edition; Woodcuts. Fcp. 8vo. 78. 6d. 

Letters to my Unknown Friends. By 

a Lady, Author of Letters on Happiness, 
Fourth Edition. Fcp. Syo. 5s. 

Letten on HamiiieM, addressed to a Friend. 
By a Lady, Author of Letters to my Unknown 
ifiends. Fop. 8to, 69. 



L. E. L.— The Poetical Works of Letitia 

Elizabeth Landon; comprising the ImprO' 
visatricef the Venetian Bracelet, the Golden 
Violet, the Troubadour, and Poetical Remains. 
New Edition ; with 2 Vignettes by B. Doyle. 
2 Yols. 16mo. IDs. cloth ; morocco, 2l8. 



Dr. John Lindley's Theory and Practice 

of Horticulture ; or, an Attempt to explain 
the principal Operations of Ghffdening upon 
Physiological Ghrounds: Bein^ the Second 
Edition of the Theory of ffortteulture, much 
enlarged ; with 98 Woodouts. 8yo. 2l8. 
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Sr. John Lindley'g Introduction to 

Botanj. New Edition, with Conrectumi and 
eopioos Additions. 2 vols. 8to. with Six 
PlatM and numeroua Woodcuta, price 24a. 

IdnwoocL— Anthologia OzonienBis, sive 

Florilegium e Luaibus poetiois diyenomm 
Oxoniensinm Gneois et T<at>inii decerptum. 
Ourante Guuelho Linwood, MA., ^dis 
Ghriaii Alunmo. 8yo. price 148. 

Lorimer's (G.) Letters to a Tonng Master 

Mariner on some Subieota connected with 
hia Calling. New Edition. Fcp. 8yo. 6s. 6d. 

London's Encyclopsedia of Gardening: 

Comprising the Theory and Practice of Hor- 
ticulture, Floriculture, Arboriculture, and 
Landscape- Gkirdeninff. With many hundred 
Woodcuts. New Edition, corrected and 
improYcd by Mbs. Loxtdok. Syo. 60s. 

London's Encyclopsedia of Trees and 

Shrubs, or Arboretum et Fruticetum Briian' 
ffi^ifm abridged : Containing the Hardy Trees 
and Shrubs of Great Britain, Native and 
Foreign, Scientifically and Popularly De- 
scribed. With about 2,000 Woodcuts. 
Syo. 60s. 

London's Encyclopaedia of Agricnitnre : 

Comprising the Theory and Practice of the 
Taluation, Transfer, Laying-out, Improve- 
ment, and Management of L&nded Property, 
and of the Cultiyation and Economy of the 
Animal and Yegetable Productions of Agri- 
culture. New Edition ; with 1,100 Wood- 
cuts. 8vo. 50s. 

London's Encyclopsedia of Plants : Com- 
prising the Specific Character, Description, 
Culture, History, AppUcation in the Arts, 
and every other desirable Particular respect- 
ing all the Plants found in Great Britain. 
New Edition, corrected by Mbs. Loitdon. 
With upwards of 12,000 Woodcuts. 8vo. 
£3. 13s. 6d. — Second Supplement, 21s. 

London's Encyclopsedia of Gottage, 

Farm, and Yilla Architecture and Furniture. 
New Edition, edited by Mbs. Loudok ; with 
more than 2,000 Woodcuts. 8vo. 63s. 

London's Self-Instmction for Tonng 

Gardeners, Foresters, Bailifis, Land Stew- 
ards, and Farmers; in Arithmetic, Book- 
keeping, Geometry, Mensuration, Practical 
Trigonometry, Mechanics, Land-Surveying, 
Levelling, Planning and Mapping, Architec- 
tural Drawing, and Isometncal Projection 
and Perapeotive. 8yo. Portrait, 7a. 6d. 



London's Hortns Britannicni ; or, Cata- 
logue of all the Plants found in Great 
Britain. New Edition, corrected by Mbs. 
Loni>ov. 8vo. 31s. 6d. 

Mrs. London's Lady's Country Compa- 
nion ; or. How to Enjoy a Country Life 
Rationally. Fourth Edition, with Plates 
and Woodcuts. Fcp. 8vo. 6a. 

Mrs. London's Amateur Gardener's 

Calendar, or Monthly Guide to what should 
be avoided and done in a Garden. 16mo. 
with Woodcuta, 7s. 6d. 

Low's Elements of Practical Agricnitnre ; 

comprehending the Cultivation of Plants, the 
Husbandry ot the Domestic Animals, and 
the Economy of the Farm. New Edition ; 
with 200 WoodcuU, 8vo. 21s. 

Lynch.— The Rivulet: A Contribution 

to Sncrod Song. By Thoma8 T. Ltvch, 
Author of 3femoriaIs of T/ieophilut Triual, Ac. 
Second Edition, printed in u more convenient 
form. Royal 32mo. 2s. Cd. 

Macaulay.— Speeches of the Right Hon. 

T. B. Macauky, M.P. Corrected by Hnc- 
8BI1P. 8vo. price 12s. 

Macaulay. — The History of England 

from the Accession of James II. By 
THOMAja Babington Macattlay. New 
Edition. Yols. I. and II. 8vo. price 82s. ; 
Vols III. and IV. price 36s. 

Mr. Macaulay's Critical and Historical 

Essays contributed to The Edinburgh 
Review. Four Editions, as follows :— > 

1. A LiBBABT Edition (the E%ghth\ in 3 vols. 8vo. 

price S88. 

2. Complete in Omt Volume, with Portrait and Vig- 

nette. Square crown 8vo. price 21s. cloth; or 
SOs. calf. 

3. Another Nbw Editioit, in 3 vols. fci). Svo. price 

21s. cloth. 

4. The Peoplb'b Editiox, in 2 vols, crown Svo. price 

89. cloth. 

Macaulay.—Lays of Ancient Rome, with 

Ivr^ and the Armada* By Thoicas 
Babikgton Macaulay. New Edition. 
16mo. price 4s. 6d. cloth $ or lOs. 6d. 
bound in morocco. 

Mr. Macaulay's Lays of Ancient Rome. 

With numerous Illustrations, O rigu ial and 
fipom the Antique, drawn on Wood by 
G^rge Scharf, jun., and engraved by Samuel 
Willuums. New Edition. Fop. 4to. price 
2l8. boards ; or 429. bound in morocco. 
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NEW WOBEB IXD HBW EDITIOKS 



MacDofsald.— Witlim and Withont: A 

Dramatic Poem. By GEdBGE MaoDoxtau). 
Crown'Sro. 7s. 6d. 

Macdonald. — Villa Verocchio; or, the 

Youth of Leonardo da Yinci : A Tale. Bj 
ihelaieMiBsD.Ii.MAODOirAia). Fcp. 8to. 
price 6f. 

MacDougall.— The Theory of War illus- 

tmted by numerouB Examples from Miti- 
taiy HistoiT. By Xiieutenant -Colonel M1.0- 
DouaAiJi, Superintendent of Studies in the 
Boyal Military College, Sandhurst. Post 
8to. with Plans. [Just ready. 

Sir James Mackintosh's MisceHaneous 

WorlEs : Including his Contributions to The 
Edinburgh Beyiew. Complete in One 
Volume ; with Portrait and Vignette. 
Square crown 8vo. 21s. cloth ; or 30s. bound 
in calf: or in 3 yols. fcp. 8?o. 21s. 

fittr James Maddntosh's History of- Eagland 
from the Earliest Times to the final Esta- 
blishment of the Beformation. Library Edi- 
tion, reyised. 2 yols. 8yo. 21a. 

Madeod.— The Theory and Practice of 

Banking: With the Elementanr Principles 
of Currency, Prices, Credit, and Exchanges. 
By Henhy Dunning Macleod, of the 
Inner Temple,Esq., Barrister-at-Law. 2 yols. 
royal 8vo. price 30s. 

M'Clure.— A Narrative of the Discovery 

of the North- West Passage by H.M.S. 
Investigator^ Capt. SiE Bobebt M*Clfee, 
B.N. Edited by Capt. Shebabd Osbobn, 
C.B., from the Logs, Journals, and Priyate 
Letters of Sir B. M'duie. With Chart and 
4 Views. 8yo. 15s. 

Macnaught— The Doctrine of Inspira- 
tion : Being an Inquiiy concerning the In- 
fallibility, Inspiration, and Authority of 
Holy Writ. By the Bev. John Mac- 
NAFGHT, M.A. Second Edition^ reyised. 

{Just ready, 

M'Culloch's Dictionary, Practical, Theo- 
retical, and Historical, of Commerce and 
Commensal Nayigation. Illustrated with 
Maps and Plans. New Edition, corrected 
to the Present Time ; with a Supplement. 
8yo. price 50s. cloth ; hatf-mssia, 55s. 

M'Cnlloch'g Dictionary, Geographical, 

Statistical, and Historical, of the yarious 
Countries, Plaoe^^ and {vrincipal Natural 
Objects in the Worid. Bhistsated with Six 
large Maps. New Edition, reyised^ with a 
Supplement. 2 Tola. 8yo. piMe 68t. 



Maitland.— The Church in the Cattr 

eombs : A Description of the Primitiye 
Church of Borne. Illustrated by its Sepul- 
chral Bemains. hy tiie Bey. CsAXXiES 
MaitIiAKD. New Edition ; with seyeral 
Woodcuts. 8to. priee 14a. 

Ont-of-Boors Drawing.— Aphorisms on 

Drawing. By the Bey. S. C. Maxaf, MA. 
of Balliol College, Oxford ; Vicar of Broad- 
windsor, Dorset. Post 8vo. 3s. 6d. 

Mann.— ThePhilosophyof Reproduction. 

By Bobebt James Mann, M.D., F.R.A.S. 
Fop. 8yo. with Woodcuts, price 4k 6d. 

Mrs. Marcet's Conversations on Chemis- 
try, in which the Elements of that Science 
are familiarly explained and illustrated by 
Experiments. New Edition, enlarged and 
improyed. 2 yols. fcp. 8yo. price 148. 

Mra. Xareet'B Conyeraations on Natural Phi- 
losophy, in which the Elements of that 
Science are familiarly explained. New Edi- 
tion, enlarged and corrected ; with 28 Plates. 
Fop. 8yo. price lOa. 6d. 

Mrs. Marcet's Conversations on Vege- 
table Physiology ; comprehending the Ele- 
ments of Botany, with their Application 
to Agriculture. New Edition 5 with 4 
Plates. Fcp. 8yo. price 9». 

Martineao.— Endeavours after the Chris- 
tian Life : Discourses. By Jakes Mab- 
TIKEAT7. 2 yols. post 8yo. 7s. 6d. each. 

Martinean.— Hynma far the Oiristian Charch 
and Home. Collected and edited by Jakes 
Mabtineav. Elevenih Edition, 32mo. 8b. 6d. 
cloth, or 5s. calf ; F^th Edition, 82mo. l8.4d. 
doth, or Is. 8d. roan. 

Martineao.— MisoellaniBS. Omuprietag Bamja 

on Dr. Priestley, Arnold's &fe and Corre^ 
spondence^ Church and State, Theodoze 
Parker's Discourse of Reiigion, " 'PhMOB rk 
Eaith,** the Churoli of England, and the 
Battle pf the Cburohes. By Jakbs Mab- 
TnrEAir. Post 8vo. 9s. 

Maonder's BiographicidTreaaiuy.; eaa- 

sisting of Memoirs, Sketches, and brief 
Notices of aboye 12,000 Eminent Peceoasof 
AH Ages and Nation^, from the JSaittest 
Period of History^ EorwinganewaBdiiom- 
pLete Diotionazy ^ UmT^nal BJogisphy. 
Ninth Editioxi»BeisaBellthro«i§^iaat. £o|^yo. 
l(^<aath; bomidiajmm^ 12a.j o«if«];Sa«6d. 
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Mnmder^ Geographical Treaamy.— 

The Treasurj of Geogrmphj, Fhyaical, His- 
toTioal, Desoriptiyo, and Political ; oontaiii- 
mg a soccinct Aoeonnt of Eyeiy Goimtiy in 
the World : Preceded by an Introdnctoiy 
Outline of fche HiBtory of G^ographj; a 
SWniliar Inquiry into the Yarieties of Bace 
and Language exhibited by different Nations; 
and a Yiew of the Belations of Qeo^phy 
to Astronomy and the Physical Sciences. 
Commenced by the late Samuel Mafvdbb ; 
completed by Williak Hughxs, F.B.G.S., 
late Professor of Geogrrahy in the College 
for Ciyil Engineers. With 7 Maps and 16 
Steel Plates. Fcp. 8yo. 10s. cloth; roan, 
128. ; calf, 12s. 6d. 

Xaander's Historical Treasury; com- 
prising a General Introductory Outline of 
IlniYersal History, Ancient and Modem, 
and a Series of separate Hiatories of Every 
mdncipal Nation that exists; their Eise, 
Frogress, and Present Condition, the Moral 
and Social Character of their respective In- 
habitants, their Religion, Manners and Cus- 
toms, &o. New Edition ; revised through- 
oat, with a new Gsnebal Index. Fop. Svo. 
lOs. doth I roan, 12s. ; calf, 12s. 6d. 

Mannder's Scientific and Literary Trea- 
sury : A now and popular Encyclopaedia of 
Science and the Belles-Lettres ; including 
all Branches of Science, and every subject 
connected with Literature and Art. "Sew 
Edition. Fcp. 8vo. price lOs. cloth ; bound 
in roan, 12b. ; calf, 128. 6d. 

Mannder's Treasury of Natural History; 

or, a Popular Dictionary of Animated 
Nature : In which the Zoological Character- 
istics that distinguish the d^erent Classes, 
Genera, and Species, are combined with a 
Tariety of interesting Information illustrative 
of the Habits, Instincts, and General Eco- 
nomy of the Animal Kingdom. With 900 
Woodcuts. Now Edition. Fcp. 8yo. price 
lOa. cloth ; roan, 12b. ; calf, 12b. 6d. 

Mannder's Treasury of Eiiowledge, and 

Library of Reference. Comprising an Eng- 
lish Dictionary and Grammar, an Uniyersal 
Gazetteer, a Classical Dictionary, a Chrono- 
logy, a Law Dictionairy, a Synopsis of the 
Peerage, numerous useful Tables, &c. New 
Edition, carefully revised and corrected 
throughout : With Additiona. Fcp. 8to. 
lOs. cloth ; bound in roan, 12s. j calf, 12s. 6d. 

Merivale. — A History of tlie Romans 

under the Empire. By the Bey. Chabi<es 
Mebiyale, B.D., late Fellow of St. John's 
College, Cambridge. Yola. I. to III. 8to. 
price £2. 28. — Yols. lY. and Y. (ftom 
Augtuius to Claudius), price 328. 



MeriTale.— The Fall of theBomanRe] 

lio : A Short History of the Last Centu 
the Common woaltli. By the Ber. C. Al 
TALE, B.D , lute Fellow of St. JoIm*« Col 
Cambridge. New Edition. 12mo. 7s. 

MeriYale.— An Aeeonnt of the Lift and La 
of Cicero. Translated from the Gkrmi 
Abekjs:! ; and Edited by the Bey. CiLL 
Mesiyalx, B.D. 12mo. 99. 6d. 

Miles.— The Horse's Foot, and Hoi 

Keep it Sound. Eight h Editiom ; wit! 
Appendix on Shoeing in general, and Hui 
in particular, 12 Flutes and 12 Wood 
By W. Miles, Esq. Imperial 8vo. 12i 

%• Two CMti or Moklii of Off Ki.rc Ket-t. No. 1. 8h 
All Purooa^f, No. 2. SAmi trith Leather, on Mr. Mfln'i 
may be iiad, pric* 3». each. 

Miles.— A Plain Treatise on Hori6-8ho4 
By William Miles, Esq. With Plates 
Woodcuts. Small 4to. price 6b. 

Milner.— Russia, its Rise and Progz 

Tragedies and Revolutions. By the '. 
T. Milneb, M.A., F.R.a.S. Post 
with Plate, price lOs. 6d. 

Milner.— The Crimea, its Ancient and Mo 
Hbtory : The Khans, the Sultans, 
the Czars : With Sketches of its See 
and Population. By the Rev. T. Mil: 
M.A. Post 8vo. with 3 Maps, price lOfl 

Milner .—The Baltic; its Gates, Shores, 
Cities: With a Notice of the White 
By the Rev. T. Milneb, M.A., F.R. 
Post 8vo. with Map, price lOs. 6d. 

Milner's History of the Church of Ck 

With Additions by the late Rev. Ii 
Milnee, p.p., F.R.S. A New Edi 
revised, with additional Notes by the 
T. GtBAjXTUAMy B.D. 4 vols. 8vo. price 

Montgomery.— Memoirs of the Life 

Writings of James Montgomery : Inclu 
Selections from his Correspondence, Ren 
in Prose and Verse, and Conversations. 
John Holland and James Eyebett. T 
Portraits and Yignettes. 7 vols, pott 
price £3. 13s. 6d. 

James Montgomery's Poetical Woi 

Collective Edition ; with the Author's A 
biographical Prefaces, complete in 
Volume J with Portrait and Vignette. Sq 
crown 8vo. price lOs. 6d. cloth; more 
21s. — Or, in 4 vols. fcp. 8vo. with Port 
and 7 other Plates, price 14«h 

James Montgomery's Original Hyi 

for Public, Social, and Private Peroi 
18mo. price 5a»6d. 
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Hoore.— The Power of the Seal over th • 

Body, ooniictsred in TeUtion to Health and 
Hoiali. B; Oiobsb Uookb, M.D. Fi/IA 
Sdition. Pep. Sto. 6«. 



][«0M.— Hw TTm of a* Body U nlktion to the 
Mind, By GBOBOa Moobh, M.D. Third 
Sdition. Sep. Sro. 6*. 

Uoore's Epicarean. New Edition, with 
the Hotel bom tbe Collective Edition of 
Koor^i Pottical Worit; and ft Vignette en- 

Sared on Wood ; Uniform with Moore's Irith 
tlodia and LeICa Sookh, uid vith the Ent 
ooUected edition of Meore'i Songs, Bailadi, 
wid Sacred Songi. 16mo. [/h the preu. 

Hoora's Irish Melodies. A New Edi- 
tion, irith 18 higlily-flniahed Steel Flalei, 
from Original Deeigni by 

C. V. Con, B.A. : D. Micun, R.A.: 

A. L. Eao. I3.A.: W. Mnuiisi, B.A. -. 

W.P.PuTs.It.A.: J.Buiii 

W. £. Pion, A.ILA. : F-Bkoii, A.B.A.; and 



huidiomely bound in morocco. 

Koore'B Irlih XelodlMk lUiutnted by D. 
MaclifB, B.A. New Edition % with 161 
Dnigni, and the whole of the XietterpresB 
engrared on St«el, by F. P. Beclcer. Super- 
royal Sto. Sli. 6d. boards g £2. 12i. 6d. 
morooco by Hnyday. 

Kiwitfi Irith IModlM. V«w Edition, printed 
in Diamond (Type ; nith the Prelaae and 
Note* &om the collective edition of Moor^t 
Fottie^ Workt, the Adrertieements originally 
prefixed to the Melodiet, and a Portrait of 
the Anthor. S2mo. 2b. 6d.— An Edition 
in 16nio, with Tignette, Eb. j or 12s. 6d. 
norocoo by Eayday. 

Moore's Lalla Bookh : An Oriental 
Bomance. With IS highly.fimihed Steel 
Plates from Origioal Designs by Corboold, 

MeadowB, and Stcphuioff, engrayed under 
the superintendence of the late Charles 
Heath. Kew Edition. Square orown 6io. 
price 15b. cloth ; morocco, £8b. 

Kooie'B Lalla B«akh, Sew Edition, printed 

in Diamond Type ; with the Preface and 
Hates from the collective edition of Moorit 
Poelieal Worit, and a Frontiipiece from a 
Design by Eenny Meadows. S2mo. 2s. 6d. 
— An E^tion in ISmo. with Tignette, 6t. j 
or 12s. 6d, morocco by Hayday. 



Moore'i Songs, Ballads, and Sacred 

Bongs. New Edition, printed in Diamond 
I^pe; with the Notes From the collectire 
Hbtion of Moore'i Poetical Workt, and a 
Tignette from a Desian by T. Creswick, B.A, 
8Smo. 2s. 6d,— An Edition in 16aio, with 
Tignette by B. Doyle, price 69. ; or 12b. 6d. 
morocco by Hayday. 

Thomas Moore's Poetical Works : Cam- 

prising the Author's recent Introductions 
and Notes. Complete in One Tdome, 
printed in Kuby Type ; with a Portrait. 
Crown 8vo. 12s. 6d. cloth ; morocco by 
Hayday, 2l9. — Also an Edition complete in 
1 ToL medium 8to. with Portrait and Vig- 
nette, 21b. cloth ; morocco by Hayday, 42b. 
— Another,inlOvols.fop.8yo. withPovtrait 
and 19 Plates, price 36b. 

Hoore.— Memoirs, Joomal, and Corre- 
spondenoe of Thomas Moore. Edited ^ 
the Buht Hon. LoKD Jobh Bussbli, MJ. 
With Portrait* and Tignette HluBtmtioDi- 
8 Tola, poat Svo. prioe lOs. 6d. each. 

Morell.— Elements of Psychology : Port 

I., containing the Analysis of the Intellect oal 



Hoseley.— The Ifechanical Principles of 

Engineering and Architectors. By H. 
MOBBUT, M Ji., F.B.8., Canon of Briatol, 
&c. Second Edition, enlarged ; with nu- 
merous Correction) and WoooonU. Sto. 24ft. 

Hnre.— A Critical History of the Lan- 
guage and literature of Ancient Greece. 
By WiuJAU MiTBE, M.P. of CaldweU. 
Second Edition. Vols. I. to III. Svo. price 
36s. J Tol. IV. price IBs. 

Moiray's Encyclopedia of Geography; 

comprising a complete Description of the 
Earth 1 Exhibiting its Belation to the 
Heavenly Bodiei, its Phyrical Structure, the 
Nfttural History of each Coontry, and the 
Indnstry, Commerce, PoUtical Inatitutions, 
and Cir'il and Social Stale of All NatiouB. 
Second Edition ; with 82 Maps, and upwards 
of 1,000 other Woodcuts. Svo. prioe 60s. 

Neale.— The Closing Scene; or, Chris- 
tianity and Infidelity contrasted in tho Last 
.Hours of Bemarkable Peraona. By the 



Hewman. — The Office and Work of 
Universities. By John Hbhbt Nbwkait, 
D.D., of the Oratory. Pep. 8vo. prioe 6i. 
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Hewman. — Discoorseg addressed to 

Mixed Oongregationt. By JoHV Heitbt 
KxwxAir, D.D. Second Edition. 8yo.l26. 

Nomos : An Attempt to Demonstrate a 

Central Phyeical Law in Nature. Post 8yo. 
price 7b. 6d. 

LordNormanby.— ATearof Bevolntion. 

From a Journal kept in Paris in the Year 
1848. By the Mabquis of Nobhakby, 
K.Q-. 2 Yolfl. 8yo. [/»#/ ready. 

Oldacre.— The Last of the Old Squires. 

A Sketch. By Csdbio Oldacbx, Esq., of 
Sax-Normanbury, sometime of Christ 
Ghurch, Oxon. Crown 8to. price Os. 6d. 

Owen. — Lectures on the Comparative 

Anatomy and Physiology of the Liyertebrate 
Animals, deliyered at the Boral College of 
Surgeons. By Bichabd Owxk, F.R.S., 
Huntcrian Professor to the College. Second 
Edition, with 235 Woodcuts. 8yo. 21s. 

Fmftesor Owen's Leotorea on the Comparatiya 
Anatomy and Physiology of the Vertebrate 
Animals, delivered at the Royal College of 
Surgeons in 1844 and 1846. With numerous 
Woodcuts. Vol. I. 8vo. price lis. 

The Complete Works of Blaise Pascal. 

Translated from the French, with Memoir, 
Introductions to the various Works, Edito- 
rial Notes, and Appendices, by G-eobob 
Pbabce, Esq. 3 vols, post Svo. with Por- 
trait, 25s. 6d. 

TOIi. 1. PA8CAI«*8 PBOTIHCIAI^ liKT- 

ten : with M. Yillemain's Essay on Pascal prefixed, and 
a new Memoir. Post 8vo. Portrait^ 8s. 6d. 

TOIi. 9. PASCAIi'S TH01J«HT8 ON BK- 

lision and Evidences of Cliristianity, Mrith Additions ft-om 
oiiglnal MSS. : from M. Faagdre's Edition. Post 8vo. 
price 8s. 6d. 

TOIi. 8. PASCAIi'S MlSCKIiliAIVBOlJS 

Wrltinffs, Correspondence, Detached Thoughts, &c. : 
firom M. Faut^ro's Edition. Post 8vo. 8s. 6d. 

Dr. Pereira's Elements of Materia 

Medica and Therapeutics. Third Edition^ 
enlarged and improved from the Author's 
Materials, by A. S. Tayxob, M.D., and 
G. O. Bees, M.D. : With numerous Wood- 
cuts. Vol.I.8vo.288.j Vol. II. Part 1. 21s. ; 
Vol. II. Part II. 24s. 

Dr. Pereira's Lectures on Polarised 

Light, together with a Lecture on the 
Microscope. 2d Edition, enlarged from 
Materials left by the Author, by the Rev. B. 
Powell, M.A., &c. Fcp. 8vo. with Wood- 
cuts, 7s. 



Peschers Elements of Physics. Trans- 
lated from the Gkrman, with Notes, by 
E. Wx8T. With Diagrams and Woodcuts. 
3 vols. fcp. 8to. 21s. 

Ida Pfeiffer's Lady's Second Journey 

round the World i From London to the 
Cape of Good Hope, Borneo, Java, Sumatra, 
Celebes, Coram, the Moluccas Ac., California, 
Panama, Peru, Ecuador, and the Unitetl 
States. 2 vols, post 8vo. 21s. 

Phillips's Elementary Introdnction to 

Mineralogy. A New Edition, with extensive 
Alterations and Additions, by H. J. Bbookb, 
F.R.S., F.a.S. J and W. H. Millbb, M.A., 
F.G.S. With numerous Wood Engravings. 
Post 8to. 18i. 

Phillips.-*A Guide to Geology. By John 

Phillips, M.A., F.R.S., F.G.S., Ac. Fourth 
Edition, corrected to the Present Time; 
with 4 Plates. Fcp. 8vo. 6s. 

Phillipt. — Figures and Deieriptioni of the 
Palfleozoio Fossils of Cornwall, Devon, and 
West Somerset ; observed in the courso 
of the Ordnance Geological Survey of that 
District. By John Phillips, F.B.S., F.G.S., 
&c. 8vo. with 60 Plates, price 98. 

Piesse's Art of Perfamery, and Methods 

of Obtaining the Odours of Plants : With 
Instructions for the Manufacture of Perfumes 
for the Handkerchief, Scented Powders, 
• Odorous Vinegars, Dentifrices, Pomatums, 
Cosm^tiques, Perfumed Soap, &c. \ and an 
Appendix on the Colours of Flowers, Arti- 
ficial Fruit Essences, &c. Second Edition^ 
revised and improved ; with 46 Woodcuts. 
Crown 8vo. 8s. 6d. 

Pillans.— Contributions to the Cause of 

Education. By J. Pillans, Esq , Professor 
of Humanity in the University of Edinburgh. 
8vo. 12s. 

Pinney.~The Duration of Human Life, 

and its Three Eras : When Men attained to 
be more than 900 Years of Age ; When they 
attained to only 450; and When they reached 
to only 70. Showing the probable Causes 
and material Agents that have Shortened the 
Lives of the Human Kace ; and the Bar- 
riers that prevent a return to the Longevity 
of the Early Patriarchs. By JoBL Pinnkt, 
Esq. 8vo. 7s. 6d. 

Piscator.— The Choice and Cookery of 

Fish : A Practical Treatise. By PiSOATOB. 
Fcp. 8vo. price 5s. 6d. 
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Captain Portlock's Report on the tieology 

of the Couirty of Londonderry, and of Parts 
of Tyrone and Feranmagli, examined and 
described under the Autbori'^p' of the Master- 
General and Board of Ordnance. 8yo. with 
^ Plfttesy prioe 24a. 

PowelL^EsBays on tlie Spirit of tlie 

Indactive Philosophy, the Unity of "Worlds, 
and the Philosophy of Creation. By the 
Eev.BADBN Powell, M.A.,F.B.S.,F.R.A.S., 
P.0.S., Savilian Professor of Geometry in the 
Uniycrnty of Oxford. Second Edition, re- 
Tiaed. Oiown Sto. with Woodcuts, 12a. 6d. 

Fycroff 8 Course of English Beading, 

adapted to CTery taste and capacity : With 
Literary Anecdotes. New and cheaper 
Edition. Fcp. 8yo. price 5a. 

Baikes.— A Portion of the Journal kept 

by Thomas IUissb, Esq., &oml831 to 1847 : 
Comprising Eeminiscences of Social and 
Political Life in London and Paris during 
that period. Second Edition,. Yols. I. and 
II. post 8yo. with Portrait, price 21s. 

%* Yds. m. and lY., with Portnlts of Count Mon- 
trond and Prince Talleyrand, after Sketches by C!ount 
^ D'Onaj, and oompletii^ the work, are in the prees. 

Beade.— Man in Paradise : A Poem in 

Six Books. With Lyrical Poems. By 
JoHF Edmitio) Beadx, Author of " Italy," 
•* Berelations of Life," Ac. Second Edition, 
Fcp. 8yo. 5s. 

Dr. Beece's Medical Guide : Comprising 

a complete Modem Dispensatory, and a 
Practioil Treatise on the distinguishing Symp- 
toms, Causes, Prevention, Cure, and Pallia- 
tion of the Diseases incident to the Human 
Frame. Seventeenth Edition, corrected and 
enlarged by the Authoi^s Son, Db. H. Bsxce, 
M.E.C.S., &c. 8to. 128. 

Rich's niustrated Companion to the 

Latin Dictionaryand Greek Lexicon : Form- 
ing a Glossary of all the Words representing 
Visible Objects connected with the Arts, 
Maonfactures, and Every-Day Life of the 
Ancients. With about 2,000 Woodcuts 
from the Antique. Post 8to. 21s . 

Horsemanship ; or, the Art of Hiding 

and Managing a Horse, adapted to the Guid- 
ance of Ladies and Gentlemen on the Boad 
and in the Field: With Instructions for 
Breaking-in Colts and Young Horses. By 
Captain BiCHAsnsoir, late of the 4th Light 
Dragoons. With 5 Plates. Square crown 
8to. 148. 



Biddle's Complete Latin-English vbA 

EngHsh-Latin Dictionary, for the tse of 
OoUeges and Schools. New and trooper 
Edition, revised and corrected. 8vo. 21s. 

a«w>*ii4«w /The English-Latin Dictianaryt 7«. 
^*'P®™**y IThe Lattn-EngUsh Dicticmary, Ifie. 

Biddle*8 Diamond Latin-English Dietions^ : 
A Guide to the Meaning, Quality, and 
right Accentuation of Latin daaaical Wbrda. 
Broyal S2mo. price 4b. 

Riddle's Oopions and Critical Lfttfn- 

English Lexicon, founded on the German- 
Latin Dictionaries of Dr. William Frecmd. 
New and cheaper Edition. Post 4to. Sis. 6d. 

Rivers's Rose-Amateur's Gtdde ; coAtain- 

ing ample Descriptions of all the fine leading 
yarietiea of Eroses, regularly classed in their 
respective Families; their Hiitory and 
Moide of Culture. Fifth Edition, corrected 
and improved. Fc|>» Svo. 36. 6d. 

Roberts. — The Social History of ^e 

People of the Southern Counties of England 
in Past Centuries, illustrated in regard to 
their Hahits, Municipal Bye>Laws, CSvil 
Progress, &c., from the Kesearefaes of 
GsoseE BoBBBTS, Author of Life of the 
Duke of Monmouth^ &c. 8vo. with Woodcuts, 
price 18s. 

Dr. £. Robinson's Greek and English 

Lexicon to the Greek Testament. A New 
Edition, revised and in great paart re-wiilften. 
8vo. price IBs. 

Mr. Henry Rogers's Essays selected from 

Contributions to the Edinburgh Review. 
Second and eheaper'EditioiDj with Additions. 
3 vols. fcp. 8vo. 21s. 

Dr. Roget's Thesanms of English Words 

and Phrases classified and arranged so as to 
fadHitate tke Expression of Ideas aad assist 
in Literary Compoeition. Third EdHion, 
revised and improved. Crown 8vo. lOs. 6d, 

Ronalds's Fly-Fisher's Entomology : 

With coloured Beprescntations of the 
Natural and Artificial Insect, and a few Ob- 
servations and Instructions on Trout -and 
Grayhng Fishing. Fifth Edition^ thoroughlv 
revised by an Experienced Fly-Fisher ; with 
20 Plates coloured after improved patterns. 
8vo. 14s. 

Rowton's Debater : A Series of cooiplete 

Debates, Outlines of Debates, and Qnertrons 
for Discussion ; with ample Beferenees 
to the best Sources of Information. New 
Edition. Fcp. 8vo. 6s. * 



FTBunoD XX XOXrOMAH, BBOWN, ▲»> CO. 



U 



LrttanofBaehelLadyBasselL ANew 

"Mitinm, jinhriing serenl nnimbliBbed Let- 
t«iy Ineeiher witk thoM •dited by Miss 
Bbbt. WiUi Pertnita, Yignettea, and 
S^acfumile. 2 yols. poet 8to. price 16b. 

The Ufe of William Lord BusselL By 

the Bigbt Hon. Lobd Johk Bvsseix, M.P. 
Fourth Edition ; with a Portrait after Sir 
AtarXidy. Pott 8ro. 10b. 6d. 

Sb J(dm (Mis.)— Audubon the Natu- 

nbtinilw Nevr World: His Adyentnres 
■nd DiBcoYeriee. By Mbs. Hosaox St. 
JOHV. Fcp. 8to. price 2s. 6d. 

The Saints oar Example. By the Author 

aiLtHen io mjf Unknown Friends^ &o. Pep. 
Caprice 7b. 

Dr. L. Schmitz's History of Greece, from 

the Earliest Times to the Taking of Corinth 
by the Bomans, B.C. 146, mamly based upon 
Bishop Thirlwall*s History. Fourth Edition^ 
irith SnpplementaiT Chapters on the lite- 
Tflture and Arts of Ancient Greece; and 
iDaBtrated with a Map of Athens, and 137 
"Woodcats, designed from the Antique by 
G-. Scharf, jun., F.S A. 12mo. Ts. 6d. 

"Tlie fourth edition of Dr. Schmitz's Hiitorp of 
£ lf mee h«g been imprcwrad liy the additian of ohaptera on 
Gnik art andlitexatore,— awautwiiich we had occasion 
lat^f to notice in our review of a rival manual. Dr. 
Sdindtz's hook must now he considered the most complete 
ygwgHBh history of Greece in a single volame, and well 
calculated to form either an introduction or a companion 
to tlie Breat works of Bishop Thirlwall and Mr. Grote. Its 
vahie is enhanced'hy numerous woodcuts hy Hr. Q. Scharf, 
Jun., of much higher quality than we usually meet with in 
books." GuABDiAir, Oei. 22, 1856. 



Scott.— The Danes and the Swedes: 

Being an Account of a Visit to Denmark, 
including Schleswig-Holstein and the Danish 
Islands ; with a Peep into Jutland, and a 
Journey across the Peninsula of Sweden. 
Embracing a Sketch of the most interesting 
points in the History of those Countries. 
by Chables Henbt Scott. Post 8yo. 
price 10s. 6d. 

Scrivener's History of the Iron Trade, 

from the EarHest Kecords to the ^Present 
Period. New Edition, corrected. 8vo. 
price lOs. 6d. 

Sir Edward Seaward's Narrative of his 

Shipwreck, and consequent Discovery of 
certain Islands in the Caribbean Sea. 
Third Edition. 2 vols, post 8vo. 21s.— An 
Abbidghsnt, in 16mo. price 28. 6d. 

The Sermon in the Mount. Printed hy 

0. Whittingham, imiformly with the TAvmb 
Bible ; bound and clai^>ed. 64mo. Is. 6d. 



SeweH— Amy Herhert. By a La4y 

Edited by the Ber. William Szwslzs B J). 
Fellow and Tutor of Exeter C<dkge, Oxford, 
New Edition, fcp. 8vo« price 6s. 

Sewell.— The Earl's Danghter. Byth( 

Author of Jmy Herbert. Edited by the Eer 
W. Sewell, B.D. 2 vols. fcp. 8vo. 9b. 

SewelL — Gertrude : A Tale. By the 

Author of Jmy Herbert. Edited by the Bev 
W. Sewell, B.D. New Edition. Fcp 
8vo. price 6s. 

SewelL— Laneton Parsonage : A Tale fbi 

Children, on the Practical Use of a portiox 
of the Church Catechism. By the Authoj 
of Jmy Herbert. Edited by the Bev. W 
Sewill, B.D. New Edition. 3 vols, fop 
8yo. price 16a. 

Sewell. — Margaret Percival. By the 

Author of Jmy Herbert. Edited by the Bev 
W. Sewell, B J>. New Edition. 2 vols 
fcp. 8vo. price 12b. 

JBy tie same Jnthor^ 

Ivors. 2 vols. fop. Svo. price 12s. 

Cleve HaH. 2 vols. ibp. Svo. price ISs. 

The Experience of Idls. New Edition. 7cp< 
Svo. price 78. 6d. 

Katharine Ashton. New Edition. 2 vols, 
fcp. Svo. price 12s. 

Beadings for Every Day in Lent : Compiled 
from the Writings of Bishop Jebemx 
Tatlob. Fcp. 8vo. price 5s. 

Beadings for aHonth preparatory to Conflrma- 
tion : Compiled from the Works of Writers 
of the Early and of the EngHsh Church. 
New and cheaper Edition. Fcp. Svo. 4s. 



Bowdler's Family Shakspeare : In which 

nothing is added to the Original Text ; but 
those words and expressions are omitted 
which cannot with propriety be read aloud. 
New Edition, in Pocket Volumes ; with £6 
Woodcuts, firom Designs by Smirke^Howard, 
and other Artists. 6 vols. fcp. Svo. 80s. 

%* A LiBSABT EDiTtOK, wltli the-Bsme lUustratioiu, in 
1 vol. medium Svo. price 2l8. 

Sharp's New British Gazetteer, or Topo- 
graphical Dictionary of the British Islands 
and Narrow Seas : Comprising concise De- 
scriptions of about Sixty Thousand Places, 
Seats, Natural Features, and Objects of Note, 
founded on the best authorities. 2 vols. 
Svo. price £2. lOs. 
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Short Whist; its Bise, Progress, and 

Laws : With Obsenrations to make an j one a 
Whist-Player. Containing also the Iaws of 
Piquet, Cassino, Ecart^ Cribbage, Back- 
gammon. By Major A. New Edition; to 
which are added, Precepts for Tyros, by 
Mrs. B. Fcp. 8yo. Ss. 

Sinclair. — The Journey of Life. By 

CATHXBn^ SiKCLAiB, Author of The Buii- 
nest of Life. New Edition, corrected and 
enlarged. Fcp. 8vo. 5s. 

Sir Roger De Goverley. From The Spec- 
tator. With Notes and Illustrations, by 
W. Henbt Wills ; and 12 Wood Engray- 
ings from Designs by E. Taylbb. Second 
and cheaper Edition. Crown 8to. IDs. 6d. ; 
or 21s. in morocco by Hayday. — An Edition 
without Woodcuts, in 16mo. price Is. 



Smee*s Elements of Electro-Metallurgy. 

Third Edition, revised, corrected, and con- 
siderably enlarged ; with Electrotypes and 
numerous Woodcuts. Post 8to. IDs. 6d. 

Smith (G.)~ Harmony of the Divine 

Dispensations : A Series of Discourses on 
Select Portions of Holy Scripture, designed 
to show the Spirituality, Efficacy, and Har- 
mony of the Diyine Eeyelations made to 
Mankind from the Beginning. By GeobGB 
Smith, F.A.S., &c. Crown 8vo. 7s. 6d. 

Smith (O.)— Sacred Annals; or, Besearches 
into the History and Beligion of Mankind. 
By Geobge Smith, E.A.S., &c. 3 yols. 
crown 8to. price £1. 148. 

Vot.I. — THE PATRIABCHAL AGE. from the Cre- 
ation to the Death of Isaac. Crown 8vo. price 10s. 

Vol. II.— the HEBREW PEOPLE, from the Origin 
of the Israelite Nation to the Time of Christ. Crown 
8vo. in 2 Parts, price 128. 

Vol. III. - THE GENTILE NATIONS - Egyptians, 
Assyrians, Babylonians, Medes, Persians, Greeks, 
and Romans. Crown 8vo. in 2 Parts, price 128. 

Smith (J.) — The Voyage and Shipwreck 

of St. Paul : With Dissertations on the Life 
and Writings of St. Luke, and the Ships and 
Navigation of the Ancients. By James 
Smith, of Joiaianhill, Esq., F.R.S. Second 
Edifion, with additional Proofs and Illus' 
trations ; Charts, Views, and Woodcuts. 
Crown 8vo. 8s. 6d. 



A Memoir of the Rev. Sydney Smith. 

By his Daughter, Lady Holland. With 
a Selection from his Letters, edited hy 
Mes. Austin. New Edition. 2 rols. 8vo. 28s. 



The Bev. Sydney Smith's Miscellaneous 

Works : Including his Contributions to The 
Edinburgh Beyiew. Three Editions : — 

1. A LxBiUBT EDinoir (the Fourth), in 3 vols. 8vo. 
with Portrait, SBs. 

2. Cdmplete in Oms Yolumb, with Portrait and Vlg* 
nette. Square crown 8vo. price 2l8. doth ; or 80s. 
hound in calf. 

S. Another Nxw Editioit, in 8 vols. fcp. 8vo. price 2l8. 

The Rev. Sydney Smith's Elementary 

Sketches of Moral Philosophy, deliyered at 
the Boyal Institution in the Years 1804, 
1805, and 1806. Thad and cheaper ^diHon. 
Fcp. 8yo. 7s. 

Robert Southey's Complete Poetical 

Works ; containing all the Author's last In- 
troductions and Notes. Complete in One 
Volume, withFortrait andVignette. Medium 
8to. price 21s. cloth ; 42s. bound in morocco. 
Or in 10 rols. fcp. Syo. with Portrait and 
19 Plates, price 858. 

Select Works of the British Poets ; from 

Chaucer to Lorelace inclusiye. With 
Biographical Sketches by the late BoBSST 
Souths;. Medium 8yo. price 30s. 

Southey's Correspondence.— Selections 

from the Letters of Robert Southey, &c. 
Edited by his Son-in-Law, the Ber. JoHir 
Wood Wabteb, B.D., Vicar of West 
Tarring, Sussex. 4 yols. post 8yo. price 42s. 

The life and Correspondenee of the late Bobert 
Southey. Edited by his Son, the BeT. 
C. C. Southey, M.A., Yicar of Ardleigh. 
With Portraits and Landscape Illustra- 
tions. 6 yols. post 8yo. price GSs. 

Southey's The Doctor Ac. complete in 

One Volume. Edited by the Bey. J. W. 
Wabteb, B.D. With Portrait, Vignette, 
Bust, and coloured Plate. New Edition. 
Square crown 8yo. price 21s. 

Soufhey** Commonplace-Books, complete in 
Four Volumes. Edited by the Bey. J. W. 
Wabteb, B.D. 4 yols. square crown 8yo. 
price £8. 18s. 

Each Commonplaee-Book, complete in itself may be 
had separately, as follows :— 

FiBST Sebies— CHOICE PASSAGES, &c. 18b. 

Secoitd Sbbixs— special COLLECTIONS. 18b. 

Thibd Sebieb- analytical READINGS. 218. 

FoiTBTH Sbbxes- ORIGINAL MEMORANDA, &c 21s. 

Southey's Life of Wesley ; and Bise and 

Progress of Methodism. New Edition, with 
l^otes and Additions. Edited by the Bey. 
C. C. Southbt, M.A. 2 yols. 8yo. with 
2 Portraits, price 288. 
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Spencer.— The Principles of Psychology. 

By HxBBXBT Spxvcbb, Author of 6:r;<f/ 
StaOet, 8?o. 16s. 

Stainton.— Jane: A Book for the Goontiy 

in Summer Time. By H. T. Staimtok, 
Author of TAe Eniomologitft Manual, and va* 
riouB other popular Works on Natural llis- 
toory. Fcp. 8?o. Ss. 

Stephen.— Lectures on the History of 

stance. By the Bight Hon. Sir James 
8TEFmQr,K.C.B.,LL.D.,Profe80or of Modem 
History in the Unirersitj of Cambridge. 
Seoond Bdition. 2 vols. Syo. price 248. 

Stephen.— Essays in Ecclesiastical Bio- 
graphy ; from The Edinburgh B^yicw. By 
theBight Hon. Sib James Stephen, K.C.B., 
LL.D., Professor of Modem History in 
the Uoiyersity of Cambridge. Third Edi- 
tion. 2 yols. Syo. 24s. 

Stonehenge.— The Greyhound: Being a 

Treatise on the Art of Breeding, Bearing, 
and Training Qrey hounds for Public Bun- 
ning ; their Diseases and Treatment : Con- 
taimng also Bules for the Management of 
Coursing Meetings, and for the Decision of 
Courses. By Stonehskge. With Frontis- 
piece and many Woodcuts. Square crown 
Syo. 2l8. 

8to«7. — The Training System, Moral 

Training School, and Normal Seminary for 
preparing Schoolmasters and Goremesses. 
By DAyiD Stow, Esq., Honorary Secretary 
to the Glasgow Normal Free Seminary. 
Tenth Edition ; with Plates and Woodcuts. 
Post Syo. price 6s. 

Strachey.— Hebrew Politics in the Tunes 

ofSargon and Sennacherib: An Inquiry into 
the Historical Meaning and Purpose of the 
Prophecies of Isaiah, with some- Notice of 
their Bearings on the Social and Political 
Life of England. By Edwabd Stbachey, 
Esq. Cheaper Issue, 8?o. price Ss. 6d. 

By the $ame Author , 

Miracles and Soience. Post 8yo. price la. 

Tayler.— Christian Aspects of Faith and 

Duty ! Twenty Dbcourses. By John 
James Tayleb, B.A. Second Kdition. 
Post Syo. price 78. 6d. 

Taylor.— Loyola : And Jesuitism in its 

Budiments. By Isaac Tatlob. Post Syo. 
price lOs. 6d. 

Taylor.— Wesley and Methodism. By 

Isaac Tatlob. Post Syo. Portrait^ lOs. 6d. 



Tegohorski.— Commentaries on the \ 

duct ire Forces of Kussia. By L. 
Tboobobski, Priyy-Councillor and Mei 
of the Imperial Council of Russia. To 
and II. 8?o. price 14s. each. 

Thacker's Courser's Annual Ren 

branccr and Stud-Book : Being an A] 
betical Return of the Running at all 
PubUc Coursing Clubs in England, Ire] 
and Scotland, for the Season 1855-5G ; 
the Pedigrees (as far as receired) of 
Dogs. By Robebt Abuam Welsh, I 
pool. Svo. 2l8. 

*•* l^il^lied aimually in October, 

ThirlwalL-The History of Greece. 

tlie Right Rey. the Lobd Bishop of 
Datid's (the Ber. Connop Thirlwall). 
improyed Library Edition ; with Mapi 
yols. Syo. price £3. 

•ii* Also, an Edition in 8 yols. fcp. 
with Vignette Titles, price 288. 

Thomson's Seasons. Edited by Bo 

CoBKEY, Esq. Illustrated with 77 
Wood Engravings from Designs by \ 
hers of the Etching Club. Square crown 
2l8. cloth ; or 36s. bound in morocco. 

Thomson (the Rev. W.)— The Atoi 

Work of Christ reviewed in relation to \ 
current Theories ; in Eight Bampton 
tures, with numerous Notes. By the 
W. Thomson, M.A., Provost of Qu 
College, Oxford. Svo. Ss. 

Thomson.— An Outline of the Laws of Thov 
Being a Treatise on Pure and Applied L 
By the Rey. W^ Thomson, MA.. 3 
Edition, enlarged. Fcp. 8yo. price 7s. ( 

Thomson's Tables of Interest, at Tl 

Four, Four-and-a-Half, and Five per C 
from One Pound to Ten Thousand, and : 

1 to 865 Days, in a regular progressio 
single Days ; with Interest at all the a 
Rates, from One to Twelve Months, 
from One to Ten Years. Also, numc 
other Tables of Exchanges, Time, and 
counts. New Edition. 12mo. price 8f 

Thomboiy.— Shakspeare's England 

Sketches of Social History during the II 
of Elizabeth. By Qc. W. Thobhb 
Author of History of the Buccaneers^ 

2 yols. crown Svo. 2 Is. 

The Thumb Bible ; or, Verbom Sei 

temum. By J. Taylob. Being an 
tome of the Old and New Testameni 
English Terse. Reprinted from the Ed 
of 1693; bound and clasped. 64!mo. li 



NEW WOBKS AVD 5SW EDITIONS 



BiBhop Tomline's Introduction to the 

Study of tlie Bible : Ck)ntainuig Proofs of 
the Aulhcuticity and Inspiration of the 
Scriptures; a Summary of the History of 
the Jews ; an Account of the Jewish Sects ; 
and a brief Statement of Contents of seve- 
ral Books of the Old Tettameni. New Edi- 
tion. Fcp. 870. 5s. Cd. 

Tooke.— History of Prices, and of the 

State of the Circulation, from 1847 to the 
close of 1855. By Thomas Tooke, F.B.S. 
With Contributions by William New- 
XABCH. Beine; the Fifth and concluding 
Volume of Tooke's History of Prices, witli an 
Index to the whole work. 8to. 

Townsend.— Modem State Trials revised 

and illustrated with Essays and Notes. By 
W. C. Towv6Ein>, Esq., M.A., Q.C. 2 yols. 
Sto. price 80s* 

TroUope.— The Warden. By Anthony 

Tbollofe. Post 8to. 10s. 6d. 

Sharon Tamer's Sacred History of the 

World, attempted to be Philosophically 
considered, in a Series of Letters to a Son. 
New Edition, edited by the Bey. S. Tubksb. 
8 Tols. post 8to. price Sis. 6d. 

Sharon Tumer's History of England 

during the Middle Ages: Comprinng the 
Beigns from the Norman Conquest to the 
Accession of Henry YIII. Fifth Edition, 
zerised by the Bey. S. TuBirss. 4 Tols. 
8to. price 508. 

Sharon Tamer's History of the Anglo- 
Saxons, from the Earliest Period to the 
Norman Conquest. Serenth Edition, rerised 
hj the BeV. S. Ttbiteb. 8 toIb. 8yo. 86s. 

Dr. Torton's Manual of the Land and 

Freeh-Water Shells of the British Islands. 
A New Edition, with considerable Additions 
by JoHK Edwabd Gbay : With Woodcuts, 
and 12 coloured Plates. Post 8yo. price 15s. 

Tnson.— The British Consul's Manual : 

Being a Practical Guide for Consuls, a? well 
as for the Merchant, Shipowner, and Master 
Mariner, in all their Consular Transadions ; 
and containing the Commercial Treaties 
between Great Britain and Foreign Coun- 
tries, brought down to the present date. By 
E. W. A. TusoN, of the Inner Temple ; 
Chancellor of the Imperial Austrian Con- 
sulate- General in London. Sto. price 15s. 

Twining.— Types and Figures of the 

Bible, illustrated by the Art of the Early 
and Middle Ages. By Miss Louisa 
TwiKnra. With 54 Plates, comprising 207 
'Figure; Post 4to. 21s. 



Dr. nre's Dictionary of Arts, Manufiac- 

tures, and Mines : Containing a clear Expo- 
sition of their Principles and Practice. 
Fourth Edition, much enlarged ; most of 
the Articles being entirely re-written, and 
many new Articles added. With nearly 
1,600 Woodcuts. 2 vols. 8vo. price QOa, 

Van Der Hoeven's Handbook of Zoology. 

Translated from the Second Dutch Edition 
by the Rev. William Clabz, M.D., E.B.S., 
&c., late Fellow of Trinity College, and Pro- 
fessor of Anatomy in the Uniyersity of 
Cambridge ; witli additional References fur- 
nished by the Author. In Two Volumes. 
Vol. I. Invertebrate Animals; with 15 Plates, 
comprising Tcry numerous Figures. Sro. 
price 30s. 

Vehse.— Memoirs of the Court, Aristo- 
cracy, and Diplomacy of Austria. By Db. E. 
Vehse. Translatea from the C^erman by 
Fbanz Demmleb. 2 Tols. post 8yo. 21s. 

Wade. — England's Greatness : Its Rise 

and Progress inGoremment, Laws, Beligion, 
and Social Life; Agriculture, Commerce, 
and Manufactures ; Science, Literature, and 
the Arts, from the EarUest Period to the 
Peace of Paris. By JoHV Wade, V.P. 
Institut d'Afrique (Historical Section), 
Paris ; Author of History and PoUtieal Phi- 
losophy of the Productive Classes^ of the 
Cabinet Lawyer^ &c. Fcp. 8to. 

Waterton.'EssayB on Natural History, 

chiefly Ornithology. By C. Watertok, Esq. 
With an Autobiography of the Author, and 
Views of Walton Hall. New and ch0q)er 
Edition. 2 toIs. fcp. 8to. price IO0. 

Webster and Parkes's EncyclopsBdia of 

Domestic Economy ; comprising such rab- 
jeots as are most immediately connected with 
Housekeeping: As, The Conatruotion of 
Domestic Edifices, with the'Modea of Warm- 
ing, Ventilating, and Lighting them — A de- 
scription of the rarious articles of Fumitare, 
with the nature of their Materials — Duties of 
Servants — &c. New Edition ; with neariy 
1,000 Woodcuts. 8to. price 50b. 

Weld.— A Vacation Tour in the United 

States and Canada. By C. B. Weld, Bazris- 
ter-at-Law. Post 8?o. with 3ilapy 10s. 6d. 

West — Lectures on the Diseases of 

Infancy and Childhood. ByCHABXEsWMT, 
M.D., 'Physician to the Hospital for Siii 
Children; Physician- Accoucheur to, and 
Lecturer on MidwifieiT at, St. Bartholonieir'i 
Hospital Third Edition. 8to. 14s. 
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COMPLETIO 



or 



THE TRAVBLLER»S LIBRARY. 



Summary of the Chntents of the TRAVELLER'S LIBRARY, now complete in 102 
Parts, price One Shilling each, or in 60 Yolumes, price 2«. 6«?. each in cloth,-^ 
To .be had also, in complete Sets only, at Five Guineas per Set, bound in cloth, 
lettered, in 25 Yolumes, classified asjollows .—- 

VOYAGES AND TRAVELS. 



} byF. MAYNE. 



IN EUROPE. 

A OONTINERTJLL TOUR by J. BARROW. 

ABCnO VOYAGES AND 

DISCOVERIES 

BBITTAKT AND THE BIBLE BT L HOPE. 

BBITTANT AND THE CHASE bt I. HOPE. 

OQiRSICA BY F. GREGOROVIUS. 

CEEBKANT, mc. : NOTES 0F\ «^ a t xrKrn. 

ATRAVELLER > . . . . by S. LAING. 

tCtLASfD srP.lflLES. 

KORWAT, A RESIDENCE IN by S. LAING. 

KORWAY, RAMBLES IN by T. FORESTER. 

RUSSIA BY ras MARQUIS DE CUSTINE. 

RUSSIA AND TURKEY .. by J. R. M'CULLOCH. 

ST. PETERSBURG by M. JERRMANN. 

THE RUSSIANS OF THE SOUTH, by S. BROOKS. 

AWISS MEN AND SWISS i « ««««»»««.■«• 

MOUNTAINS^...... T!^ } ^ ^' ^R<3JUS0N. 

MONT BLANC. ASCENT OF BY J. AULDJO. 

SKETCHES OF NATURE -»_, voNTSCHUDI 
IN THE ALPS >byF. VONTSCHUDI. 



VISIT TO THE VAUDOIS ■» 
OF PIEDMONT / 



.BY E. BADntS. 



IN ASIA. 

CHINA AND THIBET by trx ABBE' HUC. 

SYRIA AND PALESTINE "EOTHEN." 

THE PHILIPPINE ISLANDS, by P. GIRONlfiRE. 

IN AFRICA 
AFRICAN WANDERINGS ........ by M. WERNE. 

MOROCCO BY X. DURRIEU. 

NIGER EXPLORATION. .BY T. J. HUTCHINSON. 
THE ZULUS OF NATAL by G.H. MASON. 

IN AMERICA. 

BRAZIL BY E. WILBERFORCE. 

CANADA BY A.M. JAMESON. 

CUBA BY W. H. HURLBUT. 

NORTH AMERICAN WILDS .... byCLANMAN. 

IN AUSTRALIA. 
AUSTRALIAN COLONIES by W. HUGHES. 

ROUND THE WORLD. 
A LADY'S VOYAGE by IDA PFEIFFER. 



HISTORY AND BIOGRAPHY. 



MEMOIR OF THE DUKE OF WELLINGTON. 

T HE LIF E OF MARSHAL i by thb REV. T. 0. 
TURENNE / COCKAYNE. 

SCHAMYL .... BY BODENSTEDT awd WAGNER. 

FERDINAND I. AND MAXIMI- 
LIAN II 

FRANCIS ARAGO'S AUTOBIOGRAPHY. 

THOMAS HQLCROFT'S MEMOIRS. 



} BY RANKE. 



CHESTERFIELD ft 8BLWYN, by A. HAYWARD. 
SWIFT AND RICHARDSON, by LORD JEFFREY. 
DEFOE AND CHURCHILL .... by J. FORSTEB. 
ANECDOTES OF DR. JOHNSON, by MRS.PIOZEL 
TURKEY AND CHRISTENDOM. 
LEIPSIC CAMPAIGN, by thb REV. G. R. GLEIO. 
AN ESSAY ON THE LIFE AND -i by HENRY 
GENIUS OF THOMAS FULLER/ ROGERS. 



ESSAYS BY MR. MACAULAY. 
LORD BYRON. 



WARREN HASTINGS. 

LORD CLIVE. 

WILLDLM PITT. 

THE EARL OF CHATHAM. 

RANKE'S HISTORY OF THE POPES. 

GLADSTONE ON CHURCH AND STATE. 

ADDISON'S LIFE AND WRITINGS. 

HORACE WALPOLE. 

LORD BACON. 

WORKS OF FICTION. 



COMIC DRAMATISTS OF THE RESTORATION. 
FREDERIC THE GREAT. 
HALLAM'S CONSTITUTIONAL HISTORY. 
CHOKER'S EDITION OF BOSWELL'S LIFE OF 
JOHNSON. 

MR. MACAULAY'S SPEECHES ON PARLU- 
MENTARY REFORM. 



THE LOVE STORY FBOH SOUTHErS DOCTOR, 

SIR ROGER DE COVERLEY. ...} ^;^;™^ 

MEMOIRS OF A MAITHE-D'ARMES. by DUMAS. 
<X>^'^J>^^01i,8 OP A } ,, ^ sOtTVESTBE. 



WORKING MAN .. 



SIR EDWARD SEAWARD'S NARRATIVE OF 
HIS SHIPWRECK. 



KATURAL HIBTQRY OP i «_ , ...^,.^ 

crbation:^:. * ..^ } "^ ^«- ^' ^^• 

INDICATIONB OF INSTINCT, by DR. L. KEMP. 



NATURAL HISTORY, &c. 



ELECTRIC TELEGRAPH. &c. by DR. G. WILBON. 
OUR COAL-TIELDS AND OUR COAL-PTTS. 
CORNWALL, ITS MINES, MINERS, fte. 



LKCTtTBES AND ADDRESSES } r.km.ia x.v. 
SELECTIONS FROM SYDNEY SMITH'S 

WRimraB. 

PRINTING BT A. STARK. 



MISCELLANEOUS MTORKS. 

BY THB EARLOV 



RAILWAY MORALS AND^ „„ sfmtfBt. 
HAILWAT POLICY ) • . BT H. fiPKNGBR. 

MORMONISM . . BT xas REV. W. J. CONTBEARE. 

LONDON BT J. R. M'CULLOCH. 
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Wheeler (H. M.)— A Fopnlar Hannony 

of the Bible, Historicallj and Chronologically 
airanged. Bj Henut M. Whxblxb, Author 
of Hebrew for AdulU^ &o. Fcp. 8yo. Ss. 

Wheeler (J.T)— The Life and Travels of 

Herodotus in the Fifth Century before 
Christ : An imaginary Biography, founded 
on fact, illustrative of the History, Manners, 
Be]igion, Literature, Arts, and Social Con- 
dition of the Greeks, Egyptians, Persians, 
Babylonians, Hebrews, Scythians, and other 
Ancient Nations, in the Days of Pericles 
and Nehemiah. By J. Talboys Wheeleb, 
F.B.G.S. 2 Tols. post 8to. with Map, 21s. 

Wheeler.— The GFeography of Herodotus De- 
yeloped, Explained, and Illustrated from 
Modem Besearches and Discoveries. By 
J. Talboys Wheeleb, F.B.G.S. With 
Maps and Plans. 8vo. price ISs. 

Whitelocke's Journal of the English 

Embassy to the Court of Sweden in the 
Years 1653 and 1654. A New Edition, 
revised by Henby Beetb, Esq., F.S.A. 
2 vols. 8vo. 24s. 



Willich's Popular Tables for ascertaining 

the Value of Lifehold, Leasehold, and Church 
Property, Benewal Fines, &c. Third Edition^ 
with additional Tables of Natural or Hyper- 
bolic Logarithms, Trigonometry, Astronomy, 
Geography, &c. Post 8vo. price 98. — 
Supplement, price Is. ' 

Wilmot's Abridgment of Blackstone's 

Commentaries on the Laws of England, in- 
tended for the use of Young Persons, and 
comprised in a series of Letters from a Father 
to his Daughter. A New Edition, corrected 
and brought down to the Present Day, by 
Sib John E. Eabdlby Wilmot, Bart. 
12mo. price 6s. 6d. 

Wilson (E.) — The Dissector's Manual 

of Practical and Surgical Anatomy. By 
Bbasmits Wilson, F.R.S. Second Edition, 
corrected and improved ; with 25 additional 
Woodcuts by Bagg. 12mo. 12s. 6d. 

TOlson (W.)— Bryologia Britannica : Con- 
taining the Mosses of Gfreat Britain and 
Lreland systematically arranged and described 
according to the Method of Brtuih and 
Schimper; with 61 illustrative Plates. Being 
a New Edition, enlarged and altered, of the 
Mmcologia Britannica of Messrs. Hooker and 
Taylor. By William Wilson, President 
of the Warrington Natural History Society. 
8vo. 452s.; or, with the Plates coloured, 
price £4. 4s. cloth. 



Woods.— The Fast Campaign : A Sketch 

of the War in the East, from the Departure 
of Lord Baglan to the Fall of Sebastopol. 
By N. A. Woods, late Special Correspon- 
dent to the Morning Herald at the Seat of 
War. 2 vols, post 8vo. price 21s. 

Yonge— A New English-Greek Lexicon": 

Containing all the Greek Words used by 
Writers of good authority. By C. D. 
YoKOB, B.A. Second Edition^ revised and 
corrected. Post 4to. price 2l8. 

Yonge's New Latin Gradus : Containing 

Every Word used by the Poets of good 
authority. For the use of Eton, West- 
minster, Winchester, Harrow, Charterhouse, 
and Bugby Schools; Eing*s College, Lon- 
don ; and Marlborough College. Fourth 
Edition. Post 8vo. 9s. — Appendix of Epi- 
thets classified according to their English 
Meaning, price 3s. Cd. 

Youatt.— The Horse. By William Youatt. 

With a Treatise of Draught. New Edition, 
with numerous Wood Engravings, from 
Designs by William Harvey. (Messrs. 
LoNair AN and Co.'s Edition should be or- 
dered.) 8vo. price IDs. 

Youatt.— The Dog. By William Youatt. 

A New Edition ; with numerous Engravings, 
from Designs by W. Harvey. 8vo. 6s. 

Young.— The Christ of History: An 

Argument grounded in the Facts of His 
Life on Earth. By the Eev. John Yottno, 
LL.D. Edin. Post 8vo. 7s. 6d. 

Young.— The Mystery; or, Evil and God. By 
the Eev. John Yoitng, LL,D. Edin. Post 
Svo. 78. 6d. 

Young (E.) — PrsB-Raflfaellitism ; or, a 

Popular Inquiry into some newly- asserted 
Principles connected with the Philosophy, 
Poetry, Beligion, and BcTolution of Art. 
By the Eev. Edwabd Young, M.A. of 
Trinity College, Cambridge j Author oiJrt, 
Us Constitution and Capacities, Post Svo. 

[Just ready, 

Zumpt's Grammar of the Latin Lan- 
guage. Translated and adapted for the 
use of English Students by Db. L. Sohmits, 
F.E.S.E. : With numerous Additions and 
Corrections by the Author and Translator. 
4th Edition, thoroughly revised. Svo. 14«i. 

[November 1866. 
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